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Abstract

As early as the 1980s, photovoltaic (PV) modules have been deployed in high latitude
regions to power buildings and equipment. However, it is only in recent years that significant
PV deployments have begun to occur in these regions thanks to the continued drop in PV
module costs. Historically, PV technologies have been deployed in low-to-mid latitude locations
where solar resource is high and the economics of PV were more suitable. In these regions
snowfall is rare or non-existent. This thesis supports efforts to bridge the knowledge gap
between PV systems designed, operated, characterized, and modelled in low-to-mid latitudes
and PV systems in high latitude, northern locations. Bifacial PV technologies are, in particular,
explored due to their added benefits in regions with regular snowfall and cloud cover. The
research presented in this thesis spans from the cell-level to the system-level and includes both
experimental and modelling work.

One of the main challenges for PV systems in high latitudes is predicting their performance
under high latitude operating conditions. This is particularly challenging for bifacial PV tech-
nologies where the added complexity of rear-side light is heavily influenced by the surrounding
environment and illumination conditions. In this thesis, emerging high efficiency and high bifa-
ciality silicon heterojunction solar cells are simulated and measured under high latitude operating
conditions. A methodology for testing bifacial devices indoors that incorporates the effects of
additional illumination from rear-side ground cover is developed.

Several bifacial PV system-level models are discussed and explored in this thesis for simu-
lating mid-and-high latitude PV systems, including emerging vertical PV designs. Vertical PV
systems have been deployed in recent years in smaller-scale sites (<1 MW) due to their suit-
ability in high latitudes and in agri-photovoltaic applications. The effects of varied row spacing
and module tilt are explored as a function of latitude, and empirical equations are developed for
calculating system row spacing given deployment latitude and configuration (fixed-tilt, tracked,
or vertical systems). The sensitivity of bifacial PV energy yield models to input albedo is ex-
plored via the calculation of spectral albedo mismatch as a function of latitude for 10 different
ground cover scenarios, demonstrating a tendency towards increased modelling uncertainty in
high latitudes.

This thesis also presents the highest latitude location model validation effort to-date at
65°N and validates five PV models for emerging vertical bifacial PV systems. Vertical PV
systems are found to have higher modelling uncertainty than equator-facing fixed-tilt systems,
however hourly and seasonal trends are generally well predicted by the models. Finally, the
degradation of PV systems in cold, snowy climates is reviewed and new analysis is presented
for four PV systems >60°N. PV systems deployed in cold climates tend to degrade slower than
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warmer climates, which is an indication that PV systems in high latitudes may out-live their
lower-latitude counterparts.

Overall, the six papers presented in this thesis support continued development of mid-to-high
latitude PV and demonstrate that PV technologies can be used to provide reliable, seasonal
electricity. PV systems must be designed with high latitude environmental conditions in mind,
higher tolerances to uncertainty, and to meet northern energy priorities.

vii



Acknowledgements

First of all, I would like to thank my supervisor, Prof. Karin Hinzer, for her support,
honesty, insight, and many good laughs. I am very grateful to have done this degree under your
supervision and feel incredibly lucky to have been a part of your lab. Thank you to Dr. Chris
Valdivia for teaching me the value of tracked changes, backing up your data, and every other
useful scientific skill in the grad-student handbook during my early years at SUNLAB. Thank
you, Christine, for holding it all together. To all the students of SUNLAB throughout my years
that have shared this special part of life with me - thank you for your curiosity, playfulness, and
drive to see a better world. In particular, thank you to Annie, Mandy, and RJ for journeying
through the new lands of bifacial PV with me, sharing in the tides of experimental highs and
simulation lows.

Thank you to the many collaborators and researchers from other institutions who have
shared wisdom, labs, and data with me. Thank you to Prof. Michael Ross and Simon Geoffroy-
Gagnon for your generosity of knowledge and perspective on renewable energy in Canada’s
North. Thanks to Prof. Mariana Bertoni for hosting me in the DEf ECT Lab many moons ago
and sharing samples across the border. Thank you to Michael Martinez-Szewczyk for learning
the silicon heterojunction fabrication line with me, and continuing to support my research with
solar cell data for many years later.

Thank you to the many folks at NREL for hosting me for 6-months this past year. Dr.
Silvana Ovaitt, thank you for your generosity of spirit, fierce vision, and special power of
uplifting and believing in the women around you so hard that they learn to shine in the sun. Dr.
Chris Deline, thank you for welcoming me into the Reliability Group at NREL and providing
last-minute tech wizardry to save all my data. Dr. Dirk Jordan, thank you for mentoring my
foray in the field of degradation rate analysis and giving me the space and support for leading
a rather cool project. Byron McDanold and Joshua Parker, thank you immensely for all of
your field expertise. To all the other countless people who supported my exchange with their
time troubleshooting high performance computers, ingesting data, helping me with paperwork,
providing feedback on my test-bed designs, and hauling 80/20 and cement bricks through the
mud - thank you!

Thank you to Chris Pike and Henry Toal of the Alaska Center for Energy and Power for
generously sharing your test-site data, experiential knowledge, and passion for renewable energy
in Alaska. It’s been incredibly exciting to learn from you both.

Thank you to Dr. Ross Cheriton for supervising my part-time work in astrophotonics at the
National Research Council of Canada and for sharing your passion for astronomy, tiny chips,
and the magic combination of the two.

viii



Outside of the PV world, big thank yous to: My family, for always making me feel home
wherever you are. Mom, for your unending warmth, endless support, wild stories, and many
phone calls & visits. The Spicy Busters, for paying their taxes consistently and on time.
Fahja, for teaching me math with pennies on the kitchen floor and special relativity around
the campfire. Gramps, for keeping the curiosity alive and always valuing education. Céline for
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Chapter 1

Introduction

For the world to reach net-zero
We need renewables in the North.
Solar energy could be one hero
This thesis follows henceforth.

.
Sunlight is abundant

(At least for half of the year).
Research in this field is not redundant
And PV performance is not so clear.

.
Thus in this work, we seek out answers
For how to solar power northern nations.

We show bifacial & vertical PV are enhancers
For future decarbonizations.

❄ ❄ ❄

During the course of this PhD, global installed solar photovoltaic (PV) capacity grew from
∼500 GW to >1.6 TW, more than doubling all previous cumulative installed capacity and
beginning the terawatt age of PV [1]. PV technologies are poised to reach between 30-70 TW
of installed capacity by 2050 under net-zero 2050 pathways [2]. To achieve this large growth
in PV capacity, PV modules must be deployed across the world, on the utility-scale.
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Figure 1.1: The percentage of electricity generation per country which comes from coal, oil, or gas.
Country values for 2021, as compiled from the International Energy Agency [6].

Photovoltaics in High Latitudes

PV technologies have been deployed in high latitude, northern locations to power equipment
and buildings as early as the 1980s [3, 4]. However, significant development in high latitudes
have been limited in the past due to the prohibitively high cost of solar modules. With the
dropping costs of PV modules, PV is now one of the cheapest forms of available electricity in
most areas of the world [5] and may be deployed in markets previously unavailable, such as high
latitude and cold climate regions.

Here, I consider Canada as a whole to be a “high latitude” country from the perspective
of historic deployments of PV, with most PV deployments in North America occurring along
coastal regions in the USA. Northern latitudes are primarily the focus of this thesis due to the
local geography of the author (being Ottawa, Canada) and limited populated land mass near
the South Pole. However, research conducted in northern high latitudes will naturally apply
to other regions in the southern hemisphere which also experience regular snowfall and cold
temperatures.

The need in the North is not negligible. Figure 1.1 shows the percentage of electricity that
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was generated in 2021 using fossil fuels per country [6]. To achieve net-zero electricity grids by
2050, a rapid ramp in northern renewable deployments must occur over the next few decades.

The cold climate PV industry is relatively young, especially given module lifetimes are
between 25-30 years and long-duration knowledge of PV performance in the field is limited.
Research is required to know how to optimize and adapt PV deployments for northern environ-
mental conditions, electricity grids, and energy priorities. Despite renewable energy leadership
in the Nordics and Iceland, the solar industry in these countries is still in its early years to meet
the growing needs caused by electrification [7, 8]. Best practices for PV in cold climates are
still in the process of being developed, tested, and refined.

Current research fields for PV in high latitude locations include research on the interac-
tion between PV arrays and snow, frost, ice, and permafrost [9–12]; the integration of PV
with agricultural practices (“agri-PV”) [13, 14], into building design [15, 16], and hybrid diesel
microgrids [17–22]; the environmental impacts of PV on sensitive and precious northern ecosys-
tems [23, 24]; socioeconomic impacts [25, 26]; the long-term reliability of PV under frequent
and harsh seasonal cycling [3,4,27–33]; and best practices for mounting, operation, and main-
tenance [34–37].

In this thesis, the characterization and optimization of PV solar cells and systems is dis-
cussed under northern environmental conditions. Chapter 4 provides a detailed overview of high
latitude environmental conditions and the impact these unique conditions have on PV system
design, while Chapters 5 and Chapter 6 present original research on the characterization and
optimization of mid-to-high latitude PV. In Chapter 6, original research is also presented on
PV system-level model uncertainty and validation in high latitudes, and an analysis and review
of PV degradation rates in cold climates is presented. A detailed thesis outline is provided in
Section 1.1 at the end of this chapter.

Deployment trends

The dropping costs of PV modules was mentioned above as one of the main drivers for increased
PV deployments in high latitude locations. Figure 1.2 shows the PV module price learning
curve between 1976 and 2018, historic record silicon solar cell and module efficiencies, solar cell
technology trends, and trends in the location of PV deployments.

The “learning curve” presented in Fig. 1.2A, shows that the average cost of PV has been
decreasing by 28% per doubling of the installed capacity [38]. Depending on the analysis time
period, the PV learning curve has been reported as between 20-29% [43].

Fig. 1.2B shows the historic record efficiencies for single-junction crystalline silicon solar cells
and modules, taken from the National Renewable Energy Laboratory (NREL) record efficiency
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Figure 1.2: (A) PV module cost learning curve, from Ref. [38]. (B) Record historic silicon single-
junction solar cell and module efficiencies, from Ref. [39]. (C) Historic [40] and projected [41] GW-
manufacturing scale solar cell technology trends, showing Al-BSF, PERC, TOPCon, SHJ, IBC, and
silicon-based tandem technologies. (D) Median latitude of 736 utility-scale PV plants in the continental
USA from Ref. [42]. PV plants are separated into fixed-tilt (non-tracking) and and single-axis trackers
(SAT) and by the year where the PV plant began commercial operation.
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charts [39]. Record cell efficiencies are now around 27% while modules are 25%. These
increased efficiencies in time are a result of technological advancements in silicon solar cell
design. Fig. 1.2C shows the historic and projected trends in solar cell design, with values from
the International Technology Roadmap for Photovoltaics (ITRPV) [40, 41]. Aluminium back
surface field (Al-BSF) technologies have now been phased out in favour of passivated emitter
rear-contact (PERC) cells. N-type solar cell technologies of tunnel oxide passivated contact
(TOPCon) and silicon heterojunction (SHJ) design are anticipated to grow and overcome PERC
popularity in upcoming years. Interdigitated back-contact (IBC) cells are expected to grow to
a lesser extent due to their increased complexity [41]. Tandem cells using silicon as a bottom
junction are expected to begin to grow on the market over the next decade, due to their ability
to overcome the 1-junction efficiency limit, described in Section 2.4 of this thesis. Common
silicon solar cell designs, such as PERC, TOPCon, and SHJ are described in more detail in
Section 3.1.

Bifacial photovoltaics - PV cells and modules which produce electricity from photons ab-
sorbed from both front and rear sides - are significantly growing in world market share compared
to traditional single-sided monofacial designs. Bifacial PV is further described in this thesis in
Chapter 3. Bifacial cells are expected to compose 90% of all manufactured solar cells this year
(2024) [41] and NREL estimates that 50-75% of all installations in 2022 were bifacial [44].
Bifacial benefits have been shown to tend to increase with latitude [45–48], making them a
promising technology choice for installations in cold climates. Further details can be found in
Section 4.4.

Fig. 1.2D shows deployment location latitude trends, as digitized from Ref. [42]. In this
work, Bolinger et al. examined the centroid latitude of 736 utility-scale PV plants which began
commercial operation between 2007 and 2019 in the USA, representing >90% of the US utility-
scale PV fleet. Since 2015, the median latitude of fixed-tilt PV deployments has been rising,
demonstrating a recent northward trend in PV deployments, and highlighting the importance
of this research field.

Photovoltaics in Canada

The northern country and home of this thesis’ author, Canada, generates ∼20% of its electricity
using fossil fuel resources, leading to around ∼80 Mt of CO2e emissions per year [49], as
visualized in Figure 1.3. Further renewable energy developments are required to reach net-zero
emission goals and to fulfill projected energy requirements given an electrifying world.

Fossil fuel consumption varies across Canada. Figure 1.4 shows electricity and PV trends
across the 10 provinces and 3 northern territories of Canada. Fig. 1.4A shows the annual total
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Figure 1.3: Historic emissions and electricity mix in Canada. Historic data is from Ref. [49], while
electricity mix data is from Ref. [50] for 2022.

electricity emissions per province and territory in 2020, highlighting high emissions particularly
in the prairie provinces of Alberta and Saskatchewan [51]. When examining the greenhouse
gas (GHG) intensity of electricity generation throughout Canada (Fig. 1.4B) [51], regions with
lower population and high fossil fuel consumption are also highlighted, showing high emissions
intensity in the northern territories and some regions of Atlantic Canada.

Natural Resources Canada has calculated the annual PV potential - or predicted annual
energy yield per installed capacity - for monofacial latitude-tilt fixed-tilt PV arrays across
Canada [52, 54]. This data is reproduced in Fig. 1.4C. This analysis highlights the poten-
tial for PV technologies to offset CO2 emissions particularly in the Canadian prairies where
electricity emission intensity is high. It also highlights that there are many regions in northern
Canada where PV potential is >1000 kWh/kWp. PV electricity generation can be improved
compared to these values yet by using high-efficiency bifacial modules and optimizing PV sys-
tem designs for high latitude environments. The impact of design choices, such as these, on
PV potential is presented in Section 6.4.

Fig. 1.4D shows the reported installed capacity of PV across Canada in 2022, according
to the Canadian Renewable Energy Association [53]. Installed capacity across Canada grew
by 26% from 2021 to 2022 to a total capacity in Canada of ∼4 GW. In the past, most PV
deployments occurred in Ontario due to government incentives, however in recent years much
of the development has shifted to Alberta where solar resource is particularly high. In 2022,
3
4
of new renewable energy projects in Canada were in Alberta [53]. Significant development
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Figure 1.4: (A) Annual electricity emissions, and (B) the intensity of electricity generation greenhouse
gas emissions across Canada. Reported numbers are for 2020 from the Canada Energy Regulator [51].
(C) The calculated annual PV potential for latitude-tilt fixed-tilt PV across Canada, adapted from
Natural Resources Canada [52]. Dots correspond to capital cities, while the star is Ottawa, the nation’s
capital. (D) Installed PV capacity in Canada as of 2022, according to the Canadian Renewable Energy
Association [53].
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of PV in the northern territories of Canada is also underway, particularly in the Yukon where
7.2MW of PV capacity is installed with at least 5.5MW of further development in the planning
and proposal stage. The main objective of this thesis is to help support further PV development
in cold climates by modelling, analyzing, and characterizing PV performance under the high
latitude operating conditions found throughout Canada and beyond.

1.1 Thesis outline

This thesis is composed of seven chapters and has been written in a ’thesis-by-papers’ style.
All figures in all chapters of this thesis have been made by the author of this thesis. Chapters
2 and 3 provide background information supporting this thesis work, with Chapter 2 presenting
background information relevant to photovoltaic cells and Chapter 3 presenting background
information relevant to photovoltaic systems. Chapter 4 analyzes high latitude environmental
conditions and summarizes their impact on system design, while Chapter 5 and Chapter 6
introduce and reproduce the journal articles of this thesis. Six lead-author journal articles are
included in this thesis. The contributions of each co-author are stated at the beginning of each
publication. The novelties of each publication are summarized before their placement in this
thesis.

The methodologies used throughout this thesis differ, depending on the approach of the
publication. Generally, the scientific method has been used and statistical analysis has been
conducted on modelled and measured data. The models used in this thesis have been validated
against measurements conducted using calibrated equipment. Field data in test-sites have been
well-instrumented and documented, and any short-comings in data quality have been discussed
in their associated publications. The work presented in this thesis has been done in collaboration
with other research institutes well established in the PV community - Arizona State University,
NREL, and the Alaska Center for Energy and Power (ACEP).

Chapter 2 walks through the background physics necessary to understand the research
presented in this thesis, covering semiconducting material principles, the photovoltaic effect,
solar resource on Earth, and drift-diffusion cell-level modelling.

Chapter 3 introduces bifacial photovoltaic solar cells, modules, and systems. This chapter
also introduces common sky, optical, and electrical models for predicting the performance of
PV systems. The PV system-level modelling platforms used in journal articles (Section 5.2,
Section 6.1, Section 6.2, Section 6.3, Section 6.4) are presented and compared.

Chapter 4 provides a deeper overview of the physical environmental conditions present
in high latitude locations, presenting original analysis on annual and seasonal trends in solar
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resource, ambient temperature, and snowfall. Sections 4.1, 4.2, and 4.3 are the first-draft
contribution to a greater review paper covering the perspective of PV in high latitudes. This
section was written by myself, the author of this thesis. However, future versions of this section
will be reviewed by paper collaborators and incorporated into a collaborative paper. As our
manuscript is still in the early draft stages, the author-list and title is still pending. Section 4.4
summarizes some key technical take-aways for PV in high latitudes, and links these take-aways
to the research articles presented in the subsequent chapters.

Chapter 5 presents two published journal articles on the characterization of bifacial PV
devices. Section 5.1 presents an article published in Solar Energy Materials and Solar Cells
on the effect of air mass on carrier transport in bifacial SHJ solar cells. Section 5.2 presents
a commentary published in Joule, speculating on an extension to indoor bifacial solar cell
measurement method standards which incorporates the effects of albedo.

Chapter 6 presents two published journal articles and two submitted manuscripts on PV
system-level trends with latitude. Section 6.1 presents an article published in Solar Energy
on the optimization of row spacing and tilt for bifacial PV systems as a function of latitude.
Section 6.2 presents an article published in Progress in Photovoltaics: Research and Applications
on spectral mismatch factors for bifacial PV systems in high latitudes. Section 6.3 presents a
submitted manuscript (July 2024) on validating bifacial PV system models for vertical systems
and in a high latitude location. This work was completed during a 6-month internship to NREL.
Section 6.4 presents the final manuscript of this thesis, submitted for publication in August of
2024. This manuscript analyzes and reviews degradation rates of PV systems located in cold,
snowy climates.

Chapter 7 summarizes the thesis as a whole and discusses the future outlook of PV in
northern environments.
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Chapter 2

Physics of semiconductors & solar cells

Solar power arises
From the photovoltaic effect.

With sufficient photon-energy sizes
One finds excited electrons to collect!

❄ ❄ ❄

Photovoltaic devices operate on the photovoltaic effect, where photons absorbed into semi-
conducting materials result in the excitation of electrons to higher energy states. This charge
separation results in an increase in electric potential, or voltage, which can then be used to do
work when connected in an electrical circuit. This effect was first discovered in 1839 by Edmond
Becquerel, with observations of an electrochemical cell increasing in voltage when exposed to
sunlight [55]. The first photovoltaic cell was produced in 1883 using molten selenium and a thin
layer of gold [56], but it wasn’t until 1954 that the first photovoltaic cell with an efficiency >1%
was produced by Daryl Chapin, Calvin Fuller, and Gerald Pearson of Bell Laboratories [57].

In order to understand the underlying properties of photovoltaic devices that lead to effi-
ciencies >20% today, it is first necessary to understand the underlying atomic properties of
the materials which give rise to the photovoltaic effect. To do this, we must understand the
nature of semiconducting materials. As silicon-based devices are the focus of this thesis work,
emphasis will be given to silicon semiconductors and photovoltaic devices. Silicon is the most
commonly used semiconductor on Earth due to its natural abundance, low cost, and stability.
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2.1 Semiconductor materials

Semiconducting materials are a class of materials with properties between that of conductors
and insulators. The conductive properties of semiconductors are highly tunable, making them
attractive materials for electronic and photonic device applications.

The distinction between semiconductors, conductors, and insulators lies in their electronic
band structure. In solid materials, atoms are arranged in dense crystalline structures with single-
atom electronic energy levels overlapping and hybridizing into large-scale continuous bands of
energy levels. In this band structure, conduction band states refer to the collection of delocalized
states that allow for flow of electrons throughout the material. Valence band states are the
collection of highly localized states around atomic nuclei, which inhibits valence electronic
movement. The bandgap of a material is defined as the difference in energy between the
highest valence band energy level and the lowest conduction band energy level, and the Fermi
level of the material is defined as the energy level where electrons have a 50% probability of
occupation.

In conductors, the conduction band state is populated with free electrons without external
excitation, resulting in a Fermi level occurring within or at the conduction band edge. These
materials are sometimes described as having a zero or negative bandgap.

Semiconductors, on the other hand, have a positive, non-zero bandgap of usually <3 eV.
When electrons are excited, for example by photon absorption, they may be excited from
the occupied valence band into unoccupied conduction band states, allowing for electron flow
throughout the material. The density of electrons in the conduction band of a semiconductor is
usually less than 1020 cm−3, whereas conductive materials have electron densities on the order
of 1023 cm−3 [58].

Like semiconductors, insulators have zones of forbidden energy states defined by the bandgap
of the material. However, for insulators the bandgaps are so large (>3 eV) that this energy
barrier is improbable to be overcome under normal operating conditions. Thus, insulators
have a negligible density of charge carriers in the conduction band. Insulators can become
semiconducting if sufficient excitation conditions are present, and common semiconducting
materials can exhibit insulating properties when insufficient excitation conditions are present
[58].

In the following subsections, some physical properties of semiconducting materials relevant
to photovoltaic devices are described. Much of this work is adapted and inspired by Jenny
Nelson’s The Physics of Solar Cells [59] and the PhD thesis of Meghan Beattie [60].
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Figure 2.1: (A) Real-space diamond cubic lattice structure, (B) real-space zincblende cubic lattice
structure, and (C) the first Brillouin zone in k-space for both FCC lattices.

2.1.1 Crystal and energy band structure

Semiconductor materials are comprised of atoms held together in crystalline structures with
covalent bonds. In a perfect crystal, the atomic lattice is highly uniform and periodic over long-
range distances. Sub-optimal growing conditions can result in multi-crystalline or amorphous
semiconductors, exhibiting crystalline order on medium to short-range scales.

The most common method for crystal growth of silicon is the Czochralski process [61]. In
the Czochralski process a silicon seed crystal is dipped into a crucible of hot, molten silicon
and then slowly withdrawn and rotated to the surface. Liquid silicon crystallizes to the seed
and gradually forms a large, cylindrical crystal. Dopants, such as boron or phosphorus, may be
added to the crucible during growth to alter the electrical properties of the silicon crystal [61].
The large silicon crystal is then typically sliced into flat, thin sheets and polished to remove
defects and surface impurities.

Figure 2.1 demonstrates two common crystalline structures found in semiconducting mate-
rials. Group IV semiconductors such as silicon (Si) and germanium (Ge) form diamond cubic
lattice structures with each atom bonded covalently to its four nearest neighbours, as provided
in Fig. 2.1A. Semiconductors made from elements in group III and group V of the periodic
table (or, III-V semiconductors), instead form into zincblende cubic lattices, as depicted in Fig.
2.1B. The same underlying intersecting face-centered cubic (FCC) lattice is present in both
structures, but with the two FCC lattices being either the same atoms (as in the case of silicon)
or distinct atoms (for III-V materials).

The periodic nature of the underlying atomic structure of semiconductor crystals (Fig.
2.1A/B) can be described in momentum space (k-space) by taking the Fourier transform of
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Figure 2.2: Energy band structure of (A) silicon and (B) gallium arsenide (GaAs). Band structures
are modified from [62]. (C) Simplified energy band structure as a function of position, showing the
conduction band edge, Ec , the valence band edge, Ev , the bandgap, Eg , and the electron affinity, χ.

the crystal lattice in real space. The primitive unit cell of this reciprocal lattice containing a
single central lattice point, is called the first Brillouin zone. The first Brillouin zone for an
FCC lattice is provided in Fig. 2.1C. Points of high symmetry are labelled. Given that optical
transitions must conserve both energy and momentum, it is useful to have a k-space framework
for describing and analyzing the band structure.

The high symmetry points labelled in Fig. 2.1C correspond to features in the energy band
structures of semiconducting materials. Figure 2.2 shows the energy band structure of silicon
and GaAs as function of energy and momentum. Some high symmetry points are labelled on
the diagrams, corresponding to those labelled in the first Brillouin zone in Fig. 2.1C. The
conduction bands, Ec, are drawn in purple while the valence bands, Ev , are drawn in teal. The
bandgap, Eg , is labelled for each diagram.

Silicon is an indirect bandgap semiconductor, meaning that the minimum bandgap energy,
Eg , does not occur at the k=0 Γ-point. An appropriate change in momentum is required to
promote an electron from the valence to conduction band. This momentum is usually supplied
by a phonon, or lattice vibration. Thus, band-to-band electron promotion at the fundamental
bandgap can only happen in silicon if there are a sufficient number of phonons with sufficient
momentum. As a consequence, indirect bandgap semiconductors tend to have lower optical
absorption than direct bandgap semiconductors, such as GaAs.

To show the energy band structure as a function of position within a device, a simplified
diagram is used, presented in Fig. 2.2C. It is assumed that a continuum of states exists in each
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Ec and Ev band. The electron affinity, χ, defines the minimum required energy to remove an
electron from the semiconductor. The energy of a free electron outside of the semiconducting
material is defined by the vacuum level, Evac.

2.1.2 Density of states

The density of states (DOS) of a semiconductor describes the number of available quantized
states between (E,E + dE) in a particular energy continuum band. Near the conduction or
valence band edge, the bands can be approximated as parabolic in k-space. Thus, the energy,
E, corresponds to the band edge with an expansion about this of dE.

With the parabolic band approximation, the DOS, g(E ), near a band edge can be approxi-
mated as:

g(E) =
2

(2π)3
4πk2 dk

dE
(2.1)

with 2/(2π)3 k-states per unit crystal volume.

For the conduction band, the DOS under the parabolic approximation for an energy, E ,
within the conduction band, Ec, works out to be:

gc(E) =
1

2π2

(
2m∗

c

ℏ2

) 3
2 √

E − Ec (2.2)

Similarly, the DOS in the valence band Ev is:

gv(E) =
1

2π2

(
2m∗

v

ℏ2

) 3
2 √

Ev − E (2.3)

where ℏ is the reduced Plank’s constant and the symbol m∗ denotes the effective mass of a
carrier in either the conduction or valence band. The effective mass is a parameter defined by
the band structure, often assumed to be constant near a band valley.

The effective mass is given by:

m∗ = ℏ2
∂2E

∂k2
(2.4)

where E is either the valence band, Ev , or conduction band Ec, for holes and electrons,
respectively.

The parabolic band approximation only holds for limited ranges near the bottom of band
valleys, as eventually these valleys connect into a continuum as in Fig. 2.2A/B. Spin-orbit
interactions may also perturb the parabolic band approximation [58].
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Figure 2.3: (A) The Fermi-Dirac distribution and (B) the density of states functions for gc(E) and
gv(E) at T = 0. (C) The Fermi-Dirac distribution and (D) the density of states functions at T > 0.
The shaded grey background in (B) and (D) correspond to the concentration of electrons.

2.1.3 Carrier concentration

Above, the DOS described the distribution of band states in energy and momentum space.
In order to calculate the number of electrons and holes in an energy band, we must first
characterize the occupation probability of the states. The occupation probability of an energy
level can be determined by the Fermi-Dirac distribution, f (E ):

f(E) =
1

1 + e
E−Ef
kBT

(2.5)

where Ef is the Fermi-level, kB is the Boltzmann constant, and T is the temperature. At
absolute zero, every state below the Fermi-level, Ef , is occupied and every state above is
unoccupied. For T > 0, the thermal kinetic energy of electrons results in some excitation to
states above the Fermi-level and into the conduction band. Figure 2.3 provides a visualization
of f (E ) and g(E ) for T = 0 and T > 0.

Thus, the concentration of electrons in the conduction band, n, can be calculated from the
integration of g(E ) and f (E ) from the conduction band edge Ec to infinity:

n =

∫ ∞

Ec

n(E) dE =

∫ ∞

Ec

gc(E)f(E) dE (2.6)

The corresponding expression for the number density of holes, p, or vacancies of electrons
left behind in the valence band, is thus:

p =

∫ Ev

−∞
p(E) dE =

∫ Ev

−∞
gv(E)[1− f(E)] dE (2.7)
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In the case where the Fermi level, Ef , is sufficiently far from either of the band edges, the
Boltzmann approximation can be used. For E >> Ef the Fermi-Dirac function simplifies:

f(E) ≈ e
Ef−E

kBT (2.8)

This allows for the evaluation of 2.6 and 2.7 using f (E ) from 2.8:

n = Nc e
Ef−Ec

kBT , p = Nv e
Ev−Ef
kBT (2.9)

The constants Nc and Nv describe the effective conduction and valence band density of
states, respectively:

Nc = 2

(
m∗

ckBT

2πℏ2

) 3
2

, Nv = 2

(
m∗

vkBT

2πℏ2

) 3
2

(2.10)

In an intrinsic semiconductor, the product of np is a constant with the carrier concentrations
of electrons and holes equal:

n2
i = np = Nc Nv e

− Eg
kBT (2.11)

where ni is referred to as the intrinsic carrier density of the semiconductor.

This leads to the Fermi level of the intrinsic semiconductor, Ei , to be near the center of the
bandgap:

Ei =
Ec − Ev

2
− kBT

2
ln

(
Nc

Nv

)
(2.12)

The intrinsic electron concentration (n = ni) at 300K in silicon is 1.7x1013 cm−3 [63].

Effect of doping

An intrinsic semiconductor describes a perfect crystal with minimal impurities. Dopants intro-
duce impurities which change the local distribution of electronic energy structure and may be
used to tune the properties of semiconducting materials.

Dopants can be classified as either donors or acceptors, depending on their valence elec-
tron count compared to the bulk crystal structure. For silicon semiconductors, the underlying
crystal lattice is composed of four nearest neighbour tetrahedral bonds. A donor impurity, such
as phosphorus with five valence electrons, can introduce energy levels above Ei and donate
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Figure 2.4: The energy band diagrams and number densities for electron and holes for (A-B) an
intrinsic semiconductor, (C-D) an n-doped semiconductor, and (E-F) a p-doped semiconductor. These
subplots have been adapted from [60].

extra valence electrons to the conduction band via ionization. This results in an increase in
electrons and a shift of the Fermi level towards the conduction band. An n-type semiconduc-
tor describes a semiconductor which has been doped to have higher relative concentration of
electrons compared to holes.

An acceptor impurity, such as boron with three valence electrons, can introduce unoccupied
energy levels below Ei that may then be filled by other electrons within the valence band. This
ionizes the dopant atom, increases the hole concentration in the valence band, and shifts the
Fermi level towards the valence band. A p-type semiconductor describes a semiconductor which
has been doped to have lower relative concentration of electrons compared to holes.

Figure 2.4 displays the energy band structure and electron and hole number densities for
an intrinsic semiconductor, an n-doped semiconductor, and a p-doped semiconductor. If the
density of donor dopants, Nd , is significantly larger than ni , then n ≈ Nd and p = n2

i /Nd. If the
density of acceptor dopants, Na , is significantly larger than ni , then p ≈ Na and n = n2

i /Na.

Effect of an external bias

The properties described so far for semiconducting materials have been under equilibrium,
without any net current flow. The populations of electrons and holes in a semiconductor can
be varied from equilibrium by exposure to light, or by an external applied bias. For an applied
bias, V , electron and hole populations relax to quasi thermal equilibrium. The Fermi level
splits by ∆µ (related to the intensity of the external bias) into separate quasi-Fermi levels for
electrons, Efn , and holes, Efp :
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Figure 2.5: (A) The energy band diagram showing the splitting of the Fermi level and (B) the number
densities for electrons and holes for an intrinsic semiconductor under a voltage bias.

∆µ = Efn − Efp (2.13)

This approximation may be used since relaxation times within each band is much quicker
than relaxation between bands, resulting in the electron and hole populations having distinct
quasi-Fermi levels and temperatures.

Under a bias, the electron and hole densities are simply Equation 2.9 with Efn and Efp in
place of Ef :

n = Nc e
Efn−Ec

kBT , p = Nv e
Ev−Efp

kBT (2.14)

A depiction of quasi-Fermi level splitting under an external bias is provided in Figure 2.5.

2.1.4 Conductivity and mobility

Semiconductor conductivity is directly related to the free carrier densities, n and p, as well as
the carrier mobilities, µn and µp :

σ = q(µnn+ µpp) (2.15)

where q is the elementary electric charge.

Thus, the material conductivity can be tuned by introducing additional electron or hole
carriers via doping, described in Section 2.1.3.
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The electrical mobility of a carrier is the magnitude of the drift velocity per unit electric
field, E:

µ =

∣∣v∣∣
E

(2.16)

The mobility is defined as positive for both electrons and holes, but the drift velocities, v ,
will be in different directions with the electric field for the carriers.

The mobility is composed of a variety of contributions from various scattering processes.
These processes can be reciprocally summed:

1

µ
=

1

µphonon

+
1

µdoping

+
1

µcarrier

+
1

µdefect

(2.17)

where µphonon is the phonon scattering mobility, µdoping is ionized impurity scattering mobil-
ity from dopants, µcarrier is carrier-carrier scattering mobility, and µdefect is defect scattering
mobility.

Phonon interband scattering tends to decrease the mobility of holes in particular compared
to electrons due to band degeneracy at the valence band edge. This increases the probability
of interband scattering, which reduces hole mobility [63].

2.1.5 Drift and diffusion

The current density, J , in a semiconductor can be described as the sum of two terms: a drift
current density, Jdrift , and a diffusion current density, Jdiffusion :

J = Jdrift + Jdiffusion (2.18)

The drift current describes the motion of the charge carriers driven by an electric field,
whereas the diffusion current describes the motion of charge carriers driven by a concentration
gradient.

In an electrostatic field, E, the drift current density is described by Jdrift = σE and can be
separated into electron and hole terms:

Jdrift = Jdrift,n + Jdrift,p = q(µnn+ µpp)E (2.19)

Free charge carriers are driven to move in the electrostatic field to reduce their electrostatic
potential energy. The electrostatic field causes a gradient in the vacuum level, conduction band,
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and valence band. Electrons drift down the conduction band, while holes drift up the valence
band, travelling in opposite directions and producing current in the direction of the electric
field.

The diffusion current density is instead driven by carrier concentration gradients, ∇p and
∇n:

Jdiffusion = Jdiffusion,n + Jdiffusion,p = q(Dn∇n−Dp∇p) (2.20)

where Dn and Dp are the diffusion coefficients of electrons and holes, respectively. The diffusion
coefficients are proportional to the carrier mobilities, µn and µp [59]:

Dn =
µnkBT

q
, Dp =

µpkBT

q
(2.21)

In the presence of a concentration gradient, free charge carriers are driven to minimize their
statistical potential energy by migrating from areas of high carrier concentration to low carrier
concentration.

2.1.6 Generation and recombination

The generation of an excited electron can happen from thermal excitation, but, more impor-
tantly for solar cells, the energy required to transition an electron in the valence band to the
conduction band can be supplied by the absorption of a photon with energy above the bandgap.
Electronic excitation events which promote an carrier from a lower energy state to a higher en-
ergy state are called generation events. Generation events which take place as a result of photon
absorption are referred to as photogeneration.

For photogeneration with photon energy E > Eg, excess carrier energy is lost to lattice
interactions until the excited carrier relaxes to the band edge in a process called thermalization.
A schematic of photogeneration and thermalization is provided in Figure 2.6.

Generation events which excite electrons to the conduction band perturb the equilibrium
carrier concentrations:

n = n0 +∆n, p = p0 +∆p (2.22)

where n0 and p0 are electron and hole concentrations in equilibrium.

Recombination is the loss of electronic excitation through the decay of a carrier from a
higher energy state to a lower energy state. The released energy from this process may be
given up with photon emission, as heat with phonon emission, or as kinetic energy to another
carrier. Both generation and recombination processes can occur from band-to-band, or may
occur with localized states. A few common recombination mechanisms are outlined below.
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Figure 2.6: A schematic of photogeneration and thermalization alongside recombination mechanisms
of radiative, SRH, Auger, and surface recombination.

Radiative recombination

Radiative recombination is the process by which an excited electron moves to a lower energy
state and combines with a hole via the emission of a photon (see Fig. 2.6). Radiative recom-
bination, Rrad , may be calculated using:

Rrad(n, p) = Brad(np− n2
i ) (2.23)

where Brad is a carrier density-independent property called the radiative recombination coeffi-
cient.

For a doped semiconductor, Rrad is proportional to excess minority carrier density. The
minority carrier radiative lifetime for a p-doped semiconductor, τrad ,n , is given by:

τrad,n =
1

BradNa

(2.24)

The minority carrier radiative lifetime for a n-doped semiconductor, τrad ,p , is given by:

τrad,p =
1

BradNd

(2.25)

Radiative recombination tends to be suppressed in indirect bandgap materials like silicon,
since this recombination process requires additional momentum transfer.
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Auger recombination

In Auger recombination, band-to-band or trap-assisted recombination is accompanied with a
carrier-carrier interaction resulting in the transfer of kinetic energy from one carrier to another.
Two similar carriers collide, causing one carrier to excite to a higher energy level and the other
to recombine across the bandgap (Fig. 2.6). The carrier with increased kinetic energy decays
in time back to the band edge via thermalization.

The rate of Auger recombination, Raug , is a three carrier process, leading to n2p and np2

carrier concentration dependency:

Raug(n, p) = (Caug,n n+ Caug,p p)
(
np− n2

i

)
(2.26)

where Caug are Auger recombination coefficients for electrons and holes.

The minority carrier Auger lifetimes for doped semiconductors are given by:

τaug,n =
1

Caug,n N2
a

, τaug,p =
1

Caug,p N2
d

(2.27)

Auger recombination events conserve energy and momentum and involve the transfer of
momentum between carriers in the process. As a result, Auger recombination is often the
dominant recombination process in high quality indirect bandgap materials such as silicon.

Shockley-Read-Hall recombination

Shockley-Read-Hall (SRH) recombination is a non-radiative recombination process that involves
localized defect or trap states. Carriers can thermalize into localized trap states to recombine
(Fig. 2.6). These trap states can be a result of dopant impurities, or may be related to other
defects such as lattice vacancies.

The rate of SRH recombination, RSRH , through a single trap state can be calculated from:

RSRH(n, p) =
np− n2

i

τSRH,p(n+ nt) + τSRH,n(p+ pt)
(2.28)

where τSRH terms are the minority carrier SRH lifetimes, and nt is the electron density and pt
is the hole density when the electron Fermi level is equal to the trap energy, Et.

SRH minority carrier lifetimes can be empirically modelled as doping dependent by using
the Scharfetter relationship [64]:

τSRH(Nd, Na) = τmin +
τmax − τmin

1 +
(

Na+Nd

Nref

)γ (2.29)
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where τmin, τmax, γ, and Nref are fitting parameters for the material.

SRH recombination is not intrinsic to semiconductor crystals like radiative and Auger recom-
bination processes, and can be reduced by having very pure semiconducting crystals. However,
in any realistic environment, some amount of defects will be introduced into crystal lattices
during fabrication and end-use. Highly doped regions of devices will also have higher SRH
recombination rates due to the addition of recombination centers and trap states. When the
defect and impurity densities are sufficiently high, SRH recombination can dominate over the
dominant intrinsic material recombination process (either radiative or Auger recombination).

The above mentioned recombination processes are processes associated with the bulk of
a semconducting material. The effective minority carrier lifetime of the bulk is the inverse
combination of all bulk minority carrier recombination lifetimes:

1

τ
=

1

τrad
+

1

τaug
+

1

τSRH

(2.30)

The average length a carrier travels before recombination is characterized by the diffusion
length, Ln or Lp , and relates to the minority carrier lifetime:

Ln =
√
Dnτn , Lp =

√
Dpτp (2.31)

where Dn and Dp are the diffusion coefficients for the minority carriers given by Eq. (2.21).

Surface recombination

Recombination processes are also associated with the surfaces and interfaces of materials. At
the surface of a material, there tend to be dangling bonds, which result in localized surface
states within the bandgap that can act as recombination centers for electron-hole pairs (see
Fig. 2.6). Surface recombination is characterized by a surface recombination velocity, S , in
units of cm/s:

S = vTΩNs (2.32)

where vT is the thermal velocity, Ω is the surface area capture cross-section, and Ns is the
density of surface traps.

The surface recombination rate, Rsurf , is a form of surface SRH recombination, and can be
calculated in a similar manner:

Rsurface =
nsps − n2

i

(ns + nt)/Sp + (ps + pt)/Sn

(2.33)

where ns and ps are the electron and hole densities at the surface of the material.
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2.1.7 The transport equations

The movement of charge carriers within a semiconductor is determined by light absorption,
current generation, and charge recombination. In order to calculate semiconductor transport
equations, two main principles must be met: the number of electrons and the number of holes
must each individually be conserved, and the electrostatic potential caused by the charge carriers
must follow Poisson’s equation.

The conservation of electron number requires that:

∂n

∂t
=

1

q
∇Jn +Gn −Rn (2.34)

where t is time, Jn is the total electron current density, Gn is the generation rate of electrons,
and Rn is the total recombination rate of electrons. The conservation of hole number takes a
similar form, but with negative elementary charge:

∂p

∂t
= −1

q
∇Jp +Gp −Rp (2.35)

Equations 2.34 and 2.35 are referred to as the continuity equations.

Poisson’s equation relates the electric field, E, to the density of charge carriers in the
material:

∇ · E = −∇2ϕ =
q

ϵs
(Na −Nd + n− p) (2.36)

where ϵs is the static dielectric constant and ϕ is the electrostatic potential.

2.1.8 Optical properties

The topic of photon absorption is a rich field, covering band-to-band transitions, excitonic tran-
sitions, inter-band transitions, impurity-band transitions, free carrier transitions, and resonant
transitions with vibrational lattice states. Here, we review briefly some basic equations for de-
termining optical properties of reflection, transmission, and absorption relevant for silicon solar
cells.

The complex index of refraction, ñ, describes the refraction and absorption properties of a
material:

ñ = nr + iκ (2.37)
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where nr is the real component and κ is the extinction coefficient. In general, these values
depend on wavelength.

The extinction coefficient determines the absorption of the material, α:

α =
4πκ

λ
(2.38)

where λ is the wavelength of light.

The reflection and transmission of light from one medium to another is determined by the
complex index of refraction. The reflectivity, R, at a plane interface between two materials at
normal incidence can be calculated using the complex index of refraction for each medium:

R =

∣∣∣∣ ñ1 − ñ2

ñ1 + ñ2

∣∣∣∣2 (2.39)

For solar cells, this calculation is often done between the index of refraction of air (n = 1)
and the top surface material of the solar cell (n ∼ 3−4), giving a reflectivity of around 30-40%.
Generally, net reflectivity increases as incident angles become more oblique. Further discussion
on the design of solar cells for reduced light refection is discussed in Section 2.3.

2.2 Photovoltaic energy conversion

So far, we have discussed the generation and transportation of charge carriers in a semiconduct-
ing material. In order to successfully have photovoltaic energy conversion, charge separation
must also occur. The most common method for charge separation in PV devices is via a p-n
junction.

2.2.1 p-n junctions

p-n junctions are formed by the physical contact of two semiconducting materials, one n-doped
and the other p-doped. Their physical contact results in the alignment of the Fermi levels
between the two materials and a shift in the vacuum level. This causes a built-in potential
which is driven by the difference in material work functions, Φ:

Φ =
1

q
(Evac − Ef ) (2.40)
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Figure 2.7: (A) A p-doped material, (B) an n-doped material, and (C) a p-n junction.

Vbi = q(Φp − Φn) (2.41)

A depiction of the Fermi level alignment and band structure of a p-n junction is provided
in Figure 2.7. In terms of carrier motion, when a p-doped material is placed in contact with an
n-doped material, their carrier concentration differences result in a diffusion current. Electrons
from the n-doped material diffuse towards the p-doped material, leaving behind positive ions.
Holes similarly diffuse from the p-doped material to the n-doped material, leaving behind nega-
tive ions. These ions create an internal electric field near the interface which induces a minority
carrier drift current to balance the majority carrier diffusion current under equilibrium.

The built-in bias resulting from a p-n junction can be calculated from carrier concentrations
Na and Nd with:

Vbi =
kBT

q
ln

(
NaNd

n2
i

)
(2.42)

In the depletion approximation, it is assumed that there are no majority carriers located over
a region of ωp+ωn around the interface. This region is called the depletion region, or the space
charge region, as labelled in Fig. 2.7. The width of the space charge region can be found using
Poisson’s equation and assuming that the potential outside of this region is constant [59]:

ωp =
1

Na

√
2ϵsVbi

q( 1
Na

+ 1
Nd

)
, ωn =

1

Nd

√
2ϵsVbi

q( 1
Na

+ 1
Nd

)
(2.43)
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Figure 2.8: Schematics of a p-n junction at (A) equilibrium, (B) forward bias, (C) reverse bias, (D)
short-circuit, (E) maximum power, and (F) open-circuit.

Thus, the total width of the space charge region, ωscr , becomes:

ωscr = ωp + ωn =

√
2ϵs
q

(
1

Na

+
1

Nd

)
Vbi (2.44)

with ϵs the static dielectric constant, q the elementary charge, Na the density of ionized ac-
ceptors in the p-doped material, Nd the density of ionized donors in the n-doped material, and
Vbi the built-in bias.

Wide depletion regions aid in carrier collection, while high doping levels aid in cell voltage.
If doping increases on either the p or the n side, the depletion region shrinks. This is one of
the fundamental compromises in solar cell design.

Another depletion region requirement is that Efn - Efp = qV = constant in the space-
charge region, leading to:

pn = n2
i e

qV
kBT for − ωp < x < ωn (2.45)
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This holds true under an external bias, V , which splits the Fermi level into Efn and Efp . The
total junction bias is given by Vj = Vbi − V . When Vj < Vbi the device is under forward bias,
the depleted region is reduced in width, and the barrier to majority carrier diffusion decreases.
When Vj > Vbi the device is under reverse bias, the depleted region increases in width, and the
barrier to majority carrier diffusion increases. This is visualized in Figure 2.8B/C.

2.2.2 Current-voltage characteristics

Under illumination

Under illumination, electron and hole populations increase above their equilibrium values and
reach quasi-thermal equilibrium populations described by Fermi level splitting. Increased minor-
ity carrier concentrations in the depletion region result in a drift current referred to commonly as
the short-circuit current, Jsc, which is related to the intensity of the illumination light. Fig. 2.8D
shows the band structure under short-circuit illumination.

The short-circuit current of a solar cell is determined by the incident photon flux, Φp(E ),
and the external quantum efficiency (EQE) of the cell. The EQE characterizes the ability of
the material to convert photons of wavelength λ into carriers that are collected by an external
circuit. It is the ratio between collected carriers to incident photons. An example EQE curve
is shown in Figure 2.9 for a silicon solar cell. EQE is reduced from an ideal value of EQE = 1
for energies above the bandgap (< 1100 nm in wavelength for silicon) due to reflection off the
surfaces of the solar cell and transmission through the solar cell.

The photocurrent, or Jsc, can be calculated from:

Jsc = q

∫ ∞

0

Φp(E) EQE(E) dE (2.46)

To examine the collection efficiency of absorbed photons, reflection and transmission losses
can be removed from the EQE. This is referred to as the internal quantum efficiency (IQE):

IQE(λ) =
EQE(λ)

1−R(λ)− T (λ)
(2.47)

where R is the reflectivity and T is the transmittance of the solar cell.

The spectral response, SR, describes the relationship between the photocurrent and the
incident spectrum power:

SR(λ) =
qλ

hc
EQE(λ) (2.48)

The EQE, IQE, and SR of an example silicon solar cell is provided in Figure 2.9.
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Figure 2.9: (A) IQE and EQE, (B) spectral responsitivity. The shaded grey background corresponds
to an ideal cell.

Under an external bias

Under an external forward bias, the potential barrier across a p-n junction is reduced (Fig.
2.8B). Consequently, the majority carrier diffusion current increases, injecting minority carriers
into opposite polarity sides of the p-n junction and opposing any generated photocurrent. In
the dark, solar cells behave like diodes, with significantly higher current under forward bias than
reverse bias. The non-ideal diode equation describes the net current flow in the absence of
illumination:

Jdark = J0

(
e

qV
mkBT − 1

)
(2.49)

where J0 is the dark saturation current density, and m is the ideality factor. In an ideal diode,
m = 1 and there is little recombination in the depletion region and the dark current is diffusion-
dominated. If significant recombination occurs in the depletion region, m can reach a value of
m = 2.

Under illumination and an external bias

The total current under illumination and external forward bias can be calculated by Jsc+Jdark.
Since the dark current flows in the opposite direction as Jsc, the equation becomes:

J(V ) = Jsc − Jdark(V ) = Jsc − J0

(
e

qV
mkBT − 1

)
(2.50)
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Figure 2.10: An example I-V curve for a PV device under illumination. Power is provided by the
purple curve, while current is given in teal. Key I-V curve parameters are labelled.

Figure 2.10 shows an example current-voltage (J-V) curve for a PV device under illumination
and varied forward bias.

The open-circuit voltage, Voc, is the voltage where light and dark currents cancel, providing
a net current flow of zero. This is visualized in Fig. 2.8F and can be calculated from the ideal
diode equation (Eq. 2.50) to be:

Voc =
kBT

q
ln

(
Jsc
J0

+ 1

)
(2.51)

Open-circuit voltage increases logarithmically with illumination intensity and cannot be larger
than the bandgap of the semiconductor.

The device power density, P , depicted in purple in Fig. 2.10, can be simply calculated
by P = JV . The maximum power point describes the peak in PV power production and is
denoted by Pmp for a current of Jmp and a voltage of Vmp (Pmp = JmpVmp). Fill factor (FF)
measures the squareness of the J-V curve (shaded area in Fig. 2.10) and can be calculated
from the maximum power point:

FF =
JmpVmp

JscVoc

(2.52)

Finally, the power conversion efficiency, η of the device is calculated by dividing the output
maximum power by the input illumination power:

η =
Pmp

Pinc

=
JmpVmp

Pinc

=
JscVocFF

Pinc

(2.53)
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Figure 2.11: (A) Simplified equivalent circuit of a solar cell with parasitic resistances. Current-voltage
curves of a solar cell with (B) series resistance and (C) shunt resistance.

where Pinc is the power of the incident light.

Solar cell efficiency can be reduced by the presence of series resistance, Rs , and shunt
resistance, Rsh . These extra resistances can be added into Equation 2.50:

J(V ) = Jsc − Jdark(V ) = Jsc − J0

(
e

q(V +JARs)
mkBT − 1

)
− V + JARs

Rsh

(2.54)

where A is the active area of the solar cell. The effect of series and shunt resistances on J-V
curve behaviour is visualized in Figure 2.11. Fig. 2.11A shows a simplified equivalent circuit
model of a solar cell with parasitic resistances as labelled.

Effect of illumination intensity and temperature

Figure 2.12A displays the effect of illumination intensity on current-voltage behaviour. As
mentioned previously, short-circuit current scales linearly over the range of non-concentrating
illumination intensity, while open-circuit voltage scales logarithmically. This tends to result in an
increase in cell efficiency with increasing illumination intensity, however series resistance effects
under high light concentration will eventually limit the efficiency of PV devices [59].

Increasing temperature, on the other hand, largely impacts the open-circuit voltage of solar
cells. As temperature increases, the population of intrinsic carriers increases. Dark saturation
current, Jdark , increases as a result, which reduces open-circuit voltage. To a smaller effect,
increasing temperature shifts the band-edge towards narrower bandgaps, resulting in an increase
in photocurrent. However, the loss in Voc out-weighs this photocurrent increase. The effect of
temperature on current-voltage curves and EQE is visualized in Fig. 2.12B&C.
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Figure 2.12: Example effect of (A) varied illumination intensity and (B) varied temperature on
current-voltage curves of a silicon solar cell. (C) Effect of temperature on the absorption band-edge.

2.3 Light trapping

As mentioned in Section 2.1.8, for the interface between two planar materials of air and a
semiconducting surface, the reflectivity in the visible wavelength regime is high, typically around
30-40% [59]. For solar cells, where the short-circuit current is linearly related to the amount of
absorbed incident light, minimizing reflection to maximize semiconductor absorption is critical
to achieving a high efficiency device.

Two main techniques are used in non-concentrating silicon solar cells for increasing semicon-
ductor light absorption: the application of anti-reflection coatings (ARCs) and surface texturing.

ARCs consist of thin-film deposited dielectric layers on the front (and rear) surfaces of the
semiconductor with index of refraction between that of air and the semiconductor. Depending
on the thickness of the deposited layer, the surface reflection can be tuned to minimize at an
optimal point for the solar spectrum. Multiple layers of ARCs can be used to further reduce
reflection over a broader range of wavelengths. The implementation of ARCs in silicon solar
cell designs, can be seen in Section 3.1.

Texturing of the front and rear surfaces of silicon solar cells reduces the net reflection of
light over the silicon absorption range and increases the optical path length of photons travelling
inside the PV device. This increases the probability of photon absorption by causing reflection
and scattering at angles wider than the surface normal.

For light travelling within a semiconductor towards an air-boundary and for any angles
greater than the critical angle, θc, the light will be internally reflected:

θc = sin−1
( ñair

ñsemi

)
(2.55)
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Figure 2.13: A schematic showing light trapping effects for various surface textures: (A) flat surfaces,
(B) regular pyramids, (C) random pyramids, and (D) random pyramids with a rear reflector. Note:
texturing is not to scale and arrows trace example ray trajectories. Adapted from [65].

Figure 2.13 shows a schematic of the path of light rays in various textured structures. For
surface texture structures dtexture ≫ λ on a semiconducting substrate with dsubstrate ≫ dtexture,
light can be treated with ray tracing techniques.

In a perfectly randomizing surface, reflected light rays are scattered equally across all possible
hemisphere angles. This is referred to as a Lambertian surface. In a perfect Lambertian surface,
the ideal path length enhancement is around 50× in silicon [59]. In practice, regular and random
pyramidal textured surfaces are often used in place of Lambertian reflectors due to their relative
fabrication ease. Silicon PV devices are most commonly textured with random pyramids during
fabrication using selective etching acidic baths. The random pyramids introduced by selective
etching typically achieve path length enhancements closer to 10× that of a planar structure [59].

2.4 Efficiency limits

PV devices have limited maximum efficiencies based off fundamental thermodynamic limits
between the emitted solar spectrum of the sun and the solar cell temperature. In 1961, Shockley
and Queisser developed a methodology for determining the ultimate limiting efficiency of a single
junction solar cell on Earth [66]. Here, we briefly outline the modified single-junction efficiency
limit which incorporates the standard solar spectrum, AM1.5G1, and radiative recombination
[59]. This limit is known as the Shockley-Queisser limit, or the detailed balance limit. The
main assumptions of this limit are:

• The sun radiates at a spectrum of AM1.5G with 1000 W/m2.

1The standard solar spectrum of AM1.5G is discussed further in the next section, Section 2.5
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Figure 2.14: The single-junction solar cell detailed balance efficiency limit as a function of bandgap
and wavelength for AM1.5G. A selection of record-breaking efficiency cells and modules as published
in Version 64 of the Martin Green efficiency tables are provided, given by circles and squares [67]. The
bandgap of silicon and GaAs are given by vertical dashed lines.

• The solar cell has a perfect step-wise absorption where all light with E > Eg is absorbed.

• One photon with E > Eg generates one electron-hole pair.

• Charges are perfectly separated within the solar cell, with only radiative recombination
losses.

• No potential is lost through external resistances in the circuit, with collected electrons
providing ∆µ = qV of work to the external circuit.

Given these assumptions, the maximum efficiency limit is dependent on the cell temperature,
T , and the bandgap, Eg , according to the following equation from Ref. [59]:

η =
JV

Pinc

≈ V

Pinc

[
Jsc − J0(e

qV/kBT − 1)
]

(2.56)

where both the Jsc and J0 terms are dependent on the bandgap energy. The net current
generated by the solar cell is the result of the difference in absorbed photon flux and the
emitted photon flux. A peak in the maximum efficiency limit as a function of Eg can be found,
demonstrating the fundamental trade-off between absorbed current density and maximum power
operating voltage.
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Figure 2.15: (A) The spectral irradiance emitted from a 5800 K blackbody radiator, the extrater-
restrial solar spectrum, AM0, the standard solar spectrum AM1.5G, and the direct-beam component
of AM1.5. An inset schematic demonstrates the definition of various AM spectra. (B) The spectral
irradiance of the sun under various AMs. Plotted spectra have been generated using SMARTS [68].

Figure 2.14 shows a plot of the limiting efficiency of a single-junction, non-concentrating
solar cell as a function of device bandgap energy. Vertical dashed lines show the bandgaps of
silicon and GaAs. Current record breaking efficiencies for a few select technologies are displayed
for both record breaking cells (circles), and recording breaking modules (squares).

2.5 Solar resource

In order to have a better understanding of the capabilities of solar cells to generate current, we
must consider the source of illumination - our neighbourhood Sun.

The sun radiates energy primarily from the ultraviolet (UV) to the infrared (IR), peaking in
the visible wavelength region. The emitted spectrum of the sun can be modelled as a blackbody
radiator with a characteristic temperature Ts ≈ 5800 K. A blackbody radiation spectrum is
displayed in Figure 2.15A with an example extraterrestrial spectrum of the sun given by AM0.
The blackbody radiation spectrum is reduced by the subtended angle of the sun on Earth. The
sun deviates from an idealized blackbody model due to photon absorption within the sun from
atoms, ions, and in rare cases molecules. The chemical species present in the sun (primarily
hydrogen, helium, with small amounts of carbon, nitrogen, oxygen, calcium, silicon, and iron)
result in specific absorption features, indicating electronic transitions.
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Given the angle the sun subtends in Earth’s sky, the amount of radiation received just
outside the Earth’s atmosphere (AM0) is relatively constant, around 1360 W/m2 [69, 70].
Further attenuation occurs as sunlight passes through the Earth’s atmosphere and scatters and
absorbs. The amount of attenuation depends on a variety of factors: the season of the year and
time of day, the location latitude, and variations in atmospheric constituents, and sky conditions
(clouds, aerosols, water vapour).

Air mass (AM) quantifies the path length of sunlight through the atmosphere normalized
to the path length when the sun is at a zenith angle of 0° (directly overhead). Standard
solar spectra have been defined based off AM to facilitate comparisons between PV devices.
For terrestrial applications, the standard solar spectrum is AM1.5G, where the ’G’ refers to
global radiation, including both direct and diffuse components. AM1.5D, on the other hand,
is the standard solar spectrum for only direct radiation. AM0 is the standard solar spectrum
for extraterrestrial applications without atmospheric attenuation from the Earth [70]. These
solar spectra are plotted in Fig. 2.15A. Some of the main absorption features of the Earth’s
atmosphere can be seen in the solar spectra for AM1.5G and AM1.5D. Water and CO2 in the
atmosphere cause significant absorption features in the near IR from 900 nm to 2600 nm.

AM1.5G is defined by when the sun is at a zenith angle of 48° with the receiving surface
at a tilt of 37°, and scaled to an irradiance of 1000 W/m2. These values were chosen to
represent an average location in continental USA [70]. However, the AM of the sun varies
throughout the year, depending on location, time of day, and season. Fig. 2.15B shows the
solar spectra for higher AMs, corresponding to lower solar elevation angles. Higher AM leads to
significant attenuation in the solar spectra and a shift in spectral content towards the near IR.
This means that though PV devices are optimized, tested, and rated at AM1.5G, in practice
device efficiencies can vary quite significantly depending on the illumination conditions of the
deployment location.

2.5.1 Irradiance components

The electromagnetic radiation emitted from the Sun and incident on Earth’s surface is often
measured and quantified by three common metrics in the PV field: direct normal irradiance
(DNI), diffuse horizontal irradiance (DHI), and global horizontal irradiance (GHI). A schematic
of these irradiance components is presented in Figure 2.16. DNI quantifies the amount of solar
radiation received per unit area by a surface perpendicular to the sun’s position in the sky.
This value typically includes circumsolar radiation, defined often as a 2.5° radius circle centred
on the sun [71]. DHI, on the other hand, characterizes the amount of radiation arriving on a
flat-plane surface that does not come directly from the sun and has been scattered by particles
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Figure 2.16: Components of solar irradiance: (A) DNI, (B) DHI, (C) GHI.

and molecules in the atmosphere. These two quantities together form the GHI, with the GHI
being defined for a surface horizontal on the Earth’s surface, as pictured in Figure 2.16C.

Thus, the GHI is calculated from the following equation, accounting for varied solar position
for the measurement of DNI:

GHI = DHI +DNI cos θ (2.57)

In this equation θ is the solar zenith angle, the angle subtended by the sun’s position in the
sky and a vertical line normal to the Earth’s surface, as labelled in Figure 2.16A.

2.5.2 Albedo

Ground-reflected irradiance can also compose a significant portion of incident irradiance on PV
systems, particularly for bifacial PV systems [72]. In the photovoltaic world, albedo quantifies
the reflectance of the ground over all possible solar angles by comparing upwelling to down-
welling irradiance [73]. This is typically done by measuring broadband solar radiance with two
pyranometers, one facing up towards the sky (as is done to measure GHI) and the other facing
towards the ground. Albedo, a, is then calculated as the ratio between these two values, with
values expected to fall between 0 (totally absorptive ground) and 1 (totally reflective ground):

a = GUI/GHI (2.58)

where GUI refers to global upwelling irradiance measured by the pyranometer facing towards
the ground [73]. Figure 2.17 shows an example measurement set-up for determining albedo2.

2Sky-facing pyranometers are recommended to be heated with sufficient power to melt any potential snow
accumulation, as can be seen in Fig. 2.17B. This meteorological station contains a separate heated GHI sensor,
not depicted, which is used for calculating albedo.
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Figure 2.17: The albedometer set-up at the E-W vertical test-site in Fairbanks, Alaska, maintained
by the Alaska Center for Energy and Power. Photo credit: William Fisher.

Albedo is commonly measured as a broadband value over the solar spectrum, but may also
be measured per wavelength to get a spectral albedo. Broadband albedo, abb , can be calculated
by integrating the measured spectral albedo, A(λ), by the standard solar spectrum of AM1.5G
over all available wavelengths, λ:

abb =

∫
A(λ) AM1.5G(λ) dλ∫

AM1.5G(λ) dλ
(2.59)

Figure 2.18 below shows the spectral and broadband albedos for fresh snow, green grass, dry
grass, and soil, given by solid and dashed lines, respectively. The albedo of soil is plotted using
data from the Simple Model of the Atmospheric Radiative Transfer of Sunshine (SMARTS)
database [68] and the remaining albedos are digitized from Ref. [74]. As we will see in later
chapters, the effect of albedo can be substantial for bifacial PV performance.

2.6 Drift-diffusion modelling

To model the performance of practical photovoltaic devices with non-radiative recombination,
surface texture, multiple layers, doping gradients, and 2D or 3D structure, optoelectronic drift-
diffusion models for semiconducting materials may be used. Here, we provide a basic outline
of drift-diffusion modelling via Synopsis Sentaurus technology computer-aided design (TCAD),
necessary to understand the background of the device physics modelling done in Chapter 5.
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Figure 2.18: Spectral and broadband albedos of fresh snow, dry grass, green grass, and soil [68,74].

Sentaurus is a modelling package for simulating optoelectronic semiconductor devices using
finite element and finite difference methods.

Sentaurus relies on a number of packages to perform various tasks in a device simulation.
A typical tool flow is depicted in Figure 2.19, indicating the flow of input and output files.

The Epi tool generates an epitaxially layered device by assigning materials, layer thicknesses,
and doping concentrations. The MatPar tool assigns remaining material parameters according
to detailed material parameter files, including parameters such as doping-dependent mobility,
recombination coefficients, and density of states. The Structure Editor tool creates contacts on
the material stack and generates a mesh, discretizing the regions according to user commands.
The mesh density is typically non-uniform throughout a simulation to optimize solution time and
ensure accuracy in regions with strong potential gradients and optical generation. The Sentaurus
Device tool performs the main analysis, using input files describing the device structure, material
properties, and simulation mesh.

Sentaurus Device solves for J-V curves by first computing Poisson’s equation (Eq. 2.36) to
determine carrier density under equilibrium. Optical generation given a defined input spectrum
is then calculated, followed by steady state electrostatic potential and carrier concentrations
using Poisson’s equation and electron and hole continuity coupled partial differential equations
(Eq. 2.34, 2.35, 2.36). These equations are solved numerically over the mesh while stepping
through a voltage sweep. EQE can also be calculated in this tool by solving the drift-diffusion
equations as a function of wavelength [76].

Results of the simulations done in Sentaurus Device can then be plotted and exported using
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Figure 2.19: Workflow of Sentaurus tools and input and output files, adapted from Ref. [75].
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Sentaurus Visual.

For a detailed example of simulating a simple p-n junction silicon solar cell in 1D in Sen-
taurus, please refer to Chapter 3 of of Ref. [75].

In this thesis, the workflow for simulating solar cells in Sentaurus is more complicated than
the picture provided in Figure 2.19. Figure 2.20 outlines the simulation workflow used in this
thesis. In order to accurately model bifacial solar cells, which have dual-sided textured surfaces,
the computation of optical generation must be calculated first in 3D. This 3D computation
involves using a Monte Carlo ray tracing approach with thin-film transfer matrix method (TMM)
boundary conditions to handle micron-scale surface textured structures with nanometer-scale
conformal thin films. Optical generation must be calculated for both front illumination and
rear illumination conditions, and are considered to be linearly additive for when the solar cell is
simultaneously illuminated from both sides.

The optical calculation is computed on the smallest repeating unit cell to reduce computa-
tional time. A process for converting the resulting 3D generation profile into a 1D profile that
can be used for lower-dimensional electrical simulations is described in detail in Refs. [77, 78].
The example Sentaurus project for a monofacial single-sided textured silicon solar cell in Ref. [77]
was modified by the author of this thesis to function for bifacial dual-sided textured solar cells.

41



Chapter 2

Figure 2.20: A schematic workflow of Sentaurus drift-diffusion modelling for textured bifacial solar
cells.
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Fundamentals of bifacial photovoltaics

Bifacial PV collects light on both faces
To enhance energy yields.

There are gains in many places
Especially snow-covered fields.

.
Modifications to traditional designs

Are minimal but required.
New modelling guidelines

Are under-development and desired.

❄ ❄ ❄

Beyond the semiconductor and solar cell physics presented in Chapter 2, additional cell and
system-level design considerations must be understood for a broader understanding of their
practical application. For this thesis in particular, bifacial photovoltaic designs are discussed.

Bifacial photovoltaics collect light on both front and rear faces by exposing rear-side semi-
conducting material to light absorption. The first bifacial solar cell design was filed for patent
by Hiroshi Mori in 1961 [79]. In the decades following, bifacial solar cells were investigated
for use in both terrestrial and space applications [80,81], with researchers noting the potential
cost-benefits of this additional rear-side absorption [81]. Mass commercialization of bifacial
modules has now been underway since the 2010s, with bifacial module manufacturing exceed-
ing monofacial manufacturing capacity in recent years to now compose between 80-90% of the
world solar cell market share [41].
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Figure 3.1: Irradiance sources for bifacial PV systems.

Figure 3.1 shows a sketch of a bifacial module, as viewed from the rear. Direct-beam,
diffuse, and ground-reflected light can be absorbed on both front and rear faces. This additional
absorption results in a bifacial gain, B:

B =
EYbi − EYmo

EYmo

(3.1)

where EYbi is the energy yield of a bifacial module or array and EYmo is the energy yield of
an equivalent monofacial module or array. Bifacial gain is often also reported and calculated
optically, using incident plane-of-array irradiance [82].

The energy yield bifacial gain of a PV system is fundamentally limited by the bifaciality of
the underlying solar cell design. The International Electrotechnical Commission (IEC) Technical
Specification 60904-1-2:2019 defines the measurement procedure for bifaciality coefficients φJsc,
φVoc, and φPmp [83]. Bifaciality coefficients are determined by measuring front-illuminated and
rear-illumination current-voltage curves under Standard Test Conditions (STC) (1000 W/m2,
AM1.5, normal incidence, and 25°C):

φJsc =
Jsc,r
Jsc,f

(3.2)

φV oc =
Voc,r

Voc,f

(3.3)
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φPmp =
Pmp,r

Pmp,f

(3.4)

where subscripts r and f refer to rear-illumination and front-illumination, respectively. On
module manufacturing sheets often only φPmp is reported.

Bifaciality coefficients typically fall between 60-90% due to semiconductor device properties,
differences in rear-side metallization patterns, and, in the case of full modules, other rear-side
obstructions such as junction boxes [84]. High bifaciality factors may be achieved through the
use of high quality c-Si substrates and high-symmetry device design, however, solar cells are
designed for optimal performance under front-side illumination, where most light is incident.
This often leads to bifaciality factors <1.

Including the solar cell design and associated bifaciality coefficients, the bifacial gain of a PV
system also depends on a number of system-design and environmental factors. These include the
mounting geometry (height, tilt, row-to-row separation, frames), rear-side mounting structure
(racking, torque tubes), ground albedo and spatial homogeniety, array design and size, sky
conditions, near-by obstructions, and geographical location [85]. Given the wide range of factors
that can influence bifacial gain, typical reported values fall in the range of 5-30% [74, 86–88],
but may be >50% in some cases [80, 89].

In the following sections, the design of common bifacial solar cells, modules, and systems
are discussed followed by an introduction to system-level bifacial modelling.

3.1 Solar cell design

The basic components of 1-junction silicon solar cells are a bulk n-doped or p-doped silicon
substrate, emitter, back surface field, ARC, and metallization in the form of busbars and fingers.
Bifacial solar cells enable the collection of rear-side light by using a metallization pattern of
fingers and busbars on the rear-face, in place of the full-surface rear-side metal contact used
in monofacial cells. Some common present and historic bifacial silicon solar cell designs are
provided in Figure 3.2.

For many decades, Al-BSF technologies dominated the silicon solar cell market, using mc-
Si p-doped substrates with aluminium doping by the rear-side metal contacts to form a back
surface field [91]. Bifacial versions of these cells were developed as early as the 1980s [92]. With
the dropping cost of high-quality c-Si wafers, PERC technologies entered the market, including
bifacial PERC technologies in 2017 [86]. PERC structures have been explored on both p-doped
and n-doped substrates [93].
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Figure 3.2: A schematic of common monofacial (A-D) and bifacial (E-H) silicon solar cell designs:
(A,E) Al-BSF, (B,F) PERC, (C,G) SHJ, and (D,H) TOPCon. Rear-side morphology is shown as
textured in all cases, but monofacial designs may be polished flat [90].

p-type PERC n-type PERC SHJ TOPCon
Bifaciality (%) 60-75 85-90 90-95+ 80-90

Table 3.1: Bifaciality of select modern silicon solar cell technologies.

Figure 3.2 also displays some emerging high-efficiency n-type substrate designs, namely
SHJ and TOPCon. SHJ designs (also commonly referred to as heterojunction with intrinsic
thin-layer (HIT)), were first introduced in 1997, with the patent opening to the public in 2010,
resulting in recent adoption [94]. SHJ cells consist of a c-Si substrate with thin-film doped
hydrogenated amorphous silicon (a-Si:H), thin-film intrinsic a-Si:H, and transparent conducting
oxide (TCO) layers on both front and rear faces [95]. Similar to how SHJ cell designs improve
bifacial solar cell efficiencies via surface passivation with a-Si:H, TOPCon cells improve rear
surface recombination by introducing contact passivation with an ultra-thin layer of silicon
dioxide and a thin layer of doped poly-silicon [96]. SHJ and TOPCon solar cell technologies
have achieved record monofacial efficiencies between 26-27% to date [97, 98]. With better
quality c-Si substrates and new techniques for passivating surfaces, bifacial cell efficiencies have
approached that of monofacial cell efficiencies.

The typical range of bifacialities of modern bifacial solar cell structures is provided in Table
3.1, with values based off Ref. [94] and Ref. [86].
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Figure 3.3: Module components and layers for monofacial and bifacial modules.

3.2 Module design

Solar cells are electrically connected in series and parallel and then packaged to make PV
modules. Modules typically consist of three strings of cells, each containing a bypass diode,
as visualized above the module in Figure 3.4. Bypass diodes protect individual solar cells from
entering reverse bias breakdown. Current is able to flow through a bypass route in the diode in
the scenarios where module shading would otherwise cause high reverse biasing.

After electrical connection, solar cells must be encapsulated using an encapsulant such as
ethylene-vinyl acetate (EVA) or a polyolefin elastomer (POE), and then structural support and
rigidity is supplied by application of heat-strengthened or tempered glass. For monofacial mod-
ules, an opaque rear-side backsheet is used to seal the module within an aluminium frame. In
the case of bifacial modules, this opaque backsheet is replaced with either a transparent back-
sheet or another layer of heat-strengthened glass (referred to as glass-transparent backsheet,
or glass-glass modules, respectively). Figure 3.3 shows the main layers and components of
monofacial and bifacial PV modules. A junction box contains the electrical wiring connections
for the module, and is often placed on the rear-side of modules. The optimum design and
placement of junction boxes for bifacial PV is an active area of research [99,100].

Modules with half-cut cells are being adopted by industry, where solar cells are diced and
connected in series. This reduces resistive losses in the module string, and can create a module
which is more tolerant to non-uniform illumination [101]. However, unpassivated raw cell edges
can also result in power loss if the edge-to-area ratio becomes too high [101].

Frameless modules have also been explored in recent years, as these modules reduce self-
shading. Frameless modules, however, can come with mechanical and durability challenges
[102].
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Figure 3.4: Diagram showing how PV cells get packaged into modules which then become deployed
PV systems. Bypass diodes are shown above the module for illustrative purposes.

Figure 3.5: Schematic diagram of various portrait and landscape PV mounting architectures, with
varying tier number.

3.3 System design

PV systems are composed of a series of electrically connected modules, with the modules
composed of electrically connected PV cells. This is visualized in Figure 3.4.

Modules are commonly mounted in PV systems in a few different configurations: “in por-
trait”, “in landscape”, and with or without multiple tiers. Some example configurations are
shown in Figure 3.5. For example, a “1-in-portrait” or 1-P PV system refers to a single level
of modules mounted with their short-side closer to the ground. A “2-in-landscape” or 2-P
system refers to two tiers of modules mounted in the same row with their long-side closer to
the ground.
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Figure 3.6: Common PV system configurations. (A) A south-facing fixed-tilt site located in Lule̊a,
Sweden, photographed by the author. (B) A SAT site located at Michigan Technological University
[103]. (C) A DAT site located in Fairbanks, USA [104]. (D) A east-west vertical bifacial site located
in Lule̊a, Sweden, photographed by the author.

PV systems may either be mounted at a fixed-tilt, or in a configuration that allows for
sun-tracking, depending on factors such as the projected levelized cost of electricity, available
land, and reliability concerns. Some common PV configurations with example site photographs
is provided in Figure 3.6.

Fixed-tilt systems are commonly deployed facing the equator (south-facing in the northern
hemisphere, north-facing in the southern hemisphere) at a tilt from horizontal around the
location latitude. This leads to a peak in PV production at solar noon. Fixed-tilt systems
may also be deployed in various other configurations, including being mounted at low tilt on
roof-tops, against the façades of buildings, or even vertically like a fence. East-west oriented
bifacial vertical fixed-tilt PV systems have been deployed in recent years in small-scale arrays of
<1MW. E-W vertical systems offer some potential advantages compared to traditional equator
facing fixed-tilt designs, discussed further in Section 4.4 and Chapter 6.

For tracked PV systems, modules must be mounted on rotating racking structures. In the
case of horizontal single-axis trackers (SATs), modules commonly rotate from the east to the
west along a torque tube, resulting in a horizontal tilt at solar noon. Double-axis tracker (DAT)
systems introduce an additional degree of freedom to track the sun similar to a sunflower.

Example PV production curves throughout a day for these system configurations is modelled
and plotted for reference in Figure 3.7 for a clear-sky day in June in Whitehorse, Yukon. Energy
yield is modelled in Dual-sided Energy Tracer (DUET) [105] for a central module in a utility-
scale array using typical meteorological year (TMY) data from the Canadian Weather-year for
Energy Calculation (CWEC) database. All modules are bifacial with a bifaciality of 75%.
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Figure 3.7: Clear-sky day PV module production curves for a south-facing latitude-tilt fixed-tilt
system, E-W vertical system, SAT system, and DAT system for June 15th in Whitehorse, Yukon.
Energy yield is normalized to peak with the DAT production peak. All systems are modelled as
bifacial.

The DAT PV production curve acts as a rough envelope for the maximum possible energy
yield due to tracking. In practice, rotation limits and sub-optimal tracking practices on non-
flat terrain or during cloudy days can reduce this modelled envelope [106]. Due to reaching
a horizontal tilt at solar noon, which increases cosine losses, the SAT energy yield slightly
decreases at solar noon. Both the DAT and fixed-tilt systems experience an energy yield peak
at solar noon. E-W vertical systems, as a contrast, experience two peaks during daily clear-
sky operation: one in the morning associated with sunrise in the east, and one in the evening
associated with sunset in the west. SAT system production similarly remains high in the morning
and afternoon due to east-west rotation capabilities. As a final note, vertical PV production
reaches a minimum at solar noon due to grazing angles-of-incidence on the vertical modules
leading to large reflection losses.

3.4 System modelling

Modelling of PV systems is critical for the design, financial analysis, and monitoring of PV
deployments. The modelling of bifacial PV is particularly challenging due to the need for robust
methodologies for capturing the optical and electrical effects of rear-side irradiance. This is a
complex problem due to the inhomogeneous spread of irradiance over module surfaces, which
is particularly prevalent for the rear-face in tilted or tracked systems [85]. Rear-side electricity
production is not simply proportional to optical gain either, it is reduced by the bifaciality factor
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of the module (described by Eqs. 3.2, 3.4, and 3.3) and can further incur electrical mismatch
losses in the system [107]. Rear-side shading and irradiance will change over the course of a
day, season, and depending on location and surrounding environment.

3.4.1 Sky models

In order to calculate the amount of incidence plane-of-array irradiance on the front and rear
faces of bifacial modules, a method for translating measured GHI, DNI, and DHI is required.
If measurements of DNI and DHI are not available, decomposition models using measured GHI
may be used [108,109].

The modelling of diffuse-sky contributions to plane-of-array irradiance is particularly complex
due to the wide range of sky conditions that can occur to generate a measured value of DHI,
and diffuse radiation is, by nature, not well-defined to a specific location. Thus, diffuse sky
models are required to simulate the distribution of DHI across the sky-dome.

Many models exist for simulating the distribution of diffuse irradiance across the sky [110],
however, by far the most common sky models employed by PV modelling platforms are either
the 1993 Perez sky model [111] or the 1990 Perez sky model [112]. In both models, the diffuse
sky is separated into three main components: a circumsolar region, a horizon region, and the
remainder of the sky dome. These irradiance components are visualized in Figure 3.8. The
total irradiance of the diffuse sky, when summed, is equal to the DHI.

In the more recent version of the Perez model (1993), cloudy conditions are accounted for
by adjusting five empirical coefficients describing the luminance distribution for different sky
clearness indexes [111]. The coefficients adjust the relative intensity and shape of the horizon-
zenith gradient, the circumsolar region, and the effect of backscattered light off the surface of
the Earth. These coefficients were determined using measured sky scans in Berkeley, California.
It has been shown that locally-optimizing the Perez model coefficients can significantly improve
model accuracy [110].

3.4.2 Irradiance transposition models

Techniques for calculating irradiance transposition given a diffuse sky model and measurements
of GHI, DNI, DHI, fall into three main categories: empirical models, view factor (VF) models,
and ray tracing models. As we will see in Section 3.4.4 for the DUET model, there may be
other techniques outside of these three main categories as well, though they are less common.
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Figure 3.8: A schematic of the Perez sky model with beam irradiance, circumsolar irradiance, isotropic
diffuse irradiance, and horizon brightening effects labelled.

Empirical models

Empirical models may be used to calculate PV plane-of-array irradiance by relating measured
irradiance components (GHI, etc.) to incident module irradiance using experimental data. Some
empirical PV models exist for predicting bifacial gain, requiring a simplified set of inputs such
as only albedo, clearance height, module tilt, and ground coverage ratio [84]. While useful for
their simplicity, empirical models cannot compete with the accuracy of models which require
more thorough inputs and model the specific geometry, electrical parameters, and locations of
PV deployments.

View factor models

View factor models calculate the radiation transfer between two surfaces, with the “view factor”
being the fraction of emitted energy from one surface which is incident on the other [113,114].
This is visualized in Figure 3.9A. In a 2D view factor model, the radiation transfer is calculated
in a reduced dimension by assuming rows of modules are of infinite extent. This allows for
fast computation time and is suitable for studying the performance of central PV modules
within utility-scale arrays. Several PV modelling platforms make use of 2D view factor models
for calculating bifacial PV performance, including PVSyst [115], the System Advisor Model
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Figure 3.9: Visualization of (A) view factor methodology, (B) ray tracing methodology, and (C)
finite-element methodology for irradiance transposition.

(SAM) [116], and bifacialVF [117]. 3D view factors, on the other hand, solve numerically the
radiation transfer between surfaces to capture the effects of finite array size, demonstrated in
Ref. [118] and Ref. [119].

Examples of view factor calculations for some example simple surfaces may be found in
Ref. [84] and Ref. [120].

Ray tracing models

Ray tracing algorithms rely on the concept of light ’rays’ where individual light ray reflection,
transmission, and absorption properties are traced within a 3D scene. The geometry of the
3D scene must be constructed given user inputs, and material properties governing reflection,
transmission, and absorption are assigned to each object within the scene. Backwards ray
tracing algorithms may be used to map the irradiance transfer outward from objects of interest.
This method decreases computation time by focusing on sampling ray paths relevant to the
object of interest [121]. A simple visualization of backward ray tracing is shown in Fig. 3.9B for
a PV system. The 3D nature of ray tracing techniques allows for modelling edge effects and the
effects of complex shading structures, particularly relevant for rear-side irradiance calculations
with racking.

Ray tracing models have been implemented for the PV field in, for example, bifacial radiance
[122] and SunSolve Yield [123]. Due to computational complexity, ray tracing simulations
require the use of high performance computers or cloud computing capabilities.
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3.4.3 Electrical models

In addition to the plane-of-array irradiance calculated using irradiance transposition models,
another critical input parameter for modelling PV system energy yield is the solar cell operating
temperature.

A variety of PV thermal models exist in the PV field. A few common empirical temperature
models are the nominal operating temperature (NOCT) model [124], the Faiman model [125],
and the Sandia model [126]. In the NOCT model, operating cell temperature, Tcell , is calcu-
lated to linearly increase with incident irradiance, G , given the module manufacturer reference
temperature, TNOCT :

Tcell = Tamb +
(TNOCT − 20)

800
G (3.5)

where Tamb is the ambient temperature of the outdoor PV deployment, and TNOCT is measured
under 800 W/m2 with ambient temperature 20°C and wind speed of 1 m/s.

In the Sandia model, a distinction is created between the module operating temperature,
Tmod , as measured from the module glass, and the underlying solar cell temperature. The cell
operating temperature is then calculated as a function of plane-of-array irradiance, ambient
temperature, wind speed, vw , and two empirical coefficients, a and b. Coefficients a and
b correspond to either open-rack or roof-mounted systems, and either glass-glass or glass-
backsheet packaging [126]. The equation for determining cell temperature with the Sandia
model is:

Tcell = Tamb +G(ea+bvw) +
G

1000
∆T (3.6)

where ∆T=3°C for bifacial modules.

The Faiman model also relies on two coefficients, U0 and U1 , corresponding to a constant
heat transfer coefficient and a convective heat transfer coefficient, respectively [125]. Cell
temperature is calculated as:

Tcell = Tamb +
G

U0 + U1vw
(3.7)

where values of U0 and U1 are available for seven different types of glass-backsheet modules
[125].

A few simple models for computing the electrical output of PV models given plane-of-array
irradiance and operating temperature exist. In the approach applied by PVSyst [113, 114], a
single-diode model is used to determine maximum power where the current is determined simply
by the product of the incident plane-of-array irradiance and a solar cell technology responsivity.
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Additional loss factors, such as electrical mismatch and soiling, must be applied following this
calculation.

In PVWatts [127], the DC power of the PV array is calculated given the module nameplate
power rating, Prated , and efficiency temperature coefficient, γ:

Pdc =
G

1000
Prated [1 + γ(Tcell − 25)] (3.8)

where Prated is measured at STC with 1000 W/m2 and 25°C. Similar to PVSyst, loss mech-
anisms, such as shading, soiling, snow accumulation, mismatch, and degradation, are applied
given default or user-defined values [127].

PV module current-voltage behaviour can instead be determined more accurately by cal-
culating individual IV curves for the module cells and following Kirchoff’s Laws. For example,
PVMismatch is a python package which computes module IV curves from cell IV curves by
appropriately summing cell IV curves in parallel and series, based on PV equivalent circuit the-
ory [128, 129]. Cell current-voltage behaviour is modelled using either a 1-diode model (Eq.
2.50 or Eq. 2.54), or a 2-diode model. In the 2-diode approach, recombination is accounted
for by having two 1-diode terms, one with an ideality factor of 1 and the other with an ideality
factor of 2. In this model, bypass diodes are treated as perfect conductors in the case when the
cell substring voltage is less than the bypass diode trigger voltage and perfect insulators other-
wise. Modelling approaches, such as that employed by PVMismatch, can account for effects of
shading and irradiance non-uniformity and thus, do not rely on user-estimates or default values.

In this thesis, modelling is completed on individual modules situated within larger PV arrays.
For modelling the power output of multiple strings of modules or full arrays, further calculations
can be done to combine module IV curves and account for effects such as maximum power
point tracking algorithms and DC-to-AC conversion.

3.4.4 Select bifacial photovoltaic models

The bifacial PV models employed in this thesis are briefly described below. Table 3.2 summarizes
some key capabilities of the models, including versions used throughout thesis simulations and
a comparison of computation time. With the exception of DUET, models have been used solely
for their optical capabilities.

PVSyst

PVSyst is a commercial PV software package used commonly in the PV industry to model system
performance and determine system sizing for stand-alone and grid-connected systems [115].

55



Chapter 3

PVSyst bifacialVF SAM bifacial radiance DUET

Main algorithm 2D VF 2D VF 2D VF Ray tracing 3D finite-
element

Spectral albedo ✗ ✗ ✗ ✓ ✗

Specular reflections ✗ ✗ ✗ ✓ ✗

Rear-irradiance non-
uniformity

✗ ✓ ✓ ✓ ✓

Rack shading ✓1 ✗ ✗ ✓ ✓

Edge effects ✗ ✗ ✗ ✓ ✓

Data resolution Hourly Sub-hourly Sub-hourly Sub-hourly Sub-hourly

Albedo resolution Monthly Sub-hourly Sub-hourly Sub-hourly Sub-hourly

Speed
(time/timestamp)2

<1 s 3 s <1 s 6 s 6 s

Version used v7.4.8 v0.1.8.1 v4.2.0 v0.4.2 v0-research

Table 3.2: Bifacial photovoltaic models.

PVSyst uses a 2D VF approach coupled with a single-diode module model to calculate PV
system performance. Loss factors, such as electrical mismatch, soiling, and rear-irradiance
non-uniformity, are applied in the model using user-defined or default correction factors.

bifacialVF

BifacialVF is an open-source python-based bifacial PV software developed by NREL for cal-
culating optical properties of PV systems under infinite row length assumptions [117]. The
model uses a 2D view factor approach for solving 1D linescans of front and rear plane-of-array
irradiance per timestamp, based off user-input geometry and weather files. Some electrical
modelling abilities are possible using a bilinear interpolation code add-on [130, 131], available
on the bifacialVF GitHub.

1Speed test was completed on a Windows 10.0 Dell OptiPlex 7020 computer with an Intel Core i5-4690
processor (4 cores) and 16GB of RAM.

2Rack shading is not calculated by the program, but can be implemented by defining a structure shading
factor.
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The System Advisor Model

SAM is a performance and financial model developed by NREL used to simulate a variety of
energy systems, including PV, wind, geothermal, battery, and hybrid systems [116]. PV mod-
elling is completed using a 2D view factor model. Grid-tied electrical modelling is then carried
out using PVWatts [127] based off user or library-defined module and inverter specifications.

bifacial radiance

Bifacial radiance is an open-source python wrapper using the ray tracing software RADIANCE
which calculates non-uniform 2D irradiance profiles on the front and rear sides of PV modules
within a 3D scene [122]. Developed by NREL, bifacial radiance can evaluate the 2D irradiance
profiles of any select module within a user-created PV array, including effects such as rack
shading, nearby obstructions, and edge-effects. The RADIANCE ray tracing algorithm uses a
backwards ray tracing approach with rays generated stocastically using a Monte Carlo algo-
rithm. Bifacial radiance uses PVMismatch software for computing power output and electrical
mismatch [128,129].

DUET

DUET, developed internally by the University of Ottawa with lead development by A. Russell
[105], is a 3D PV performance model which uses a numerical finite-element method to solve
3D view factor algebra. Irradiance transposition is calculated by segmenting the 3D scene,
including the sky, ground, and PV array, into a mesh of elements, as visualized in 3.9C. Radiation
transfer is calculated between, for example, the ground and the rear-side of a bifacial module by
calculating the summation of partial view factors from all ground elements to all rear-module
surface elements. Details on these calculations can be found in Ref. [120].

3D shading calculations are completed in the model using a ray-intersection algorithm, which
verifies whether the path between emitting radiation elements and non-emitting elements in the
scene are blocked by shading objects, such as the module frame or racking [105]. The emitted
ray can be completely or partially blocked by the shade object, depending on the material
transparency.

Electrical behaviour is solved using an approach similar to the 1-diode IV summation ap-
proach described for PVMismatch in Section 3.4.3. STC short-circuit current is solved by
multiplying the total incident power on the module by the module bifaciality and responsivity.
Correction factors which account for variations in spectrum can be applied at this stage. The
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current is then adjusted according to the current temperature coefficient of the module and
the operating cell temperature. Operating cell temperature can be calculated in DUET using
the NOCT, Faiman, or Sandia models described in Section 3.4.3. Current-voltage curves are
then calculated using a 1-diode model as in Eq. 2.54, and cell IV curves are combined using
equivalent circuit theory to determine module IV curves.

DUET can model the effects of half-cut cells as well as varying internal electrical wiring
schemes on output module power. Dynamic optical and module IV curves are computed for
each timestamp given user-input weather and solar resource files. Typically, calculations of
energy yield are computed using TMY data. Annualized and per timestamp PV performance
metrics, such as calculated plane-of-array irradiance, bifacial gain, electrical mismatch, and
energy yield, are output into data files. Figure 3.10 summarizes the main simulation workflow
in DUET.
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Figure 3.10: Schematic workflow of DUET, adapted from [105].
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High latitude environmental conditions

Northern environmental conditions
Include strong variation with season,

Significant snowfall traditions,
And temperatures that are freezin’.

❄ ❄ ❄

With the emergence of PV systems in northern high latitudes, it is crucial to understand the
impact of unique northern environmental conditions on PV system performance, data collection,
modelling, and reliability. The potential for solar PV in high latitude regions benefits from and is
challenged by the unique physical characteristics of these regions. In contrast to lower latitudes,
high latitude regions are characterized by:

• Dramatic seasonal variation

• Low solar elevation and large range of solar azimuth

• Higher diffuse fractions and less UV light

• High albedo from snowfall

• Lower average ambient temperatures

Key high latitude environmental physical characteristics are presented in the following sub-
sections: available solar resource, ambient temperature, and snowfall.1

1Note: Sections 4.1, 4.2, and 4.3 are the first draft contribution to an international collaborative review
paper on the opportunities and challenges associated with high latitude photovoltaics, led by Erin Whitney,
Director of the Arctic Energy Office in the US Department of Energy.
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Figure 4.1: Annual (A) GHI, (B) DNI, and (C) DHI as a function of latitude for ∼3000 locations.
Labeled stars indicate example locations of Accra (Ghana), Mexico City (Mexico), San Francisco
(USA), Ottawa (Canada), Oslo (Norway), and Fairbanks (USA).

4.1 Available solar resource

Annual solar irradiance components of GHI, DNI, and DHI are presented in Figure 4.1 for ∼3000
locations using hourly TMY files from the National Solar Radiation Database (NSRDB) [132].
A few example locations are indicated in the subplots by labeled black stars. On an annual
basis, the total amount of terrestrial solar insolation decreases as a function of latitude for GHI,
DNI, and DHI. This is largely driven by a decrease in solar resource during winter months caused
by the axial tilt of the Earth relative to our orbit around the sun. Figure 4.2A demonstrates the
cumulative GHI in three locations of differing latitudes (25°N, 45°N, and 65°N) on a monthly
basis. Seasonal effects are much more extreme for high latitudes, with the sun staying below
the horizon at winter solstice for latitudes at and above the Arctic Circle (66.56°N).

The seasonal effects of solar resource is shown in Figure 4.3A-D with monthly average
solar insolation plotted for March, June, September, and December of 2023. The geographical
data for making these plots was downloaded from the NASA Earth Observations website [133].
These subplots show the effect the length of daylight has on insolation patterns. Near the
summer solstice (June), high latitude regions are bathed in a large amount of solar irradiance.
In contrast, during the winter near the winter solstice (December) little to no insolation occurs.

The relative position of the sun in the sky over time follows a significantly different pattern
in high latitudes than at lower latitudes. To further characterize the effects of solar position,
the function get solarposition in pvlib was used [134]. Figure 4.4 shows latitude trends for solar
resource and sun path during the summer solstice, spring or fall equinox, and winter solstice.
Fig. 4.4A-E shows the solar elevation angle and solar azimuth traced by each day for locations
between 20-80°N. The length of daylight, maximum solar elevation angle, and range in solar
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Figure 4.2: Monthly (A) GHI, (B) average ambient temperature, and (C) average albedo for three
example locations: Culiacán, Mexico (25°N), Ottawa, Canada (45°N), and Fairbanks, USA (65°N).
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Figure 4.3: Average monthly map of the northern hemisphere for (A-D) solar insolation, (E-H)
surface temperature, and (I-L) albedo for March, June, September, and December. Data for creating
these plots was retrieved from Ref. [133].
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Figure 4.4: The solar elevation angle and solar azimuth for (A) 20°N, (B) 40°N, (C) 60°N, (D) 70°N,
and (E) 80°N locations during the summer solstice, spring or fall equinox, and winter solstice. (F)
The length of daylight, (G) maximum solar elevation, and (H) range of azimuth angle traversed by
the sun for each day as a function of latitude.

azimuths for the solstices and equinox are provided as a function of latitude in Fig. 4.4F-
H. Above 60°N, there is an extreme difference in day length at the solstices, very low solar
elevations, and very large solar azimuth ranges.

Not only does the total amount of annual and seasonal solar insolation change as a function
of latitude corresponding to differences in sun path, the spectral contents of the solar insolation
tend to change as well. Figure 4.5A demonstrates the annual GHI-weighted average diffuse
fraction as a function of latitude for several locations. Diffuse fraction is calculated as a ratio
between the DHI and GHI, and tends to increase as a function of latitude, though a wide range
of diffuse fractions are observed for locations at similar latitudes. Increasing diffuse fraction is
an indicator of frequent cloudy conditions. An example measured cloudy spectrum is provided
in Figure 4.5C with a clear-sky spectrum, both normalized at 500 nm. The cloudy spectrum
demonstrates a shift in spectral content compared to clear-sky atmospheric absorption.

Figure 4.5B shows the GHI-weighted annual average clear-sky AM for these same locations.
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Figure 4.5: Latitude trends for annual GHI-weighted average (A) diffuse fraction and (B) air mass.
(C) Example solar spectra for clear-sky and cloudy days. (D) Example solar spectra for AM1.5, AM3,
and AM5. The cloudy spectrum is digitized from Ref. [135].

GHI-weighted AM was calculated using pvlib’s get relative airmass function for all hours in a
year in each location [134]. Some example air masses are provided in Fig. 4.5D. More annual
solar irradiation tends to occur at higher AM for high latitudes, a consequence of lower solar
elevation angles. Higher AM shifts the spectral contents of solar irradiation away from the UV
and into the IR.

4.2 Ambient temperature

Ambient surface temperature on the Earth tends to decrease as one moves away from the
equator and towards the poles. Figure 4.6A shows the annual average ambient temperature for
∼3000 locations using NSRDB TMY files. The 98th percentile TMY measured annual high
and low ambient temperatures are provided in subplots Fig. 4.6B/C. Since each month in a
TMY dataset may be taken from a different year of historic data to represent a ’typical’ year,
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Figure 4.6: (A) Annual average ambient temperature as a function of latitude. The 98th percentile
annual temperature (B) high and (C) low in each location’s TMY dataset.

these 98th percentile high and low ambient temperatures do not capture extreme or anomalous
fluctuations in temperature, which are becoming more common [136].

Surface temperatures are nearly always lower at high latitudes when compared to lower
latitude regions regardless of season. Figure 4.2B shows the average ambient temperature
for three locations of varied latitude using TMY data. Ambient temperature varies seasonally
in all locations, but experiences the most dramatic fluctuations for higher latitude locations.
This can also be observed in Fig.4.6, by comparing the annual high and low temperatures
to the average temperature. For lower latitude regions, locations tend to have high and low
temperatures more similar to their annual average. Higher latitude locations tend to experience
more dramatic temperature swings, particularly towards colder temperatures during the winter
season when sunlight is scarce. In Fig.4.2B, the monthly average temperature fluctuates by
10°C in Culiacán (25°N) throughout the year while higher latitude locations of Ottawa (45°N)
and Fairbanks (65°N) fluctuate by nearly 35°C.

The seasonal effects of ambient surface temperature are shown for the northern hemisphere
in Figure 4.3E-H with monthly average temperatures plotted for March, June, September,
and December of 2023 using data from Ref. [133]. Near the summer solstice (June), high
latitude regions experience their warmest average temperatures due to an abundance of sunlight,
compared to the winter solstice month of December. Seasonal differences between equinox
months of March and September can be seen, with March experiencing significantly lower
temperatures than September due to Earth’s seasonal lag caused by the high latent heat of
water.
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Figure 4.7: (A) Average annual albedo as a function of latitude and (B) percentage of the year with
snow coverage.

4.3 Snow

Ice crystals may form in our atmosphere, grow, and eventually tumble to the Earth’s surface
as snow. Snowfall tends to occur primarily in the northern half of the northern hemisphere,
Antarctica, and in high altitude mountainous regions with sufficiently cool temperatures and
humidity. Albedo is widely used to characterize the reflectance of the Earth’s surface and can
be used as a measure for quantifying the presence of snow (see Section 2.5.2).

The annual average albedo and percentage of the year with snow cover for TMY locations
is provided in Figure 4.7. Snow coverage is calculated by assuming any timestamp with an
albedo >0.5 is due to the presence of snow on the ground. All hours of the year are considered
in this calculation, including timestamps with no sunlight. This figure gives an approximate
idea of how annual average albedo tends to increase with latitude, driven by periods of snow
accumulation during the year. However, the albedo timeseries data provided in TMY files are
limited in many cases, particularly for high latitude locations where data availability is low and
high quality ground-station or satellite measurements of albedo is sparse. In many cases, albedo
is simply assumed to always be 0.2 or 0, leading to a series of locations with average albedos at
0 and 0.2 in Fig.4.7A. This results in erroneously low snow coverage in Fig.4.7B, shown by the
data points at 0% for many high latitude locations. A dashed line that continues lower latitude
trends into high latitude regions is provided as a guide for the eye in Fig.4.7.

In some cases, a simple binary between fresh snow (albedo=0.85) and non-snow (albedo=0.2)
ground cover is also assumed in the datasets [137]. This can lead to an over-estimation of
ground albedo [11], as the albedo of snow tends to decay in time due to changes in chemical
composition and soiling [138]. The intial albedo of fresh snow may also be different due to
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Figure 4.8: A diverse array of photovoltaic system configurations can be found in high latitude
regions. (A) A south-facing fixed-tilt PV plant owned and operated by Lule̊a Energy, photographed
by the author. (B) A SAT test-site in Michigan [103]. (C) A DAT test-site in Fairbanks, Alaska [104].
(D) A 100-kW E-W vertical bifacial PV pilot plant installed by the Sunna Group in Lule̊a, Sweden,
photographed by the author. (E) A rooftop PV installation installed by SILFAB Solar in Toronto [140].
(F) PV modules integrated into the façade of the Nunavut Arctic College [32]. (G) An art installation
of PV panels called Pite̊a Solv̊ag, photographed by the author. (H) The Old Crow solar project, using
an E-W A-frame design [141].

variations in temperature, humidity, grain size, and impurity content [68,138,139]. Figure 4.2C
shows the average monthly albedo for three locations of varied latitude. For Ottawa at 45°N,
a binary albedo assumption can be seen, while the albedo for Fairbanks at 65°N is likely based
off ground-station measurements, leading to lower average winter time albedo. In Culiacán,
Mexico, the albedo does not vary dramatically with the seasons due to having no snowfall.

Figure 4.3I-L shows the same monthly average map of the northern hemisphere for surface
albedo, as measured by Ref. [133]. Close to the North Pole, snow is present on the ground
continuously throughout the year, but at more moderate latitudes albedo tends to dramatically
fluctuate with the seasons.
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Figure 4.9: Visualization of key technical northern PV performance outcomes, summarized in this
chapter.

4.4 Impact on system design & performance

The unique physical characteristics of high latitude regions lead to the use of unique and diverse
photovoltaic systems. Figure 4.8 demonstrates eight example PV sites found in snowy climates.

Some key generalized technical impacts of northern PV systems are introduced below and
tied into the results of this thesis’ journal articles and submitted manuscripts. Figure 4.9
summarizes the discussed impacts visually.

1. Vertical PV systems are competitive

In northern latitudes vertically oriented PV systems, such as that in Fig. 4.8D, become com-
petitive on an annual insolation and energy yield basis compared to traditional south-facing
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Figure 4.10: Annual cumulative plane-of-array insolation for (A) south-facing fixed-tilt, (B) SAT,
and (C) E-W vertical PV modules at different latitudes.

fixed-tilt PV [142–145]. This is driven by the increase in albedo, low solar elevation angles, and
tendency to have an increased portion of diffuse light [145]. Vertical systems are additionally
being explored in northern environments due to their ability to better load-match and improve
building self-consumption in the case of building-integrated façades or low-profile rooftop ar-
rays [143,146–148].

In addition to competitive annual insolation, vertical arrays have the added benefit in north-
ern environments of substantially reducing snow accumulation effects. Soiling effects from snow
and dust have been shown to be low or near zero for vertical PV in recent studies [147, 149].
This effect is additionally observed in the manuscript presented in Section 6.3 of this thesis.

Figure 4.10 shows the cumulative plane-of-array insolation received on south-facing fixed-
tilt, SAT, and E-W vertical PV modules in different locations (Hermosillo - 30°N, Golden -
40°N, Regina - 50°N, and Churchill - 60°N). These results were modelled using TMY data in
SAM (for a description of SAM, see Section 3.4.4) and neglects the effects of potential snow
accumulation on PV modules. Cumulative plane-of-array insolation is normalized to peak for
the lowest latitude location with the SAT PV module. E-W vertical insolation is similar to that
found for south-facing fixed-tilt systems in both Regina and Churchill.

Figure 4.11 shows the annual plane-of-array insolation for SAT, E-W vertical, and N-S
vertical modules relative to south-facing latitude-tilt fixed-tilt modules across the northern
hemisphere for ∼400 locations modelled in SAM without snow loss. There is a clear trend
towards more similar annual insolation values for different configurations, allowing for greater
opportunity to diversify PV systems in high latitudes. Including snow loss effects for tilted and
tracked PV systems will further enhance the relative performance of vertical PV systems in
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Figure 4.11: Annual plane-of-array insolation relative to south-facing fixed-tilt PV systems as a
function of deployment latitude.

locations with significant annual snowfall.

In this thesis, E-W vertical PV systems are included in the analysis of row spacing latitude
trends in the journal article presented in Section 6.1 [150]. In Section 6.3, the bifacial PV
models introduced in Section 3.4.4 are validated against E-W and N-S vertical irradiance data
collected in two test-sites. Finally, in Section 6.4, vertical site data for a system in Fairbanks,
Alaska is analyzed and discussed in the context of cold climate PV degradation.

2. Bifacial gain increases

Bifacial gain (Eq. 3.1) is well understood to increase with latitude due to long-lasting and
seasonal snowfall in northern latitudes [45–48]. Bifacial systems may also be able to shed snow
faster due to increased heating potential from the acceptance rear-side irradiance when the
front-side is covered by snow [151–153].

In this thesis the effect of snowfall on output PV performance motivates the work presented
in Section 5.2 [154]. The proportion of total insolation which is ground-reflected on the surfaces
of bifacial PV systems is shown to significantly increase with latitude in the publication presented
in Section 6.2 [72].
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Figure 4.12: Monthly plane-of-array insolation trends for a monofacial fixed-tilt PV module in Her-
mosillo - 30°N, Golden - 40°N, Regina - 50°N, and Churchill - 60°N.

3. Strong seasonal variation in solar resource directly translates to strong seasonal
swings in PV production

Due to the intrinsic tie between available solar resource and PV production, the large seasonal
differences in GHI seen in Fig. 4.2A directly correspond to large seasonal swings in PV produc-
tion. The monthly plane-of-array insolation of a equator-facing fixed-tilt PV module at a few
different latitudes is shown in Figure 4.12, to illustrate. Insolation was modelled using TMY
data in SAM. The energy yield of PV modules in northern latitudes have been measured to
dramatically change seasonally [143].

4. Snow accumulation can hault PV production

The presence of snow ground cover can greatly enhance the bifacial gain of systems in northern
latitudes, however, snow can also accumulate on the top surfaces of modules and block PV
production, resulting in a snow loss [155,156]. Snowdrifts accumulating around PV arrays can
also build up to the point of blocking sunlight [157]. Snow will tend to shed from the surface
of PV models during sunny conditions. Figure 4.13 shows some example photos taken by the
author of snow that is in the process of shedding from PV modules. In Fig. 4.13A, the effect
of tilt can be directly seen on the speed of the snow shedding. In this case, the modules are
frameless, and the snow slid evenly off the surfaces, with higher tilt modules clearing the snow
quicker. In Fig. 4.13B and 4.13C the same PV array can been seen with images taken about 30
minute apart as the sun broke through the clouds. In this case, the snow shedding is uneven.
Predicting the snow accumulation and shedding characteristics of PV arrays in snowy climates
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Figure 4.13: Images of snow shedding patterns on bifacial PV modules. Photos taken by the author
for (A) Pite̊a Solv̊ag and (B-C) a Lule̊a Energy PV plant.

is an active field of research [9,10,158]. The sudden shedding of snow off PV modules can also
pose a hazard in rooftop applications [159,160].

In this thesis, the effect of snow accumulation was found to have an impact on model
validation of a south-tilted fixed-tilt system in Alaska, presented in Section 6.3.

5. Photovoltaic conversion efficiency increases

Maximum power temperature coefficients of c-Si solar cells typically lie in the range of -
0.25%/°C to -0.40%/°C [161], with both maximum power and photovoltaic energy conversion
efficiencies increasing for the colder temperatures found in higher latitude locations. This is due
to increasing voltage with lower temperatures, discussed previously in Section 2.2.2. Figure 4.14
shows the measured module temperature over multiple years at 15-minute resolution for a SHJ
bifacial south fixed-tilt module deployed in Fairbanks, Alaska, described further in Ref. [143]
and with further site results given in this thesis in Sections 6.3 and 6.4. The median operating
temperature of the module is 15°C. In Fig. 4.14B, the output efficiency of a modelled bifacial
SHJ solar cell is shown using the dual-sided textured cell model developed in Sentaurus (see
Section 2.6) with an efficiency temperature coefficient of -0.07% abs. per °C. In low-to-mid
latitudes, PV operating temperatures typically fall between 20-50°C, while in tropical environ-
ments temperature can be as high as 50-60°C [162]. Given a -0.07% abs. per °C temperature
coefficient, a temperature change from 40°C to 15°C would result in an efficiency increase of
1.7% abs.

In this thesis, photovoltaic conversion efficiency is additionally shown to be improved for
higher air masses in Section 5.1 [163] and in the presence of fresh snow in Section 6.2 [72].
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Figure 4.14: (A) Example distribution of measured module temperature for a south-facing fixed-tilt
PV module in Fairbanks, Alaska. (B) Example photovoltaic conversion efficiency gain with lower
operating temperatures, as simulated in Sentaurus for a SHJ cell.

6. PV systems tend to degrade slower

The effect of climate on PV degradation has been studied in a number of scientific articles
[164–166]. A few such studies include cooler climates that can be found in northern countries
like Canada [33, 167, 168]. These studies have found indications that cooler climates tend to
result in slower PV performance degradation than warmer climates.

This thesis presents a manuscript which provides a to-date comprehensive review of the
effect of cold climates on PV degradation and performance loss rates, discussed in detail in
Section 6.4.

7. Uncertainty associated with energy yield modelling increases

High latitude environmental conditions lead to increased uncertainty in PV models. The causes
for this uncertainty is multi-fold: modelling uncertainty increases with cloudy conditions and
under high albedo conditions, PV models are not often validated in high latitudes, diffuse sky
models have been optimized in California, and, moreover, these uncertainties are exacerbated by
lower data availability and quality in northern latitudes. The effect of high latitude environmental
conditions on modelling uncertainty is discussed in detail in the journal article presented in
Section 6.3. Modelling error resulting specifically from spectral effects of albedo is discussed in
Section 6.2 [72]. Further research on the sparsity of irradiance stations and data quality issues
at high latitudes can be found in, for example, Refs. [169–171].
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Bifacial photovoltaic cell
characterization & measurement

This chapter details my work on the characterization of bifacial solar cells under varying il-
lumination conditions. Two papers are presented in this chapter, one which emphasizes the
impact of changes in front-incident solar spectrum as air mass increases (for a description of air
mass, see Section 2.5), and the other which develops a measurement technique for including
effects of the rear-side incidence solar spectrum caused by albedo (albedo - Section 2.5.2). This
research seeks to enhance the understanding of how emerging high-bifaciality designs respond
to variations in the spectral content of incidence light from both the front and rear, providing
pathways for improved modelling and measurement accuracy of bifacial structures under varied
illumination conditions.

5.1 Effect of air mass on current losses in bifacial silicon
heterojunction solar cells

In this paper the effect of spectra was investigated
Into high bifaciality cells.

A drift-diffusion model was created
For simulating carrier transport well.

.
Efficiency was found to peak

At an air mass of five point oh.
These results critique
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AM1.5 assumption status-quo.

❄ ❄ ❄

Scope and impact

Bifacial SHJ solar cells are characterized under high air mass operating conditions using the
optoelectronic drift-diffusion model developed in Sentaurus and introduced in Section 2.6. In
most PV system-level models, module performance is estimated by assuming nameplate effi-
ciency and power output, determined under the standard solar spectrum of AM1.5G. Deviations
from AM1.5G can enhance or diminish photovoltaic conversion efficiency, resulting in modelling
uncertainty up to a few percent. Air mass modifiers can be applied into PV system models,
however, estimates of these modifiers must first be calculated.

In this work, performance deviations from the standard solar spectrum of AM1.5G are
quantified for emerging SHJ solar cells.

This article has the following novelties:

1. A dual-sided textured bifacial solar cell model is developed and validated in Sentaurus,
capable of simulating various operating conditions on bifacial SHJ solar cell performance.
Measurements of the complex index of refraction for a-Si:H and indium tin oxide (ITO)
layers are provided, alongside a parameterization of the density of states in a-Si:H layers.

2. Current loss mechanisms are quantified as both a function of wavelength and voltage for
varied solar spectrum incident on the front and rear.

3. I-V parameters, including short-circuit current, maximum power, and efficiency, are pro-
vided as a function of air mass, and may be incorporated as air mass modifiers into PV
system models.

4. Cell efficiency is found to peak at an air mass of AM5, rising by 0.5% abs. from AM1.5G
to AM5G, due to decreased parasitic absorption in passivating surface layers.

Overall, we find that changes in spectral content are especially important for cell structures
with high bifaciality, for locations with large portions of diffuse light, and in mid-to-high lat-
itude locations where solar elevation tends to be lower throughout the year. Our results may
inform future bifacial SHJ solar cell designs, SHJ system-level modelling, and provide motivation
towards region-specific cell optimization.
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Effect of air mass on carrier losses in bifacial silicon heterojunction 
solar cells 
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A B S T R A C T   

We investigate the effect of incident spectra on current loss as a function of depth and voltage into high efficiency 
textured bifacial silicon heterojunction solar cells. We integrate thin-film ellipsometry measurements with a 3D 
optical model and a 2D electronic model and validate our model with measurements of external quantum effi
ciency and Suns-Voc. For front illumination at normal incidence, an increasing air mass of AM1.5 to 10 reduces 
current density loss due to parasitic absorption in ITO and a-Si:H from 8.1% to 4.0%, and increases recombi
nation loss at maximum power from 4.2% to 4.7%, resulting in an overall increase in collected current (88.2% to 
90.5%). Cell performance metrics are summarized as a function of air mass, with efficiency peaking at AM5.0 for 
front illuminated and rear illuminated cells with an albedo of unity. We further demonstrate the impact of 
spectra on bifacial efficiency by calculating rear-side performance with the spectral albedo of dry grass. Overall, 
current-collection and efficiency trends emphasize the importance of considering spectral effects in energy yield 
models. These results are of particular importance for cell structures with high bifaciality and significant spectral 
albedo contributions, locations with large proportions of diffuse light, and high air mass locations as in mid-to- 
high latitudes.   

1. Introduction 

Silicon heterojunction (SHJ) solar cell technology is rapidly 
increasing in global market share, with industrial production lines able 
to reliably produce cells with efficiencies as high as 24% using stream
lined low-temperature deposition techniques [1]. At the same time, the 
global market-share of bifacial photovoltaics (PV) is growing at a 15% 
compound annual growth rate and is predicted to overtake monofacial 
PV within the next decade [2] as a consequence of their enhanced en
ergy yield potential and diminishing cost premiums. SHJ is an excellent 
candidate for use in bifacial panels, demonstrating the highest bifa
cialities (>95%) of all silicon technology thus far [3]. Understanding the 
nature of carrier transport in SHJ solar cells that gives rise to such high 
efficiencies has been a topic of much discussion [4]. The interfaces, 
discontinuities, and band-offsets present in such structures influence and 
often dominate carrier movement. Previous studies have shed light on 
potential mechanisms for carrier transport in SHJ cells in different bias 
regimes, including diffusion processes, thermionic emission, barrier 

tunneling, and multistep tunneling through mid-gap defect states [4–7]. 
Recombination pathways through mid-gap defect states in crystalline 
silicon, mid-gap states in amorphous silicon, and interface defects 
contribute to carrier loss, and can change the primary mechanism of, or 
even dominate over, carrier transport. Within these studies some 
consensus has been found, suggesting that high forward-bias regimes 
around the cell maximum power point operation in high-efficiency SHJ 
cells are diffusion dominated [6]. Carrier diffusion is limited by barrier 
heights at hetero-interfaces, and recombination events throughout the 
structure resulting from crystal lattice dislocations, impurity atoms, and 
surface defects [8,9]. To identify avenues for further efficiency en
hancements in bifacial operation, quantification of recombination 
mechanisms throughout bifacial SHJ cells is required. While others have 
explored the impact of bifacial illumination on overall cell and module 
performance [10–12], detailed investigations of cell-level phenomena 
can provide further insight. 

In this paper, we have developed and employed an optoelectronic 
model to quantify generation and recombination rate trends throughout 
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bifacial SHJ solar cells for both front and rear illumination as a function 
of spectra for the first time, to the authors knowledge. We use our model 
to investigate individual Auger, Shockley-Read-Hall (SRH), and radia
tive recombination mechanisms as a function of depth from the front- 
face of a bifacial SHJ device. Additionally, we study the effect of vari
ations in incident spectra to elucidate their influence on generation, 
recombination, current density loss, and cell efficiency. We take a 
particular interest in investigating incident spectra outside of standard 
test conditions (STC) and explore high air mass (AM) conditions and the 
influence of spectrally resolved albedo, as real-world operating condi
tions rarely occur at STC [12]. Our high AM results are relevant for 
mid-to-high latitude locations, where GHI-weighted average AMs are 
above 1.5 [13]. Furthermore, we support our simulated results with 
measurements of bifacial SHJ solar cell external quantum efficiency and 
Suns-Voc. 

2. Materials and methods 

2.1. Fabrication 

Hydrogenated amorphous silicon (a-Si:H) layers and indium tin 
oxide (ITO) layers were deposited on substrates of c-Si for optical 
characterization of each material. Substrates first underwent a 10 min 
RCA-B (6:1:1 H2O:H2O2:HCl) ionic clean at 75◦C, followed by a 10 min 
piranha (8:1 H2O:H2SO4) organic clean at 110◦C, and a 10 min buffered 
oxide etch at 25◦C prior to thin film deposition. An Applied Materials 
P5000 Plasma-Enhanced Chemical Vapor Deposition (PECVD) tool was 
used for deposition of doped and intrinsic a-Si:H at 250◦C, alongside 
combinations of silane (SiH4), hydrogen (H2), phosphine (PH3), and 
diborane (B2H6) gases. Indium tin oxide (ITO) was sputtered to a 
thickness of 70 nm at 1 kW with 3% oxygen gas flow at a pressure of 5.5 
mTorr onto glass substrates that had been cleaned for 5 min with soni
cation in acetone, isopropanol, and distilled water. ITO samples were 
then annealed for half an hour at 280◦C. 

A J. A. Woollam M-2000 ellipsometer was used to obtain optical 
constants of deposited thin films with Tauc-Lorentz and Lorentz-Drude 
models for a-Si:H and ITO layers, respectively. Fig. 1 displays the com
plex index of refraction results for our thin films. These same materials 
were deposited on full 156 × 156 mm2 bifacial SHJ cells using similar 
processing steps. Cells were completed with silver metal paste screen 
printed on front and rear faces. Additional measurements of optical 
constants, including as-deposited ITO and varied film thicknesses, have 
been reported in Ref. [14]. 

2.2. Optoelectronic model 

We model bifacial SHJ solar cells in Synopsys TCAD Sentaurus. To 
model front and rear regular inverted pyramidal texturing, optical cal
culations are completed on the unit cell of a 3D quarter inverted pyramid 
(side-wall angle 54.7◦, height 7 μm) with reflective boundary condi
tions, shown in Fig. 2. Measured complex index of refraction of ITO and 
a-Si:H thin films (Fig. 1) are used as optical model inputs. The thin film 
effects of ITO and a-Si layers are computed using the transfer matrix 
method, then applied as boundary conditions within a Monte Carlo ray 
tracing algorithm on the front and rear faces of the c-Si substrate. 
Complex reflection and transmission coefficients are used to compute 
the probability of a ray being reflected or transmitted when impinging 
on an interface, including the rear facet, with incident, reflected, and 
transmitted angles governed by Snell’s Law. Rays are initialized in air 
propagating along the z-axis towards either the front or rear, resulting in 
a 3D wavelength-dependent profile of the carrier generation rate. As 
described in Ref. [15], we collapse this 3D profile to 1D by averaging 
over x- and y-dimensions while transforming z-coordinates (depth) ac
cording to the light-travel distance into the structure. We model a total 
effective thickness of 180 μm, which includes the front and rear surface 
texture. ITO and a-Si:H layers on the front and rear of the SHJ structure 
are modelled as parasitic absorbers, with all generated carriers in these 
layers considered lost, a reasonable assumption given their low collec
tion efficiencies (0–30%) reported in literature [16,17]. This assumption 
will result in slightly over-estimating parasitic absorption loss. We run 
simulations for both front-only illumination and rear-only illumination. 

For electrical calculations, a 2D cell structure spanning 1100 μm (the 
half-width between fabricated grid lines) is simulated by solving Pois
son’s equation coupled with electron and hole continuity equations to 
generate depth-resolved recombination rate profiles [18]. The previ
ously calculated 1D optical carrier generation profile is applied uni
formly across the cell, except for the regions under the contacts (70 μm 
half-width, 6.4% shading) which are left dark. Fig. 2 outlines a sche
matic of the simulation workflow for front-illumination. 

For accurate modelling of a-Si:H layers, the density of states (DOS) 
localized within the a-Si:H bandgap must be defined [19–21]. We model 

Fig. 1. Measured complex index of refraction for a-Si:H layers and ITO with 
ellipsometry. 

Fig. 2. Model schematic based on fabricated bifacial SHJ cell design, with (a) 
optical calculations computed on a 3D quarter inverted pyramid structure, and 
(b) electrical calculations computed on a 2D cell. Rays are labelled for z- 
propagating front illumination. Inset: DOS for doped a-Si:H layers. 
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exponential Urbach band tails and Gaussian mid-gap states with both 
donor-like states and acceptor-like states, as presented in Fig. 2b. The 
equations below describe the distribution of Urbach band tails (gDT and 
gAT) and mid-gap states associated with dangling bond defects (gDM and 
gAM) for donor and acceptor states, respectively: 
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where NDT and NAT are the effective density of states for donor and 
acceptor states in the band tail near the conduction band edge (EC) and 
valence band edge (EV), respectively; and characteristic energies are 
given by ED and EA for donors and acceptors. Similarly, for the mid-gap 
states, NDM and NAM correspond to the effective density of states, while 
EDp and EAp select the energies where the peak density of donor and 
acceptor states occur, relative to the band edges. Finally, σ characterizes 
the width of the distribution of states in the bandgap. Parameters gov
erning the distribution of defect states in a-Si:H are adapted from 
Ref. [22], and are based upon previous experimental and theoretical 
studies of a-Si:H [23–25]. 

Conventionally, the loss of modelled surface area when collapsing a 
3D textured optical model to an equivalent flat 2D electrical model is 
incorporated into simulations through an Auger and SRV texture 
multiplier, typically 1.7 for random pyramid texturing [26,27]. 
Accordingly, we assume a multiplier of 1.7 for Auger recombination. 
While typical SRVs are around 1 cm/s for similar structures [28,29], our 
model is insensitive to SRVs of 10 cm/s and lower as other loss mech
anisms dominate. We therefore assume a SRV of 10 cm/s at a-Si:H in
terfaces to account for non-ideal passivation quality and the effect of 
surface area loss. Additionally, thermionic emission and band-to-band 
tunneling models are active at hetero-interfaces. 

An ohmic contact is modelled between ITO/a-Si:H layers, assuming a 
well-aligned work function [30,31] and an ITO bulk resistivity of 1 ×
10− 3 Ω cm (150 Ω/□) for test-cells and 2 × 10− 4 Ω cm (30 Ω/□) for cells 

with optimized ITO layers [32–34]. Test cells fabricated for model 
validation have estimated ITO sheet resistances of 150 Ω/□, but 30 Ω/□ 
is achievable for optimized fabrication processes that balance optical 
and electrical losses [35,36]. This includes free carrier absorption, re
sistivity, and reflectance. Due to lack of measured values and low cur
rent densities, we simplify our model by using the same measured 
refractive index for both resistances. 

Electrical simulation input parameters, including those governing a- 
Si:H defect states, are summarized in Table 1. We have assumed an input 
SRH lifetime of 2 ms, corresponding to the lower bound of our c-Si wafer 
rated quality. All results presented in this paper are for a temperature of 
300 K with Fermi statistics enabled. 

Finally, to demonstrate the impact of albedo on rear-side perfor
mance, we consider two rear-side scenarios: an albedo of unity and a 
spectrally-resolved albedo for dry grass provided in Ref. [37]. Air mass 
spectra used in this work are generated from SMARTS by varying the air 
mass of AM1.5G parameters [38,39]. The irradiance (280–4000 nm) and 
total incidence current (280–1200 nm) for each AM are provided in 
Table 2. 

3. Results and discussion 

3.1. Experimental results and model validation 

To validate our model parameterization and elucidate collection 
efficiency behavior as a function of wavelength, we measured the 
external quantum efficiency (EQE) of a fabricated bifacial SHJ solar cell 
with random upright pyramid texturing. We performed measurements 
on a reflective chuck, and thus for direct comparison, a back-reflector 
was added to the model. To best match the light-trapping effect of 
random pyramid texturing while working with a repeating structure, we 

Table 1 
Input parameters.  

Parameter p a-Si:H i a-Si:H n a-Si:H n c-Si 

Thickness (nm) 11 6 5 180,000 
Bandgap (eV) [37] 1.7 1.7 1.7 1.12 
Electron affinity (eV) [37] 3.9 3.9 3.9 4.07 
Permittivity (F/m) [37] 11.9 11.9 11.9 11.7 
Electron mobility (cm2/Vs) [40] 5 20 5 1417 
Hole mobility (cm2/Vs) [40] 1 5 1 470 
Doping concentration (cm− 3) 1 × 1019 1 × 1014 1 × 1019 2 × 1016 

SRH electron lifetime (s) 1 × 10− 7 1 × 10− 7 1 × 10− 7 2 × 10− 3 

SRH hole lifetime (s) 1 × 10− 7 1 × 10− 7 1 × 10− 7 2 × 10− 3 

Effective electron band density of states (cm− 3) [41] 2.5 × 1020 2.5 × 1020 2.5 × 1020 2.9 × 1019 

Effective hole band density of states (cm− 3) [41] 2.5 × 1020 2.5 × 1020 2.5 × 1020 1.8 × 1019 

Exponential band tails Density of states (cm− 3 eV− 1) [21] 2 × 1021 2 × 1021 2 × 1021 – 
Donor characteristic energy (eV) [21] 0.06 0.06 0.06 – 
Acceptor characteristic energy (eV) [21] 0.03 0.03 0.03 – 
Donor state capture cross section: e, h (cm2) [40] 1 × 10− 14, 1 × 10− 16 1 × 10− 14, 1 × 10− 16 1 × 10− 14, 1 × 10− 16 – 
Acceptor state capture cross section: e, h (cm2) [40] 1 × 10− 16, 1 × 10− 14 1 × 10− 16, 1 × 10− 14 1 × 10− 16, 1 × 10− 14 – 

Gaussian mid-gap states Density of states (cm− 3 eV− 1) [21] 5 × 1017 1 × 1014 5 × 1017 – 
Donor peak energy (eV) [21] 0.48 0.48 0.48 – 
Acceptor peak energy (eV) [21] 0.70 0.70 0.70 – 
Standard energy deviation (eV) [21] 0.23 0.23 0.23 – 
Donor state capture cross section: e, h (cm2) [40] 1 × 10− 14, 1 × 10− 16 1 × 10− 14, 1 × 10− 16 1 × 10− 14, 1 × 10− 16 – 
Acceptor state capture cross section: e, h (cm2) [40] 1 × 10− 16, 1 × 10− 14 1 × 10− 16, 1 × 10− 14 1 × 10− 16, 1 × 10− 14 –  

Table 2 
Incident air mass power.  

AM Irradiance (W/m2) Jinc (mA/cm2) 

1.1 1075 49.6 
1.5 1000 46.4 
2 862 40.3 
3 673 31.8 
4 553 26.3 
5 469 22.4 
7 356 17.1 
10 255 12.2  
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simulate periodic inverted pyramid texturing, which has been shown to 
provide Jsc to within 1% of random texturing [14,46]. Fig. 3a/b dem
onstrates excellent agreement between experimental measurements and 
simulations, with computed Jsc within ~0.1% and ~1% of the experi
mentally extracted Jsc for front and rear AM1.5 illumination, respec
tively. Our fabricated cell has a high measured bifaciality of 97.3% at 
AM1.5 and agrees well with simulated 96.5% bifaciality. 

Further, Suns-Voc measurements were completed on a fabricated 
bifacial SHJ test cell using a Sinton Instruments WTC-120, and are 
compared to simulated front-face current-voltage (I–V) behavior in 
Fig. 3c. Input Jsc is taken to be the same as modelled results, in line with 
<0.1% disagreement found for front-illuminated EQE. Pseudo cell per
formance metrics derived from the Suns-Voc measurement are provided 
in the inset of Fig. 3c, corresponding to I–V behavior in the absence of 
series resistance. Our modelled curve deviates, as expected, from the 
pseudo curve vertical slope near Voc due to simulated non-zero series 
resistance, and presents a small 0.4% discrepancy in Voc. Measured FF 
and η both differ by 0.1% abs. compared to simulation, demonstrating 
close performance predictability for fabricated cells with optimized re
sistances. Future optimization of ITO deposition parameters for 
improved conductivity will increase fabricated cell efficiency. All 
following results assume an ITO resistivity of 2 × 10− 4 Ω∙cm. 

3.2. Recombination and generation 

Using our validated model, we calculate the generation and recom
bination rates of the bifacial SHJ structure of Fig. 2 as a function of depth 
measured from the front air/ITO surface. Fig. 4 outlines important 
physical phenomena under cell operation at maximum power (Pmax). 
Our model assumes purely parasitic absorption in films of ITO and a-Si: 
H, resulting in zero carrier generation in these layers [16,17]. 

The electronic band structure of our SHJ cell is provided in Fig. 4a, 
and demonstrates good a-Si:H front and rear-surface fields for the case 
where the cell is front-illuminated with standard global-irradiance 
reference spectrum, AM1.5G. The large valence band-offset of 0.45 eV 
at the rear c-Si/a-Si interface prevents minority carriers (holes) in the c- 
Si wafer from recombining at the rear surface. Likewise, a barrier of 
0.15 eV in the conduction band in addition to a continued rise of 0.3 eV 
in front a-Si:H films prevents majority carriers (electrons) from reaching 
the front surface. These simulated band-offsets are equivalent to previ
ously measured offsets for SHJ cells [9]. 

Electron and hole carrier densities are calculated as a function of 
depth into the solar cell from the front air/ITO interface for air masses of 
1.5, 3.0, and 5.0, and plotted in Fig. 4b. We calculate a minority carrier 
density of <1013 cm− 3 in the a-Si:H layers, indicative of front-side 
conduction and rear-side valence band-offsets at hetero-interfaces 
creating effective barriers against electron and hole carrier transport, 
respectively. Our simulated decrease in minority carrier density in these 
layers results in negligible recombination of c-Si-generated carriers in 
these thin front and rear surface films. 

In Fig. 4c we plot the effect of varying AM on generation and 
recombination rates for front-illumination. Due to our choice of 
analyzing at Pmax voltages, all recombination rates are mostly flat 
throughout the c-Si depth; for other voltages, recombination rates vary 
as a function of depth. At Pmax for all AM, Auger recombination reaches a 
local minimum while SRH recombination reaches a local maximum just 
beyond the depletion region, with the depletion region spanning 
0.08–0.13 μm depths. As Auger recombination is known to have a small 
impact for low carrier density [42–44], the dip in Auger recombination 
around the depletion region is expected as carriers are being swept away 
from this area. Similarly, Shockley-Read-Hall recombination exhibits 
expected behavior, peaking where carrier concentrations are equal [8, 

Fig. 3. Measured (data points) and simulated (lines) performance: (a) EQE of a bifacial SHJ solar cell; (b) extracted Jsc behavior as a function of AM; and (c) I–V 
behavior with measured Suns-Voc. 
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45]. Radiative recombination remains low, between 1–3 × 1016 

cm− 3s− 1. We calculate minimal changes in recombination rates in the 
depletion region for varying AM due to the effectiveness of the electric 
field at clearing away carriers from this region, regardless of changes in 
carrier generation rate [8]. Fig. 4b additionally shows this behavior, 
with hole and electron densities remaining the same in the depletion 
region as AM varies. Thus, variations in incident spectra predominately 
affect the recombination rates outside the depletion region, in the bulk 
of the c-Si. 

In our structure, intrinsic recombination limits device efficiency with 
Auger recombination dominant at Pmax operation and SRH closely 
following. Though not shown here, we compute similar recombination 
rate behavior for rear illumination, both with and without spectral al
bedo applied. For the rear, all recombination rates are higher by one 
order of magnitude throughout the c-Si due to the overall increased 
diffusion lengths required by carriers to reach the p-n junction. 

As AM increases, the optical carrier generation rate decreases due to 

an overall loss in incident light intensity and shifts in shape with more 
carriers generated deeper into the c-Si. While generation and recombi
nation behavior changes with AM and albedo, the overall effect of 
spectral variations becomes clearer when we consider current loss and 
current collection, ultimately leading to cell performance metrics, like 
Pmax and efficiency (η). 

3.3. Cell performance 

Current collection and losses via parasitic absorption and recombi
nation are presented in Fig. 5 for front and rear illumination under two 
AM spectra, 1.5 and 5.0. We selected AM5 as it displays the largest ef
ficiency discrepancy compared to AM1.5 over the AM range of 1–10. In 
each sub-plot, current is normalized to its own total photogenerated 
current, Jph, and voltage is normalized to its own open-circuit voltage, 
Voc. Overlaid text describes Jph, Jsc, current density at maximum power 
(Jmp), Voc, fill factor (FF), and η. For both front and rear illumination, as 

Fig. 4. Pmax cell operation for front illumination as a function of depth and AM. The white dashed region is the depletion region.  
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AM increases, proportionally fewer carriers are lost to parasitic ab
sorption in ITO and a-Si:H. This is expected due to reduced ultraviolet 
(UV) light content leading to proportionally fewer carriers being 
generated in surface films. As voltage increases, recombination in c-Si 
dominates over parasitic absorption losses, with Auger and SRH con
tributions similar at Pmax, as anticipated from Fig. 4c. For front AM1.5 
illumination, 88.2% of the total carriers absorbed in the cell are 
collected at Pmax. This collection increases to 90.5% for AM5.0. Like
wise, for the rear, total current collection increases from 87.6% to 89.7% 
from AM1.5 to AM5.0. As a result, efficiency follows similar trends. 

We anticipate that incident spectra containing proportionally more 
photon energies in regions of high EQE (~500–1000 nm, see Fig. 3a) 
will have higher overall collection efficiencies. This effect is shown in 
Fig. 6, with wavelength-resolved current losses provided as a function of 
applied bias for front (a-d) and rear (e-h) illumination. Symbols in panels 
a–d reference voltages in Fig. 5a. We plot the current loss mechanisms 

for front-surface film and rear-surface film parasitic recombination 
(Jparasitic, front, Jparasitic, rear), transmittance (JT), reflectance (JR), and 
total recombination (Jrec). For these simulations, we have removed the 
effect of a reflective chuck as well as finger-shading losses. The voltage 
given in Fig. 6b represents the Pmax voltage for AM1.5 illumination, and, 
in overlay, shows the normalized spectral irradiance of AM1.5 and AM5. 
Proportionally more incident current (Jinc) is available for collection by 
the cell (Jcell) when higher AM are considered due to the spectral shift 
away from the UV and towards the near-infrared. This shifted spectrum 
is better matched with the c-Si spectral response and its band-edge. As 
applied bias increases beyond Pmax, the proportion of current lost to c-Si 
recombination rapidly increases, particularly between 400 and 1000 
nm. For rear-side performance most parasitic absorption occurs in the 
rear ITO and a-Si:H layers. Rear-side c-Si recombination loss is also 
increased compared to front-side, consistent with Fig. 5, and occurs 
primarily between 400 and 1000 nm wavelengths. This increase is seen 

Fig. 5. Current-voltage behavior for front and rear illumination with AM1.5 and AM5. Y- and x-axis limits for each subplot are set, respectively, to the total absorbed 
current density and open-circuit voltage for each incident spectra. Total incident current from 0.3 to 1.2 μm, Jinc, is provided. Symbols in (a) correspond to voltages 
plotted in Fig. 6. 

Fig. 6. Current losses as a function of wavelength for front illumination (a–d) and rear illumination (e–h) under 0 V, 0.625 V, 0.675 V, and 0.7 V. Panel (b) represents 
Pmax biasing for AM1.5 illumination and includes superimposed AM of 1.5 and 5. AM5 is normalized to have the same total power as AM1.5. Colors correspond to 
proportion of current collected in the cell and lost to parasitic absorption, transmission, reflection, and recombination. Symbols in (a–d) correspond to voltages 
plotted in Fig. 5a. (For interpretation of the references to colour in this figure legend, the reader is referred to the Web version of this article.) 
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in Fig. 6e compared to Fig. 6a for zero applied bias, but is present across 
all voltages. 

Fig. 7 summarizes the effect of AM up to AM10 on cell performance 
metrics – parasitic absorption loss, recombination loss, Jmp, Jsc, Pmax, 
Voc, FF, and η – for front illumination, rear illumination with unity al
bedo, and rear illumination with dry grass spectral albedo. As previously 
discussed, increased AM results in a dramatic decrease in parasitic ab
sorption (Fig. 7a) for all considered scenarios. This is particularly the 
case for front illumination and rear illumination with unity albedo 
where parasitic absorption halves from AM1.5 to AM10. While parasitic 
absorption decreases with higher AM, we instead observe that the pro
portion of current lost to recombination (Auger, SRH, and radiative in c- 
Si) increases by 0.5% abs. from AM1.5-10 (Fig. 7b) when operated at 
Pmax. As relatively more carriers are generated in c-Si, c-Si recombina
tion dominates current loss. For example, for rear AM5 illumination 
with an albedo of unity, the proportion of current lost to c-Si recombi
nation is 7.5% compared to 5.2% lost to parasitic absorption. For higher 
AM operation, as in mid-to-high latitudes, efficiency enhancements 
focused on thinning surface films may not be necessary, thus widening 
the available design space. Overall, the combined effect of reduced 
parasitic absorption and only slightly increased recombination results in 
enhanced current collection probability with AM (Fig. 7c). 

Due to reduced overall incident light intensity Jsc (Fig. 7d), Voc 
(Fig. 7e), Pmax (Fig. 7f), and FF (Fig. 7g) tend to drop with AM. In Fig. 7h, 
simulations show a rise in efficiency with AM that peaks near AM5 for 
front illumination and rear illumination with perfectly reflective albedo. 
Up to AM5, spectral shifts result in greater overlap with regions of high 
c-Si EQE, with transmission losses increasing in importance beyond this 
air mass. As a contrast, dry grass preferentially reflects light beyond the 
bandgap of silicon while absorbing visible light, resulting in a decline in 
efficiency for all higher AM [37]. In this case, the loss of light above the 
bandgap of c-Si out-weights the enhanced current collection simulated 
in Fig. 7c. 

Thus, while it is well understood that total available power decreases 
with AM, we have demonstrated that for front illumination the spectral 
shifts resulting from these conditions result in enhanced cell efficiency. 
These enhancements will influence energy yield, with panels operating 
with higher AM, producing more power over the course of a year than 

otherwise expected. 

3.4. Effect of encapsulation 

This same analysis has been repeated for cells encapsulated on both 
front and rear faces with 0.45 mm of ethylene vinyl acetate (EVA) and 3 
mm of borosilicate glass. EVA and glass optical constants are taken from 
Ref. [47]. The addition of encapsulation increases the proportion of 
absorbed current density lost to parasitic absorption by 4.3% abs. and 
3.9% abs. compared to bare cells at AM1 and AM10, respectively. The 
detrimental effects of UV absorption in EVA and glass layers are less 
significant with higher AM due to red-shifting of the spectra. Though the 
absorptivity and reflectivity of encapsulating materials are 
wavelength-dependent, efficiency trends as a function of AM are found 
to be the same as bare cells, with efficiency decreased by 1.40 ± 0.02% 
abs. from AM1-10. Further details on this analysis are presented in 
Ref. [48]. 

3.5. Oblique incidence angles 

All results presented in this work are for normal incidence. However, 
during normal operation a wide range of angles will be incident on both 
front and rear faces, particularly for higher air masses. Higher angles-of- 
incidence (AOI) will result in decreased light-coupling into the device 
primarily due to cosine losses, but also due to decreased EQE [14]. 
Consequently, for the rear-side and for non-tracked systems the effi
ciency will be lower than presented in this work. In the case of 
EVA-based encapsulated silicon cells, higher AOI results in a 
more-significant drop in performance compared to bare cells [49]. These 
effects will be explored in more detail in future work. 

4. Conclusion 

In this study, we investigated recombination losses in high-efficiency 
bifacial SHJ solar cells as a function of depth, voltage, and wavelength. 
We demonstrated a decrease in parasitic absorption of up to 50% rel. 
with AM increasing from 1.5 to 10 and a slight rise (~0.5% abs.) in c-Si 
recombination, resulting in overall improved cell efficiency up to AM5 

Fig. 7. Simulated influence of AM for a bifacial SHJ regular inverted pyramid-textured cell on (a) parasitic absorption current loss, (b) recombination current loss at 
Pmax, (c) current collection at Pmax, (d) Jsc, (e) Voc, (f) Pmax, (g) FF, and finally (h) η for front illumination and rear illumination with different ground-cover. 
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for front illumination and rear illumination with unity albedo. Our 
simulated cell collects proportionally more photogenerated current 
when AM increases from 1.5 to 5.0, with 2.3% and 2.1% more current 
density collected under front-face and rear-face illumination at Pmax, 
respectively. Consequently, efficiency rises by 0.5% abs. Additionally, 
we investigate the influence of spectrally-resolved dry grass albedo on 
rear-side cell performance, demonstrating a sharp decrease in efficiency 
with increased AM, unlike the case of unity albedo. As efficiency tends to 
rise with AM, we expect such benefits to enhance energy yield in loca
tions with significant power contributions at high AM. Thus, the spectral 
influence of AM and albedo is most impactful for high bifaciality cells, 
locations with a high proportion of diffuse-to-direct light, and mid-to- 
high latitudes where GHI-weighted AM exceeds 1.5. 
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Chapter 5

5.2 A bifacial photovoltaic device measurement method
incorporating albedo

Bifacial standards that have been composed
Lack albedo to their detriment.
A new method is proposed

For adding rear light to measurement.
.

Rear illumination is weighted
For common systems you might come-by.

Thus, rear light is calibrated
To not be excessively high.

❄ ❄ ❄

Scope and impact

Over 50% of solar panels deployed in 2022 have used bifacial technology [41]. However, indoor
measurements of bifacial photovoltaic devices often have limited applicability to field operation
due to neglecting the effects of albedo on the rear, or significantly overestimating rear incident
irradiance. In our article, we propose a bifacial illumination method that includes albedo and
appropriately scales the rear-side illumination to include loss mechanisms which occur in the
field. We evaluate the ability of this method to represent real-world illumination conditions
and align with system-level energy yield. This method is compared to bifacial measurement
standards published in IEC 60904-1-2 in 2019.

This article has the following novelties:

1. An extension to the recent IEC bifacial measurement standard IEC 60904-1-2 is proposed,
incorporating the effects of albedo.

This new method, referred to as the Scaled Rear Irradiance (SRI) method in the article,
assigns rear illumination values to specific ground covers and makes a distinction between
equator-facing fixed-tilt PV systems and SAT systems. Rear illumination values are calibrated
using system-level modelling in Boulder, Colorado. The SRI method is designed and calibrated
such that test illumination conditions of bifacial PV devices better represent illumination condi-
tions in the field. This method may be used in place of previous implementations of albedo into

87



Chapter 5

bifacial PV studies, where AM1.5G was simply reduced by the spectral or broadband albedo of
the ground, resulting in erroneously high estimates of bifacial gain and spectral effects.

The measurement method described in this article has received discussion by committee
members of IEC 60904-1-2. Further standardization of the SRI method by, for example, cal-
ibrating the method for fielded modules under a single instance of normal-incidence AM1.5G
illumination, may be pursued in the future for implementation into measurement standard text.
Nonetheless, the method developed in this work may be used by bifacial PV researchers to
test the effects of albedo indoors under operating conditions which are more representative of
outdoor conditions in the interm. Further development of this model could open pathways
for bifacial module manufacture ratings to include power ratings under a few example ground
conditions such as snow, grass, and soil.
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Introduction

The International Energy Agency has

outlined a roadmap to achieving net-

zero greenhouse gas emissions by

2050, requiring a rapid transformation

of the global energy sector toward

renewable technologies.1 While the cu-

mulative total deployed photovoltaic

(PV) capacity exceeded 1 TW in 2022,

annual PV deployments on the scale of

several terawatts by the mid-2030s are

anticipated.2 By 2050, PV technologies

areprojected to supply 20%ofglobal en-

ergy and >70% of global electricity.1 Of

these PV devices, bifacial technologies

are expected to dominate the market

share by >80%3 due to the bifacial bene-

fits of increased power production per

area, increased module lifetime, and

cost-competitive manufacturing.4 Plan-

ning of system deployments to meet

global energy demand requires accurate

and standardized measurements of bifa-

cial PV devices. Standard measurements

are quoted on commercial module data-

sheets and used to plan system perfor-

mance needs, which impacts system

cost, technology choice, material con-

sumption, land use, and grid stability.

In recent years, progress has been

made on standardizing bifacial mea-

surement procedures.5–8 In 2019, the

International Electrotechnical Commis-

sion (IEC) published a technical specifi-

cation, IEC 60904-1-2,5 which defines

two standard methods of characterizing

bifacial PV devices where the front face

is illuminated with 1,000 W/m2, while

the rear face is illuminated in the range

of 100–250 W/m2. Work is underway to

1SUNLAB, Centre for Research in Photonics,
University of Ottawa, Ottawa, ON K1N6N5,
Canada
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evaluate the merits and drawbacks of

these two measurement methods.6,8

Rear-side incident irradiance contribu-

tions can vary widely from 0 to

700 W/m2 depending on the albedo

of the surrounding environment, orien-

tation of the module, shading, angle

of the sun, atmospheric conditions,

and temporal fluctuations.7,9 In a recent

systems-level study, Onno et al.9 evalu-

ated incident photon-flux on bifacial

modules, finding rear irradiances from

0 to 400 W/m2 under typical operating

conditions, with the two most impor-

tant factors governing irradiance varia-

tion being tracking type and

the ground albedo. Ground albedo

changes naturally across diverse global

environments and can be engineered

to increase energy yield. An irradiance

of 200 W/m2 is the value selected by

IEC to represent a typical rear-side

contribution for bifacial testing

methods in IEC 60904-1-2. However,

this rear irradiance is not attributed to

any particular ground condition nor

does it account for spectral variation

on the rear face, as it applies the stan-

dard air mass (AM) spectrum of

AM1.5G to both faces. In the field,

rear incident light has a unique spectral

shape determined by the physical

properties of the ground cover, which

previous research demonstrates in

some cases to yield device power varia-

tion of >5%.10,11

In this paper, we propose a method to

complement IECmeasurement proced-

ures that accommodates the effects of

spectral albedo and realistic rear-front

irradiance ratios. We model the perfor-

mance of a typical bifacial silicon heter-

ojunction (SHJ) solar cell under three

bifacial illumination techniques: the

two standard methods outlined by IEC

and our new spectral albedo approach,

the scaled rear irradiance (SRI) method.

Finally, we demonstrate at the cell/

module level the ability of our pro-

posed method to represent and predict

energy yield by comparison to a

detailed system-level optical and elec-

trical performance model.

Bifacial illumination methods

IEC 60904-1-2

In the IEC bifacial method, the 1-sun

(1,000 W/m2) AM1.5G spectrum illumi-

nates the front side, while the same

spectrum is scaled to a value between

0.1 and 0.25 suns (100–250 W/m2) on

the rear side. In the IEC equivalent irra-

diance (EQI) method, 1-sun front-side

irradiance, Gf ;EQIðlÞ, is increased ac-

cording to the device’s bifaciality, 4.

For example, for a rear irradiance of

0.2 suns, the applied spectrum is

with wavelength given by l. For the SHJ

device examined in this paper, the bifa-

ciality factor is 0.96 but can range from

0.6 to 1 depending on the cell and mod-

ule technology. Technologies with lower

bifaciality will have lower bifacial gain

than what is presented in this paper but

will exhibit similar trends. For example,

in our device, to mimic bifacial illumina-

tion with a rear incident contribution of

200 W/m2, the equivalent front-side illu-

mination is 1,192W/m2. The EQImethod

is intended toprovidea simplermeasure-

mentprocedure, eliminating theneed for

customized device mounting or addi-

tional lamps and optics.

The SRI method

In our proposed SRI method, the rear-

side irradiance is determined by the

spectral albedo of the ground. The

rear incident spectrum, Gr ;SRI, is:

where RSRI represents a system-level ra-

tio of rear-to-front module plane of

array irradiance (PoA) for spectral al-

bedo, x, and system tracking type, t.

In this paper, x represents the ground

types studied: snow, white sand, dry

grass, light sand, concrete, roof shin-

gle, green grass, red brick, and soil.

Spectral albedo data is retrieved from

Russell et al.,11 with light sand and soil

provided by the SMARTS database.12

Data spanning the wavelength range

of 280–3,000 nm is digitized and repro-

duced in Figure 1A. We consider

tracking types of horizontal single-axis

tracked (HSAT) and latitude fixed-tilt.

Values of RSRI are given in Table 1, while

their calibration is discussed in the

following sections.

The SERI method

Analogous to the IEC equivalent irradi-

ance method, in the scaled equivalent

rear irradiance (SERI) method, the

rear-side irradiance is added to the

front:

Gf ;SERIðlÞ = AM1:5GðlÞ
+ ½RSRI 4 AM1:5GðlÞ�

(Equation 3)

Due to the equivalency of this

method and the SRI method for opti-

cally linear device technologies, as is

the case for most PV technologies, all

results presented in this work are under

illumination on both front and rear

faces.

Calibration of the SRI method

As the two most important factors gov-

erning rear-side irradiance are albedo

and tracking type,9 calibration must

occur for each system configuration of

interest. We exemplify our approach

using a bifacial horizontal single-axis

tracked array located in Boulder, Colo-

rado. Results for a latitude fixed-tilt sys-

tem are additionally summarized in

Table 1 and Figure 1.

Calibration of the SRI method requires

a bifacial PV performance model that

inputs broadband albedo and outputs

front and rear insolation. Broadband al-

bedo, abb, is calculated by weighting

Gf ;EQIðlÞ = AM1:5GðlÞ
+ ½0:2 4 AM1:5GðlÞ�

(Equation 1)

Gr;SRIðlÞ = AM1:5GðlÞ RSRIðx; tÞ
(Equation 2)
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the spectral albedo, AxðlÞ, by the

AM1.5G spectrum13

abb =

R
AxðlÞ AM1:5GðlÞ dlR

AM1:5GðlÞ dl
(Equation 4)

Integration bounds are determined by

the pyranometer sensitivity, in our

case 280–3,000 nm. We performed

this calibration using the detailed

system-level 3D view factor model,

DUET.14 DUET applies system array

configurations and environmental con-

ditions to calculate hourly front and

rear irradiance profiles and I-V curves,

among other outputs. This model has

been validated against field data and

other software.14

Typical meteorological year (TMY) input

data were obtained from NREL’s Na-

tional Solar Radiation Database

(NSRDB).15 The chosen representative

bifacial PV array consists of 72-cell mod-

ules with a 1-in-portrait configuration

and a 1.22mground clearance. Input sin-

gle-diode model parameters are taken

from our optoelectronic cell model for

the encapsulated bifacial SHJ structure

detailed in Tonita et al.16 For a summary

of all system inputs, see Table S2.

System performance models typically

apply broadband albedo value(s) to

reduce computational cost, so the ef-

fects of spectrally resolved albedo are

introduced by the application of an

external quantum efficiency (EQE)-

weighted albedo, aEQE:

aEQE =

R
AxðlÞ EQEðlÞ AM1:5GðlÞ l dlR

EQEðlÞ AM1:5GðlÞ l dl
(Equation 5)

This approach reduces output electrical

power discrepancy caused by spectral

versus broadband albedo use, as it

weighs the spectral albedo according

to the responsivity of the specific technol-

ogy.13 These EQE-weighted albedos are

provided in Table 1 and visualized in Fig-

ure 1A. Broadband albedo values are

provided in Table 1 for comparison.

Finally, to determine the representative

rear-to-front incident irradiance ratio for

A B

C D

E F

Figure 1. The scaled rear irradiance method

(A) Spectral albedos considered in this work, digitized from Russell et al.11 and Gueymard et al.12 Rear-side EQE, as measured by the authors for our SHJ

device, is provided in the background. Dashed lines indicate the EQE-weighted albedo, as defined by Equation 5.

(B) Depiction of the SRI method calibration for dry grass. The histogram displays the fraction of daylight hours, which occur at a particular ratio of rear-

to-front plane-of-array irradiance on a module in an HSAT array.

(C and D) The relationship between systems-input spectrally weighted albedo and RSRI for fixed-tilt and HSAT tracking types during (C) non-snow hours

and (D) snow hours.

(E and F) Illustration of the irradiance applied under (E) the IEC bifacial method compared to (F) the spectral-albedo-determined irradiance of the SRI

method.
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each spectral albedo (RSRI in Equations 2

and 3), we calculate hourly 2D front and

rear irradiance profiles on a representa-

tive module in the bi-HSAT array over

the course of a year. Hourly albedo data

are categorized into two datasets: hours

with snow and hours without snow. To

identify the representative ratio for

snowy albedo, the albedo of snow is

applied to only snowy hours (83 days).

For all other albedos, they are applied

to non-snowy hours (282 days).

The ratio of rear (r) to front (f ) module

plane of array (PoA) insolation across

all timesteps t with albedo x determines

RSRI:

RSRI =

P
tPoAr ðtÞP
tPoAf ðtÞ (Equation 6)

The distribution of RSRI across timesteps

for dry grass is provided as an example

in Figure 1B, while all identified irradi-

ance ratios are provided in Figures 1C

and 1D and summarized in Table 1. Fig-

ure 1C depicts the relationship be-

tween system-input albedo, aEQE, and

RSRI for fixed tilt and HSAT array config-

urations during non-snowy hours, while

the relationship for snowy hours is given

in Figure 1D. It is possible to extract

from these subplots the appropriate

RSRI value for any albedo of interest.

Figure 1E depicts the rear-side irradi-

ance applied during the IEC bifacial

method, while Figure 1F shows the irra-

diance used in the SRI method using

calibrated RSRI.

Results

Device-level performance

We simulated simultaneous front and

rear illumination in Synopsys TCAD

Sentaurus using an optoelectronic

model for textured crystalline silicon

(c-Si) based encapsulated bifacial SHJ

solar cells.16 A schematic of our cell

structure under bifacial illumination

scenarios is shown in Figure S1.

To align with standard test conditions,

cells were maintained at 25�C, and

incoming light was normally incident

for all calculations. For a detailed

description of our model and model

validation see the supplemental infor-

mation and Tonita et al.16

The maximum power and efficiency

output under the SRI method are pro-

vided in Figures 2A and 2B, with IEC stan-

dards given by dotted and solid lines for

comparison. Front-only illumination is

represented by an open circle at 0 W/m2

rear irradiance. For the IEC methods, we

extend the recommended testing range

of rear-side irradiances of 100–250 W/

m2 to 0–400 W/m2 and indicate the rec-

ommended testing regimeby the shaded

backgrounds throughout Figure 2.

The conventional monofacial definition

of efficiency (h) is a ratio between total

electrical output power, Pmp, and total

incident power, Ptot. As the definition

of efficiency under bifacial illumination

is not yet clearly defined,7 we consider

the total incident power to be the sum

of front, Pinc;f , and rear, Pinc;r , incident

power contributions. Thus, bifacial effi-

ciency becomes:

h =
Pmp

Ptot
=

Pmp

Pinc;f + Pinc;r
(Equation 7)

To include the effects of spectral shape

on efficiency in the SRI method, Pinc;r

must be set to:

Pinc;r = 1000
W

m2
RSRI

abb
aEQE

(Equation 8)

This accounts for the scaling of the

AM1.5G rear irradiance according to the

spectral shape of the ground albedo.

For example, relatively more photons

are present in the c-Si absorption range

when the spectral albedo is snow

compared to AM1.5G, resulting in

aEQE >abb. Toachieve thesamePmp using

a spectrummodified by the ground spec-

tral albedo, less total irradiance must be

applied to the rear, given by Equation 8

above. This definition is equivalent to

integrating the rear incident spectrum re-

flected off the ground, which emphasizes

thepower conversionefficiencyof all light

incidenton thedeviceand isnecessary for

calculations of thermalization and

heating.

Figures 2A and 2B show significant varia-

tion in Pmp and efficiency depending on

the applied rear irradiance. The two IEC

methods have near-overlapping lines in

all subplots, demonstrating a negligible

difference between the equivalent irradi-

ance method and the bifacial method, as

designed. In Figure 2B, their efficiencies

decreasewith increased rear contribution

as rear-injected carriers require on-

average longer diffusion lengths to reach

the front p-n junction, resulting in higher

recombination loss. The efficiency be-

comes a weighted average of the front

and rear efficiency, with the weight

determined by their relative irradiance

contributions.

The SRI method is intended to provide a

method to test the effects of spectral al-

bedo on device performance. The rear ir-

radiances resulting from RSRI for each

Table 1. Summary of albedo and SRI method parameters

Ground cover, x Soil Red brick Green grass Roof shingle Concrete Light sand Dry grass White sand Snow

Broadband albedo, abb 0.19 0.23 0.24 0.26 0.29 0.33 0.44 0.67 0.85

EQE-weighted albedo, aEQE 0.18 0.21 0.28 0.28 0.29 0.34 0.46 0.75 0.94

Horizontal single-axis tracked irradiance
ratio, RSRI

0.059 0.067 0.086 0.086 0.088 0.102 0.134 0.211 0.240

Fixed-tilt irradiance ratio, RSRI 0.076 0.085 0.107 0.107 0.110 0.126 0.164 0.255 0.188
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ground cover fall within the typical rear-

irradiance operating range reported at

the system level,9 with input incident

AM1.5G rear irradiance between 59 and

240 W/m2 on the x axes of Figures 2A

and 2B. The maximum and minimum

output power using the SRI method for

the considered albedo dataset covers a

range of values spanning 36 W/m2.

As efficiency includes the effects of

spectral shape through Equation 8,

we calculate efficiency differences be-

tween +0.33% abs. to �0.20% abs.

compared to IEC methods that assume

AM1.5G on both faces. For example,

snow reflects >90% of light in the c-Si ab-

sorption range, leading to an efficiency

0.30% abs. higher than what is given by

the IEC methods. Thus, the efficiency of

a device at absorbing incident radiation

under varying ground conditions cannot

be accurately characterized without

considering changes in spectral shape.

Energy yield prediction

The SRI method provides illumination

conditions that match operating condi-

tions for a given combination of ground

cover and system design, more closely

representing bifacial system-level per-

formance than 200 W/m2 IEC rear irra-

diance. To illustrate, we calculate the

energy yield for a module in the bi-

HSAT array located in Boulder, Colo-

rado using DUET. The black line of Fig-

ure 2C displays its bifacial gain, defined

as the percentage increase in energy

yield compared to an equivalent mono-

facial module. Different ground condi-

tions are plotted on the x axis, with

spacing determined by the EQE-

weighted albedo applied within DUET.

For comparison, device-level character-

izationmethods areplotted usingbifacial

Pmp gain, defined as the gain in power

under bifacial illumination conditions

compared to front-onlyAM1.5G illumina-

tion. This is calculated for the IEC bifacial

and SRI methods. As an additional

comparison point, the maximum bifacial

Pmp gain due to ground-reflected light

is plotted in red, for the case where

RSRI = aEQE in Equation 2.

Since the system-level ratio of rear-to-

front total annual irradiance dictates

the rear irradiance applied in the SRI

method, the resulting bifacial gain tracks

the full system-level analysis well, with

only a 1.7% abs. discrepancy with DUET

on average across varied ground condi-

tions. The agreement between bifacial

Pmp gain and DUET energy yield gain

confirm that in-lab device characteriza-

tion using the SRI method is sufficient

to capture the main sources of energy

yield variation—namely albedo and

tracking type. While RSRI was calibrated

for Boulder, Colorado (40�N, diffuse frac-

tion 0.36), energy yield gains predicted

using RSRI are within 2.0% and 0.7%

A B C

Figure 2. Performance of bifacial illumination methods on a device and system level

(A) The maximum power produced by an SHJ cell using the IEC and SRI methods. Front-only results are given by the white circles, while the shaded

background corresponds to the recommended IEC testing range.

(B) The device bifacial efficiency for these methods. SRI efficiency is calculated using Equations 7 and 8, resulting in the deviation from the AM1.5G IEC

lines.

(C) Bifacial gain calculated using two methods. In black, the bifacial energy yield gain of a bi-HSAT module using a validated system-level 3D view factor

model, DUET. The remaining lines are calculated as the gain in device power under bifacial illumination conditions compared to front-only illumination

for device measurement methods. The shaded background around the IEC 60904-1-2 line corresponds to the rear irradiance range of 100–250 W/m2.

The ‘‘Max’’ line represents the maximum theoretical gain due to ground-reflected light in the ideal case devoid of any ground shading. Data are spaced

according to the EQE-weighted broadband albedo (aEQE) input into DUET, with icons depicting the ground condition associated with each data point.
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abs. on average in Phoenix, Arizona

(33�N, diffuse fraction 0.27) and Ottawa,

Canada (45�N, diffuse fraction 0.43),

respectively. Thus, it is possible to

use the values presented in this paper

for other locations, with an RSRI error

of <7%. Further details on the impact of

geography are provided in the supple-

mental information and Table S1.

As a contrast, IEC standards do not

provide a pathway for adjusting rear

irradiance given system configuration

and ground cover and thus produce a

flat bifacial gain in Figure 2C. For a

rear irradiance of 200 W/m2, the IEC

method over-estimates bifacial gain by

between +14% abs. to +1.4% abs for

all ground covers except snow. This

discrepancy reinforces the need for

the SRI method to realistically represent

a range of operating conditions.

Discussion

The SRI method as a full spectrum
calculation

With the development of LED solar

simulator technologies and the possi-

bility for use of custom spectral filters,

bifacial measurements with unique

front and rear spectra could be imple-

mented in the future. Although the SRI

method utilizes AM1.5G on the front

and the rear of cells or modules, it is

possible to implement this method

with rear-side spectral shape given by

the spectral albedo, AxðlÞ.

Rather than a scaling of AM1.5G, the rear

spectrum, Gr ;SRIðlÞ, is applied as given:

Gr ;SRIðlÞ = AM1:5GðlÞ AxðlÞ
abb

RSRIðx; tÞ
(Equation 9)

The device power output by Equation 9

is closely matched by the SRI method

depicted in Figure 2A, as the effect

of spectral shape is included in the

calibration of the SRI method through

aEQE. This method can additionally be

applied to any solar spectrum of interest,

not just AM1.5G, such as spectra with

varying air mass, precipitable water, or

aerosol optical depth. Further details are

provided in supplemental information.

Impact and significance

In this work, the SRI method was

described and shown to be an

improved method for measuring and

modeling bifacial devices that is repre-

sentative of annual performance,

particularly due to its ability to repre-

sent different surface albedos. Incorpo-

rating this new method into future

bifacial standards would provide a

consistent methodology for testing

bifacial devices with spectral or

broadband albedo, corresponding to

globally varying illumination condi-

tions. This is of particular importance

as renewable energy penetration in-

creases toward a net-zero world,

with bifacial PV projected to contribute

�16% of the global energy supply

by 2050, around 30,000 TWh

annually.1,3

Early implementation of this method

into IEC standards can do the following:

1. Enable comparisons between ex-

isting and emerging bifacial tech-

nologies

For example, the SRI method can pro-

vide a consistent approach for future

experimental studies of emerging tan-

dem solar devices, which have a

strong spectral dependence due to

their design of segmenting absorption

into series-connected top and bottom

cells. Tandem devices are anticipated

to be among the next-generation of

silicon solar cell technologies due to

their ability to exceed the single-junc-

tion efficiency limit.9

2. Enable application-specific opti-

mization

With the SRI method, it is possible to

optimize rear-side passivation and

anti-reflection coatings for specific illu-

mination conditions. For example, in

the case of silicon heterojunction cells

with UV-absorptive ground conditions

such as green grass, tolerances on

rear-side ITO properties are broad-

ened and thicker layers can be

fabricated.

3. Increase PV deployments in non-

traditional markets

This method also highlights the favor-

able conditions of snow accumulation

present in high-latitude locations by

enabling in-lab device characterization

under snowy ground conditions.

4. Improve system deployment

sizing

Adopting this method can also reduce

investment risk in PV deployments

and impact system planning. For

example, a 1% rel. increase in efficiency

of the bi-HSAT system located in

Boulder, Colorado results in a 1.1% in-

crease in annual energy yield. More-ac-

curate measurement capabilities can

affect future terawatt deployments on

the several gigawatt scale, therefore

changing system cost, material con-

sumption, and land use. Accurate sys-

tem predictions and planning can also

potentially reduce system inefficiencies

caused by mismatch in PV generation

and grid load or impact the sizing of

storage technologies.

5. Support bifacial power ratings

Furthermore, as instantaneous front-only

AM1.5G illumination power ratings are

currently used for monofacial and bifacial

modules alike, this method can inform

future bifacial power ratings. We suggest

manufacturers provide bifacial power rat-

ings for different common ground condi-

tions and tracking types, such as snow,

sand, grass, and soil for single-axis

tracked and fixed tilt configurations.

Estimates of the bifacial power pro-

duced under the SRI method from

existing 1-sun front-only module power
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ratings can be done given the linear

short-circuit current (Jsc) and logarith-

mic open-circuit voltage (Voc) relation-

ship with irradiance. For instance,

assuming a negligible change in fill

factor, the maximum power produced

under bifacial illumination with the SRI

method, Pmp;SRI, can be calculated as

follows:

where X is the effective increase in

incident irradiance for a particular

albedo:

X = 1 + RSRI 4 (Equation 11)

The use of bifacial power ratings

defined with the SRI method will high-

light the benefit of bifacial technolo-

gies, while facilitating PV technology

choice that is best suited for the needs

of individual projects.

Conclusion

In this study, we described a general

bifacial illumination method, the SRI

method, which can predict outdoor

system performance under varying

ground conditions by appropriate

scaling of the standard AM1.5G spec-

trum. We outline how the SRI method

can be used as an extension to IEC

60904-1-2 bifacial measurement stan-

dards to (1) capture efficiency differ-

ences under varied spectral albedo

and (2) represent system-specific illu-

mination levels through in-lab bifacial

device measurements. Implementation

of this approach in IEC standards

would provide commercial bifacial

module manufacturers with a power

ratings methodology for common

ground covers, such as snow, sand,

grass, and soil. This additional rating

would allow for technology compari-

sons and design optimizations specific

to the planned PV deployment, while

potentially hastening bifacial PV adop-

tion. As bifacial PV deployments are

already exponentially rising each

year2 and module lifetimes exceed

25 years, improvements to bifacial

measurement standards must happen

rapidly to keep pace with increasingly

varied installation conditions, reduce

financial risk, maximize system energy

yields, and limit greenhouse gas

emissions.

DATA AND CODE AVAILABILITY

The data supporting the findings of this

study are available in the main text and

supplemental information and are

additionally available upon request

from the corresponding author. Details

regarding the code used in this paper

are published in Russell et al.14 and To-

nita et al.16
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Supplemental information can be found

online at https://doi.org/10.1016/j.joule.
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SUPPLEMENTAL INFORMATION  

Cell-Level Model and Validation 

We simulated simultaneous front and rear illumination in Synopsys TCAD Sentaurus using an optoelectronic model 
for crystalline silicon (c-Si) based encapsulated bifacial SHJ solar cells [S1], depicted in Figure S1. In our model, we use 
regular inverted pyramid texturing to emulate random pyramidal light-trapping. Optical calculations use Monte Carlo 
3D ray tracing, with subwavelength hydrogenated amorphous silicon (a-Si:H) and indium tin oxide (ITO) thin films 
accommodated via transfer matrix method boundary conditions between the c-Si substrate and air. On both faces, 
we apply a 6.4% shading loss corresponding to the finger width and metallization coverage of the fabricated cells. 
Electrical calculations are solved using Poisson’s equation and electron and hole continuity equations with the finite 
volume method in 2D. We apply surface recombination velocities between a-Si:H and c-Si layers of 2 cm/s [S2] and an 
ITO sheet resistance of 99.2 Ω/□, corresponding to our fabrication process [S3][S4]. The c-Si wafers used have a 
manufacturer-rated SRH lifetime of 2 ms, which we assume for our simulations. For a detailed description of our 
model and all other chosen parameters, see Ref. [S1]. 

We fabricated bare bifacial SHJ cells at Arizona State University for model validation. Crystalline silicon wafers were 
textured in a KOH bath before being cleaned in three 10-minute baths: a RCA-B (6:1:1 H2O:H2O2:HCl) 74°C bath, a 
piranha (8:1 H2O:H2SO4) 110°C bath, and a buffered oxide etch 25°C bath. Layers of doped and intrinsic hydrogenated 
amorphous silicon (a-Si:H) were deposited on cleaned 156×156 mm2 c-Si wafers with an Octopus II (INDEOtec) plasma-
enhanced chemical vapor deposition (PECVD) tool at 250°C. Indium tin oxide (ITO) was sputtered with a 2% oxygen 
gas flow to a thickness ~70 nm in an MRC 944 sputtering tool. Silver metallization was applied via screen printing on 
front and rear faces and cured/annealed for around half an hour at 200 °C.  

Measurements of external quantum efficiency (EQE) and Suns-Voc under front-only and rear-only illumination were 
conducted to evaluate model performance as a function of wavelength and voltage, as given in Figure S1B and S1C. 
Measurements of EQE were conducted with an Oriel 300 W calibrated xenon lamp and Oriel Cornerstone 130 1/8 m 
Monochromator, while Suns-Voc measurements were conducted on a Sinton Instruments WTC-120.  

Since EQE and Suns-Voc measurements were conducted on reflective chucks, a back-reflector was added to the 
simulations for this comparison, but it is not present for any other data analysis presented in this work. Under a 
spectrum of AM1.5G, modelled short-circuit current density (Jsc) has a discrepancy of 0.1 mA/cm2 under front 
illumination and 0.3 mA/cm2 in comparison to measured EQE-extracted Jsc. Thus, as inputs into Suns-Voc 
measurements, we apply pseudo short-circuit current densities equal to our simulation output. We provide these Jsc 
input values in the first row of the table inset in Figure S1C. As Suns-Voc is an open-circuit voltage (Voc) measurement 
technique, effects of series resistance are eliminated, resulting in the pseudo J-V curve presented in S1C by 
experimental dots. Modelled J-V behavior, including resistances, is given by solid lines for comparison.  

Measured and modelled Voc shows excellent agreement, with a <5 mV discrepancy for both front and rear 
illumination. Pseudo-efficiency (p-η) output by Suns-Voc differs from our modelled efficiency (η) by 0.2% abs. and 
0.1% abs for front and rear illumination, respectively. Rear side η is lower than front-side η primarily due to lower Jsc, 

Figure S1.  Silicon Heterojunction Cell Model Validation 
(A) Encapsulated bifacial silicon heterojunction cell structure, as simulated in this work. Layer thicknesses are as labelled and align with cell 
fabrication. (B) Measured and simulated EQE for front-only and rear-only illumination of a bare cell on a reflective chuck. (C) Measured Suns-Voc 
with modelled J-V. Parameters extrapolated from Suns-Voc and modelled J-V curves are inset. 
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as depicted in S1B, caused by SRH recombination in the c-Si bulk. With higher c-Si wafer quality, reduced 
contamination during wafer cleaning, and optimized contacts, efficiencies around 24% are achievable [S5].  

 The Scaled Rear Irradiance Method in Multiple Locations 

The same analysis presented in the main paper has been repeated in Phoenix, USA and Ottawa, Canada to 
demonstrate variations in the calibration for other mid-latitude locations with different diffuse irradiance fractions. 
The results are summarized in Table S1 for the bifacial HSAT described in the main text. Ottawa, having a higher GHI-
weighted ratio of diffuse light, has 𝑅SRI on average 3% higher than in Boulder. Phoenix, with more direct light, has on 
average 7% lower 𝑅SRI. For either location, use of the calibrated values as given by Boulder results in similar energy 
yield deviations from full system-level analysis with DUET. 

Table S1. Calibration and Performance of the SRI Method in Multiple Locations 

 Phoenix Boulder Ottawa 

Latitude 33.45°N 40.01°N 45.42°N 

Annual DHI/GHI ratio 0.27 0.36 0.43 

𝑅SRI(𝑥, 𝜏 = 𝐻𝑆𝐴𝑇) 

Snow - 0.240 0.254 

White sand 0.199 0.211 0.214 

Dry grass 0.125 0.134 0.136 

Light sand 0.095 0.102 0.104 

Concrete 0.092 0.088 0.091 

Roof shingle 0.080 0.086 0.088 

Green grass 0.080 0.086 0.088 

Red brick 0.062 0.067 0.070 

Soil 0.054 0.059 0.062 

Annual predicted bifacial gain 
discrepancy with DUET using 
Boulder calibration values (% abs.) 

IEC 10 8 8 

Max 27 33 32 

Scaled 2 1.7 0.7 

 
The Spectral Scaled Rear Irradiance Method 

As described in the main text, the scaled rear irradiance (SRI) method can be adapted to include the effects of spectral 
albedo via Equation 9 rather than a scaling of AM1.5G. We refer to this form of the SRI method as the spectral scaled 
rear irradiance (S-SRI) method. This method instead changes the applied front and rear spectra based on the spectral 
shape of the ground cover. Using the SRI method, output power of the full spectral, S-SRI calculation is predicted to 
within 0.2 W/m2 on average. Efficiency for the SRI method accounts for the effect of spectral shape via Equation 7 
and 8. Thus, efficiency calculated with S-SRI and SRI methods agree to within 0.03% abs. on average for the dataset 
of considered albedos. 

Additional Variations in Incident Spectra 

Additional factors, such as atmospheric conditions and sun position, shift the incident spectrum received on bifacial 
cells and modules. This analysis could also be decomposed into direct and diffuse irradiance components. To keep 
calculations as simple as possible, and for ease of comparison with IEC 60904-1-2 standards, all calculations presented 
in the main text of this article have used the standard AM1.5G spectrum which assumes a particular ratio of direct-
to-diffuse light and set values for atmospheric conditions. Under real-world conditions, this ratio depends on location, 
time of day, day of the year, system design, and other environmental factors [S6]. As diffuse light tends to have a 
higher UV content than direct light, locations with more diffuse light will have higher spectral-albedo enhancements 
for ground coverings that are UV-reflective, such as snow. For example, if the diffuse irradiance fraction increases by 
10%, the ratio of EQE-weighted albedo to broadband albedo of snow will rise by around 1%. 
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Summary of 3D View Factor System-Level Model Inputs 

In Table S2 we summarize the environmental, cell, and system inputs into the 3D view factor model, DUET, for a bifacial 
horizontal single-axis tracked array. For fixed tilt array configurations, modules are South-facing at latitude-tilt. The 
performance of DUET has been compared to other software in Ref. [S7]. 

Table S2. Summary of DUET Inputs 

Environment City Boulder, Colorado, USA 

Latitude, longitude 40.01°N, 105.26°W 

Sky model Perez sky luminance distribution model 

Environmental data NREL NSRDB 

Cell geometry Cell size M2 (156.75 mm) 

Cell area (cm2) 238.84 

Metallization shading fraction (%) 7% 

Irradiance sample points per cell 16 

Cell I-V Bifaciality (%) 96 

Short-circuit current (A/cell) 8.19 

Responsivity (A/W) 0.343 

Open-circuit voltage (V) 0.712 

Ideality factor 1.08 

Saturation current (nA/cell) 0.35 

Shunt resistance (Ω) 12.6 

Series resistance (Ω) 0.00018 

Temp. coef. short-circuit current (K-1) 0.035 

Temp. coef. open-circuit voltage (K-1) -0.00235 

Nominal operating cell temp. (°C) 42 

Incidence angle modifier model ASHRAE 

Module geometry Number of cells 72 

Module orientation Portrait 

Frame? Included 

Array geometry Row alignment North-South 

Number of rows 5 

Row pitch (m) 4.84 

Number of tables per row 1 

Number of modules per table 31 

Module spacing (m) 0.03 

Number of tiers 1 

Ground clearance 1.22 

Racking? Includes purlins and torque tube 

Tracker Type East-West single-axis tracking 

Backtracking? Included 

Torque tube Shape Round 

Radius (m) 0.05 
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Chapter 6

Latitude trends for bifacial photovoltaic
systems

In this chapter, latitude trends of bifacial PV systems are explored. Four journal articles are
presented spanning row spacing and tilt optimization, spectral albedo, model validation, and
degradation rates under varying latitudes. This research aims to advance the knowledge of
PV modelling uncertainty in high latitudes; parameterize appropriate row spacing for fixed-tilt,
SAT, and vertical PV systems as a function of latitude; and review long-term performance of
existing northern PV sites.

6.1 Ground coverage ratios for tracked and fixed-tilt pho-
tovoltaic systems for latitudes up to 75°N

Guidelines for row spacing
Have been historically made for low latitude.

Here, northern PV placing
With modern systems is pursued.

.
Formulae are given

For calculating spacing up to 75 degrees.
Rows should be driven

Further apart in locations that freeze.

❄ ❄ ❄
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Chapter 6

Scope and impact

The PV market is globally shifting towards single-axis tracking and bifacial technologies, while
also expanding to higher latitudes [42]. However, general guidelines for PV system design that
are often employed today were historically developed for monofacial fixed-tilt systems at low-
to-moderate latitudes. Existing row spacing trendlines have not been shown beyond latitudes of
55°N [172]. In this work, we provide empirical equations for calculating appropriate row spacing
depending on the PV deployment latitude and configuration for a few shading tolerance scenarios
up to 75°N. We generalize the appropriate row spacing for any module size by presenting results
in terms of ground coverage ratio (GCR) – the ratio between PV collector length and row pitch.

This article has the following novelties:

1. Empirical equations are provided for calculating appropriate row spacing for fixed-tilt,
SAT, and vertical PV deployments as a function of latitude under three shading loss
scenarios.

2. The tilt of equator-facing fixed-tilt PV systems is optimized for varying latitudes and
GCR. For the 5% shading loss scenario, annual optimum tilt is calculated to be latitude-
tilt minus 10°.

3. We show that bifacial PV arrays require GCRs 11% lower on average than monofacial
GCRs, regardless of tracking type.

4. We demonstrate that tracked and fixed-tilt PV arrays have similar optimal GCRs around
and above 55°N, but that <55°N tracked systems are significantly more sensitive to
shading losses caused by reducing the spacing between rows.

5. Energy yield density is found to peak for equator-facing fixed-tilt systems for GCR between
0.5 and 0.7. Increasing the number of modules in the same land area will eventually result
in an overall loss to the energy yield produced on the land due to high shading loss. SAT
and vertical PV systems are found to be more tolerant to high packing density across all
latitudes.

Overall, the formulae presented in this paper for calculating optimum PV system GCR using
the location latitude can be directly used by system developers and researchers to aid in system
design. Our results can inform future PV deployment for any location >15°N by providing
updated guidelines that represent the progression of solar energy development.
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Optimal ground coverage ratios for tracked, fixed-tilt, and vertical 
photovoltaic systems for latitudes up to 75◦N 
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A B S T R A C T   

General guidelines for determining the layout of photovoltaic (PV) arrays were historically developed for 
monofacial fixed-tilt systems at low-to-moderate latitudes. As the PV market progresses toward bifacial tech
nologies, tracked systems, higher latitudes, and land-constrained areas, updated flexible and representational 
guidelines are required. Using our 3D view-factor PV system model, DUET, we provide formulae for ground 
coverage ratios (GCRs –i.e., the ratio between PV collector length and row pitch) providing 5%, 10%, and 15% 
shading loss as a function of mounting type and module type (bifacial vs monofacial) between 17-75◦N. Fixed-tilt 
arrays span a wide range of GCR (0.15–0.68, 5% loss) compared to single-axis tracked arrays (0.17–0.32) and 
vertical east–west arrays (0.11–0.16). We additionally optimize fixed-tilt module tilt, finding that the optimum 
tilt can vary from 7◦ above latitude-tilt to 60◦ below latitude-tilt in certain cases. We demonstrate that tracked 
and fixed-tilt PV arrays should have similar GCRs >55◦N, but tracked systems are more sensitive to row-to-row 
shading losses <55◦N. The GCR of fixed-tilt arrays at lower latitudes can reach 0.55 without introducing >2.5% 
shading loss, whereas tracked and vertical arrays reach 2.5% shading loss by GCRs <0.22 and <0.10, respec
tively. We additionally find that bifacial PV arrays require GCRs up to 0.03 lower than monofacial GCRs. These 
results can inform future deployment designs for latitudes >15◦N.   

1. Introduction 

The inter-row spacing of photovoltaic (PV) arrays is a major design 
parameter that impacts both a system’s energy yield and land-use, thus 
affecting the economics of solar deployment. Adjacent rows in a PV 
array introduce energy yield loss via direct beam shading and diffuse- 
sky masking (Appelbaum and Aronescu, 2022; Van Schalkwijk et al., 
1997) and contribute to greater irradiance inhomogeneity and current 
mismatch losses. These negative effects of neighbouring PV rows can be 
reduced by increasing the spacing between rows and by moving tracked 
PV off-sun during morning and afternoon hours in a loss-minimizing 
practice known as backtracking. However, as PV deployment continues 
to accelerate with decarbonization plans predicting unprecedented 
renewable sector expansion (International Technology Roadmap for 
Photovoltaic (ITRPV), 2021; The International Energy Agency, 2021), 
PV land-use may become more limited and costly (Bolinger and Bolin
ger, 2022; Kafka and Miller, 2020; Tawalbeh et al., 2021). Optimization 
of PV array configuration within a constrained field is required, and 
previous guidelines for PV row spacing which focus on eliminating 

shading may not be adequate. 
A commonly cited approach for determining inter-row spacing in 

fixed-tilt systems is the “winter solstice rule”, where spacing is deter
mined by the shadow length cast on the winter solstice at solar noon. 
Some versions of this rule call for even wider row spacing by instead 
constraining the time with no direct shading to between the hours of 
9:00 AM and 3:00 PM on the winter solstice. The winter solstice rule is 
not a practical method for determining row spacing when the economics 
of land-use, cabling cost, and associated voltage power losses must be 
considered (Appelbaum and Aronescu, 2022; Sanchez-Carbajal and 
Rodrigo, 2019). 

Similarly, the general guideline for traditionally deployed equator- 
facing fixed-tilt system module inclination is to set the module tilt to a 
value between 5-15◦ less than the latitude (Calabro, 2013; Lewis, 1987; 
Qiu and Ruiffat, 2003), which is particularly important for higher lati
tudes (Armstrong and Hurley, 2010; Schroder, 2011; International 
Renewable Energy Agency, 2014). The interplay of array tilt and row 
spacing must also be considered (Rehman et al., 2020), as the incorrect 
coupling of tilt and row spacing can lead to unnecessary production loss. 
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For example, a PV plant located in Qatar has reported a 4% annual loss 
in energy yield due to a non-ideal coupling of tilt and row spacing, 
described by Shah et al. (2019). 

While these general guidelines provide a simple methodology for 
preliminary system design, greater flexibility on row spacing re
quirements and characterization of associated shading loss is needed to 
minimize the levelized cost of electricity as available land becomes more 
scarce and costly. Moreover, these approaches were initially developed 
for monofacial equator-facing fixed-tilt systems at low-to-moderate 
latitudes. Now that the PV market is globally shifting towards single- 
axis tracking and bifacial technologies (The International Energy 
Agency, 2021), while also expanding to higher latitudes (Frimannslund 
et al., 2021; Pike et al., 2021), an investigation into optimal row spacing 
– or ground coverage ratio (GCR) (i.e., the ratio between PV collector 
length and row pitch) – for a wider range of technologies and locations is 
warranted. 

Among a growing configuration of PV technologies is the use of 
vertical fixed-tilt arrays. East-west vertical bifacial fixed-tilt PV arrays 
have competitive performance with south-facing panels in at high lati
tudes (Jouttijarvi et al., 2022; Pike et al., 2021), and are also being 
explored for agrivoltaic and building-integrated applications (Reker 
et al., 2022; Tahir and Butt, 2022). 

It is generally acknowledged that horizontal single-axis tracked 
(HSAT) arrays require larger row spacing – or smaller GCRs – than fixed- 
tilt counterparts. For example, Berrian et al. cites GCRs of around 35% 
are typical for HSAT deployments whereas south-facing fixed-tilt GCRs 
are often >50% (Berrian et al., 2019). However, there is little existing 
literature which indicates how selection of the appropriate GCR varies 
with latitude, nor directly compares the performance of HSAT, south- 
facing fixed-tilt, and east–west vertical fixed-tilt arrays. 

Many studies on row spacing and system design are limited to 
moderate latitudes around 15-40◦ either North or South of the equator, 
with few studies up to latitudes around 50◦. For example, Baloch et al. 
examined the interplay of row spacing and mounting height on bifacial 
fixed-tilt and vertical PV arrays at 25◦N, finding fixed-tilt arrays are 
more sensitive to mounting height than vertical arrays (Baloch et al., 
2020). On the other hand, vertical arrays have been found to be more 
sensitive to shading loss due to row spacing compared to fixed-tilt arrays 
in a 32◦N location (Appelbaum, 2016). Verissimo et al. compared how 
favorable PV array system designs vary with GCR for Brazil (Verissimo 
et al., 2020), Narvarte et al. compared tracking gain in Spain at 38◦N 
(Narvarte and Lorenzo, 2008), and Al-Quraan et al. explored the inter
play of PV array tilt and row spacing in Saudi Arabia (24◦N) and Yemen 
(15◦N) (Al-Quraan et al., 2022) . 

Few studies have examined row spacing and system optimization in 
higher latitudes. Jacobson et al. conducted an extensive study on the 
effects of tracking type around the globe, considering cities with lati
tudes between 37◦S and 64◦N, and extrapolating to ±80◦ of the equator 
(Jacobson and Jadhav, 2018). However, this study was limited to 
monofacial systems and did not discuss how row spacing and land-use 
must vary by location. Khan et al. compared bifacial vertical arrays to 
monofacial equator-facing fixed-tilt arrays across the globe using a 
clear-sky model, and asserted that a 2 m row spacing should be used in 
practice (Khan et al., 2017). Pike et al. performed a seasonal comparison 
of monofacial and bifacial fixed-tilt and vertical PV module performance 
in Alaska, considering only single-module arrays (Pike et al., 2021). 
Frimannslund et al. compared the PV potential in the Arctic and Ant
arctic and discussed in a 78◦N case study how the tilt of fixed-tilt arrays 
can be adjusted to better suit lower row spacing (Frimannslund et al., 
2021). 

On the bifacial side, research regarding bifacial system design 
configuration and challenges is becoming more common, however there 
has been little direct comparison between row spacing for bifacial vs 
monofacial technologies and still many recent publications on PV system 
design focus solely on monofacial systems (Bolinger and Bolinger, 2022; 
Jacobson and Jadhav, 2018). 

In this paper we demonstrate how row spacing affects system per
formance for both monofacial and bifacial arrays, comparing south- 
facing fixed-tilt, HSAT, and east–west vertical configurations for North 
American locations at latitudes of 17◦N up to 75◦N. For each configu
ration and location, we quantify the inter-row shading and resulting 
system energy yield losses for GCRs between 0 and 1. We then provide 
latitude-optimal GCRs – and tilts, in the fixed-tilt case – for 5%, 10%, and 
15% allowable annual energy yield loss due to inter-row shading. 

2. Methodology 

We selected 31 locations from across North American countries of 
Mexico, the United States, and Canada for PV row spacing character
ization and optimization. Locations were selected to include a wide 
distribution in latitude (17◦N to 75◦N). Where possible, the locations 
represent multiple diffuse fractions within a given latitude range, with 
diffuse fraction defined as the annually-averaged ratio of diffuse hori
zontal irradiance (DHI) to global horizontal irradiance (GHI). Fig. 1 
displays a map of diffuse fraction across the continent with our selected 
locations indicated by open circles. Environmental data was retrieved 
from the US National Solar Radiation Database (Sengupta et al., 2018) 
with the exception of latitudes >60◦N, which were obtained from the 
Canadian Weather Energy Calculation database (Environment and 
Climate Change Canada, 2022). Typical Meteorological Year data was 
used for each location at an hourly resolution, including hourly- 
updating albedo values. A summary of pertinent environmental condi
tions for each location can be found in Table S1 of the Supplemental 
Information section. 

We modelled the performance of the PV arrays depicted in Fig. 2 
using our PV performance prediction software, DUET (Russell et al., 
2022). DUET generates a detailed 3D model of the PV system including 
supportive structures and multiple rows. Optical calculations are then 
completed considering direct beam radiation, anisotropic diffuse sky 
radiation, and ground-reflected radiation by segmenting the modules, 
ground, and diffuse sky-dome into patches. A shading algorithm is 
implemented using a deterministic ray intersection method (Moller and 
Haines, 2002; Williams et al., 2005) to capture the effect of objects in the 
3D scene. These shading results are combined with a 3D view-factor 
model to calculate two-dimensional front and rear irradiance profiles 
for each timestep (Coathup et al., 2023; Russell et al., 2022). Using 
environmental conditions and module electrical parameters, DUET 
translates these irradiance profiles into per-timestep cell current–volt
age (I-V) curves through a temperature and irradiance-dependent single- 
diode model. Cell temperature is computed using the Sandia glass-cell- 
glass temperature model (King et al., 2004). Module I-V curves are 
constructed assuming the wiring diagram depicted in Fig. 2C, with 72- 
cells connected in series and parallel with three bypass diodes. The 
instantaneous module power is then scaled by the timestep (hour) to 
arrive at the module energy yield. Yearly total module energy yield, as 
analyzed in this work, is given by the summation of energy yield over all 
hourly timestamps. DUET has been validated against hourly field data 
from fixed-tilt and tracked bifacial PV systems to within a mean absolute 
error of <0.02 W/Wp (Russell et al., 2022; Stein et al., 2021). 

To emulate utility-scale systems (Berrian et al., 2019), we calculated 
the energy yield of 1 central module in a 5-row array where each row 
contains 31 modules, as provided in Fig. 2A. To align with common 
deployment configurations, fixed-tilt and HSAT arrays are arranged in a 
1-in-portrait (1P) configuration with module frames, purlins, and torque 
tubes as in Fig. 2B. Torque tube and purlin dimensions were chosen to 
align with the range of dimensions used in literature (Coathup et al., 
2023; Deline et al., 2020). Vertical arrays are instead modelled in a 1-in- 
landscape (1L) configuration, as this is commonly used to reduce rear- 
side irradiance inhomogeneity (Valdivia et al., 2017; Wang et al., 
2020). Modules were composed of either monofacial or bifacial silicon 
heterojunction (SHJ) solar cells with 20.2% efficiency and bifaciality of 
96%. Module SHJ parameters, summarized in Table S2, were extracted 
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using a validated drift–diffusion model for dual-sided textured photo
voltaic devices described in Tonita et al. (2021). This model has been 
validated against measurements of SHJ devices (Tonita et al., 2021). 

For this study, we calculated the effect of ground coverage ratios 
between 0 and 1 on monofacial and bifacial fixed-tilt and HSAT arrays, 
as visualized in Fig. 1. Vertical array GCR is only analyzed for the 
bifacial case, as the primary appeal of vertical PV arrays is for electricity 
generation in both morning and afternoon hours. GCR is defined by 
Equation (1) below: 

GCR =
L
R

(1)  

where L is the collector length perpendicular to the row length and R is 
the row pitch. A GCR of 1 corresponds to the inter-row spacing where 
the horizontal gap between modules becomes zero if the module was to 
be rotated to horizontal tilt. A GCR of 0 corresponds to the case where 
only a single row in the array is considered, or the inter-row spacing 
between modules approaches infinity. 

This study investigates full cell 1P arrays where L is the length of a 
single module (2.0 m) and 1L arrays where L is the instead the width of a 
single module (1.0 m), but results provided in terms of GCR will be 
generally applicable to other collector lengths, tier-number, and half-cut 
modules. For example, in Boulder, USA at 40◦N, a bifacial full-cell 2-in- 
portrait (2P) fixed-tilt system with a tier gap above the torque tube of 
0.2 m should have a GCR higher by 0.04 compared to the 1P case. Of a 
similar scale, a bifacial half-cut 1P fixed-tilt system should have a GCR 
higher by 0.03 compared to a full-cell system. Placing multiple electri
cally separated modules across the collector length, through either 
adding additional tiers or half-cutting cells, results in proportionally 

lower electrical mismatch loss and allows for marginally higher GCR. 
Due to comparably reduced irradiance inhomogeneity between tracked 
and fixed-tilt modules, the difference between 2P and 1P for HSAT 
system GCR need only be 0.01. Similarly, the difference between half- 
cut and full-cell HSAT system GCR is <0.01. Thus, calculated behav
iour with GCR will apply to other collector lengths and half-cut cells. 

For fixed-tilt arrays, we additionally varied the tilt angle, θ, from 10◦

greater than the latitude to a minimum tilt of 15◦ (in 5◦ increments) for 
all locations and all GCRs. A minimum limit of 15◦ is recommended in 
practice to reduce accumulation of dust and dirt, and to facilitate rain- 
based cleaning (Figgis et al., 2017; International Renewable Energy 
Agency, 2014). For the tilt, θ, we introduce a latitude-tilt adjustment 
factor, φ, for latitude, α, defined as: 

θ = α+ φ; θ ≥ 15◦ (2) 

This latitude-tilt adjustment factor is introduced to emphasize the 
displacement from latitude-tilt during analysis. The ground clearance 
from the middle of modules to the ground, H, in meters was then 
adjusted according to the module tilt, θ: 

H =
L
2

sinθ+ 0.25 (3) 

We model our arrays with a modest minimum module ground 
clearance of 25 cm to align with tolerances of HSAT systems in the field, 
where H typically varies between 0.8 and 1.5 m (Ayala Pelaez et al., 
2019; Berrian et al., 2019). Increasing this minimum ground clearance 
to 1.0 m for fixed-tilt, HSAT, and vertical arrays decreases the optimal 
GCR in Boulder by 0.01, 0.02, and 0.01, respectively. For the HSAT 
systems modelled in this work, H is set to 1.12 m where θ in Eq. (3) 

Fig. 1. A map of diffuse fraction across North Amer
ican countries of Mexico, the United States, and 
Canada. White circles indicate the 31 locations stud
ied. South-facing fixed-tilt systems are studied with 
tilts from latitude-tilt + 10◦ to a minimum tilt of 15◦, 
in 5◦ increments. East-west HSAT systems studied 
have a range of motion covering ± 60◦. Ground 
coverage ratios (GCRs) between 0 and 1 are studied 
for all illumination and mounting types, for both 
monofacial and bifacial modules. Depicted fixed-tilt, 
HSAT, and vertical arrays are simplified to show 
only 1 row containing 3–5 modules.   

Fig. 2. (A) The full simulated PV array scene viewed from the rear-side for fixed-tilt, HSAT, and vertical arrays. Vertical modules are not tilted, as depicted. (B) 
Supportive structure dimensions. Purlins are simulated only around the central array module to reduce computation time in the case of fixed-tilt and HSAT arrays. (C) 
Framed-module layout and internal module wiring structure with bypass diodes indicated above the module. 

E.M. Tonita et al.                                                                                                                                                                                                                               

108



Solar Energy 258 (2023) 8–15

11

equates to the tracking bounds of ± 60◦ tilt. In addition, a conventional 
backtracking algorithm is employed for all HSAT arrays (Lorenzo et al., 
2011). In this algorithm, HSAT module tilt is adjusted away from direct- 
beam normal incidence to eliminate direct shading between adjacent 
rows. For further information, a summary of all system inputs is pro
vided in Table S2. 

3. Results 

3.1. Influence of ground coverage ratio on optimal tilt in a fixed-tilt 
system 

The interplay of GCR and tilt of fixed-tilt modules is an optimization 
problem. As GCR increases (or inter-row spacing decreases), energy 
yield loss due to shading for a given module tilt becomes more and more 
substantial. For higher GCR values, a lower tilt enhances energy yield by 
reducing row-to-row shading loss, despite additional cosine losses (Al- 
Quraan et al., 2022; Rehman et al., 2020; Van Schalkwijk et al., 1997). 
Fig. 3A displays how changing the tilt of a fixed-tilt array away from 
latitude-tilt by φ affects the bifacial energy yield of a central module 
located in a 5-row array in Boulder, USA. For a given GCR, the tilt 
adjustment factor providing the highest energy yield, φopt, is displayed 
by a star. To the right of the star shading losses dominate, while to the 
left of the star cosine losses dominate. As GCR increases from 0 to 1.0, 
the optimal tilt of the module moves from latitude + 5◦ to the minimum 
allowed tilt of 15◦, or tilt adjustment factor of − 25◦ for Boulder, Colo
rado. One can also observe on this plot the substantial influence GCR has 
on module energy yield, particularly for GCRs > 0.5. From a GCR of 0 to 
0.5 the energy yield drops by 9%. From a GCR of 0.5 to 1.0, the energy 
yield drops by 50%. 

The latitude of the fixed-tilt array also affects the optimal tilt 
adjustment factor. Here, we combine the effect of GCR, latitude, and 
module tilt for latitudes between 20 and 75◦N. Fig. 3B and 3C display the 
optimal tilt adjustment factors as a function of GCR for different latitude 
bins for monofacial and bifacial modules, respectively. Locations are 
binned and averaged by latitude within the error bounds indicated in the 
legend, with 2–4 locations per bin. As a contrast to previous findings 
which suggest using tilt adjustment factors between − 5◦ to − 15◦ (Cal
abro, 2013; Lewis, 1987; Qiu and Ruiffat, 2003), we find that the 
appropriate latitude-tilt adjustment factors vary between +7◦ to − 60◦

when a wide range of latitudes and GCRs are considered. At all latitudes, 
shifting towards higher GCR favours shallower tilt angles in order to 
limit inter-row shading loss, as seen in Boulder in Fig. 3A. For GCR >0.7, 
the minimum tilt of 15◦ should be used at all latitudes. In higher latitude 
locations, the tilt adjustment factor is significantly more sensitive to 
GCR due to lower average solar elevation. For example, when changing 
GCR from 0.3 to 0.4, the optimum tilt adjustment factor for a monofacial 
fixed-tilt module at 17◦N decreases by 0.4◦, while the optimum tilt for 

this same module located at 75◦N decreases by 14◦. 
Additionally, whether the modules are monofacial or bifacial can 

have a slight impact on the choice of optimal module tilt. For GCRs >0.5 
bifacial and monofacial optimal tilts are about the same since the irra
diance contribution from rear-incident light is proportionally small. 
However, when GCR decreases below 0.5, there is more opportunity for 
diffuse, reflected, and occasionally direct-beam radiation to reach the 
rear-side, increasing the relative contribution of row shading on the 
front side. The balance between these two effects leads to higher optimal 
tilt angles for bifacial arrays than for monofacial arrays at lower GCRs. 
For the scenario of no neighbouring rows (GCR = 0), bifacial module 
tilts should be on average 3◦ steeper than monofacial tilts for all loca
tions. For a moderate GCR of 0.35, bifacial modules optimum tilts are 
between 0 and 3◦ steeper than monofacial tilts, and 1◦ steeper on 
average. However, this difference depends on the bifaciality of the 
technology used and will be smaller for modules with bifaciality <96%; 
thus, in most cases, the optimum tilt of monofacial and bifacial fixed-tilt 
arrays can be assumed to be about the same. 

All fixed-tilt results that follow are with the tilt set to the appropriate 
optimum value. 

3.2. Influence of ground coverage ratio on inter-row losses 

Next, we quantified the sensitivity of annual module energy yield to 
changes in GCR for fixed-tilt, HSAT, and vertical arrays. Fig. 4 displays 
the results for a bifacial module in a fixed-tilt array (4A), HSAT array 
(4B), and vertical array (4C). The inter-row energy yield loss, or the 
amount of energy yield that is lost in comparison to an infinite row 
spacing case (GCR = 0), is plotted on the y-axis. Thus, this inter-row 
energy yield loss includes losses associated with direct-beam inter-row 
shading, diffuse-sky masking from adjacent rows, and, in the case of 
HSAT modules, the cosine losses associated with backtracking to mini
mize shading. 

There is a substantial difference in the impact of GCR on fixed-tilt, 
HSAT, and vertical arrays for low-to-moderate latitudes. For example, 
at our lowest latitude case of Tuxtla Gutiérrez, Mexico at 17◦N, 5% inter- 
row shading loss occurs at a GCR of 0.68 for fixed-tilt arrays compared to 
a GCR of 0.32 for HSAT arrays and 0.16 for vertical arrays. Lower lati
tude locations with fixed-tilt arrays have a wide range of GCRs with 
inter-row energy yield loss <5%. At our highest latitude location in 
Resolute Bay, Canada at 75◦N, the difference between fixed-tilt and 
HSAT array GCR causing 5% loss is only 0.02. As a contrast, the energy 
yield lost to inter-row shading effects steeply increases with GCR for 
vertical arrays, with less sensitivity to latitude than fixed-tilt and HSAT 
cases. To achieve 5% shading loss, vertical array GCR must be <0.20 for 
all locations. 

Monofacial module trends are similar to the bifacial trends plotted, 
only shifted by 11% on average towards higher GCR for equivalent 

Fig. 3. (A) The bifacial energy yield of a central fixed-tilt module in a 5-row PV array as the tilt adjustment factor, ϕ, is varied from − 25◦ to + 10◦ for Boulder, USA. 
A tilt-adjustment factor of zero corresponds to latitude-tilt. Stars indicate the interpolated point of highest energy yield, corresponding to the optimal tilt-adjustment 
factor for a given GCR. The optimum tilt-adjustment factors for different GCRs and latitudes is plotted in (B) for monofacial and (C) bifacial south-facing fixed-tilt 
systems. Data for the latitudes provided is an average of 2–4 locations, located within the given latitude-bin. The constraint of a minimum tilt of 15◦ causes plateaus 
in the adjustment-factor for GCRs > 0.7. 
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annual relative inter-row losses. Further comparison between bifacial 
and monofacial results is presented and discussed in the following 
section. 

3.3. Latitude trends 

To further elucidate GCR trends between 17 and 75◦N, we consider 
the requirements for each system configuration to perform with an 
accepted inter-row energy yield loss of 5%. Fig. 5 displays the GCR for 
each of our 31 locations that results in 5% inter-row losses parsed by 
latitude and diffuse fraction for fixed-tilt arrays (5A), HSAT arrays (5B), 
and vertical arrays (5C). Inset in each of these plots is a linearly- 
interpolated geographical map displaying the GCRs. 

While there is a correlation between diffuse fraction and latitude, 
with a Pearson correlation coefficient of r = 0.71, we find that GCRs are 
more strongly influenced by latitude than diffuse fraction. This can be 
seen by the dominating shift of GCR from low to high latitude. Locations 
at similar latitudes but different diffuse fractions have an average 
standard deviation in GCR of just ±0.02. 

Fixed-tilt GCRs achieving only 5% inter-row energy yield loss span 
between 0.14 and 0.68 from 75◦N to 17◦N for bifacial modules, while 
HSAT GCRs range between 0.18-0.32 and vertical GCRs between 0.10- 
0.16. To achieve a given relative inter-row energy yield loss, HSAT ar
rays generally require lower GCR values than fixed-tilt arrays, especially 
for lower latitude locations. However, in Canada and Alaska, spacing 
requirements are similar for the two configurations, and HSAT arrays 
even allow narrower row spacing than fixed-tilt arrays for latitudes 
>55◦N. This is more easily seen in Fig. 6, which shows the latitude- 
trends of GCRs achieving inter-row energy yield losses of (A) 5%, (B) 
10%, and (C) 15%. These higher inter-row loss scenarios would apply for 
PV deployments where land is limited and modules must be spaced 

closer together to achieve desired yields. 
Trendlines for monofacial and bifacial modules in fixed-tilt, HSAT, 

and vertical arrays are plotted in Fig. 6. Fixed-tilt behaviour is fit to an S- 
curve, with the following equation: 

GCR =
P

1 + e− k(α− α0)
+GCR0 (4)  

where P, k, α0, and GCR0 are fitting parameters and α is the latitude. All 
fitting parameters for the subplots in Fig. 6 are provided in Table 1, 
allowing for the computation of appropriate GCR for any latitude be
tween 15-75◦N. For the HSAT and vertical array linear regression pa
rameters, m is the slope, while b represents the y-intercept. The standard 
deviation between the fitting functions and calculated data points is 
±0.03 for fixed-tilt arrays and ±0.01 for HSAT and vertical arrays. 

Fixed-tilt array GCR exhibits S-curve behaviour, with low-latitude 
GCR plateauing due to a minimum tilt of 15◦ and high-latitudes expe
riencing diminishing returns on further increases in row spacing. HSAT 
and vertical array behaviour is fit by a linear regression, with GCR 
decreasing linearly towards higher latitudes. Vertical arrays only show a 
marginal dependence on latitude, leading to a simple linear fit. While 
HSAT behaviour is more sensitive to latitude, HSAT trends are different 
than south-facing fixed-tilt arrays due to shade-reduction via back
tracking. For a given GCR, HSAT arrays at higher latitudes will back
track more often than lower latitude arrays, resulting in higher cosine 
losses. Therefore, higher latitude systems require lower GCR to maintain 
a specific inter-row loss. 

For all depicted inter-row shading loss scenarios, HSAT GCRs and 
fixed-tilt GCRs are comparable for latitudes >55◦N. This means that land 
requirements for deployments in the North will be similar for HSAT and 
fixed-tilt arrays. Land-usage should not dictate whether single-axis 

Fig. 4. The impact of GCR on the total amount of energy yield lost to inter-row effects of direct-beam shading and diffuse-sky radiation masking for all 31 North 
American locations for bifacial (A) fixed-tilt systems, (B) HSAT systems, and (C) vertical systems. 

Fig. 5. The GCR giving a 5% inter-row spacing energy yield loss for all 31 locations as a function of latitude and diffuse fraction for (A) bifacial fixed-tilt systems, (B) 
bifacial HSAT systems, and (C) bifacial vertical systems. Inset maps show the GCR linearly interpolated across Mexico, the United States, and Canada. 
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trackers are deployed in the North, instead decision-makers can focus on 
other relevant factors such as tracking cost, feasibility, and energy yield 
gain. 

For low-to-moderate latitudes, HSAT array inter-row shading loss is 
more sensitive to changes in GCR than fixed-tilt systems. For example, in 
Miami, USA at 26◦N, the GCR for bifacial HSAT arrays is lower than 
fixed-tilt arrays by 0.13 under the 15% loss scenario, but this discrep
ancy nearly triples to 0.37 under the 5% loss scenario. Contrary to the 
high-latitude case, low latitude decision-makers who wish to minimize 
inter-row shading losses must consider land-use as a key factor when 
choosing between tracking and fixed-tilt systems. Vertical system GCR 
may reach up to 0.29 when shading loss is more tolerable at low lati
tudes, as in the 15% shading loss scenario in Fig. 6C. However, low 
GCRs <0.20 are necessary for all latitudes when limiting shading loss to 
5%. This suggests that vertical PV arrays may need to tolerate higher 
shading losses to be more feasible in practice compared to south-facing 
fixed-tilt and HSAT arrays. 

Whether the array is bifacial or monofacial additionally affects the 
latitude-optimal GCRs. As shown in Fig. 6, the trends between bifacial 
and monofacial modules for fixed-tilt and HSAT arrays follow the same 
behaviour, with bifacial module GCRs shifted lower on average by 0.03 
than monofacial, since larger row spaces leads to higher rear irradiance. 
The appropriate GCR for any configuration at any latitude >15◦N can be 
extracted from these plots or calculated using the fitting parameters 
provided in Table 1. 

4. Discussion 

While this paper discusses the interplay of inter-row energy yield loss 
on GCR for tracking/fixed-tilt/vertical systems and bifacial/monofacial 
modules, the appropriate selection of system configuration is a complex 
economic objective function, and further design optimizations should be 

considered. For example, PV arrays can be further optimized by ac
counting for non-flat terrain (Al-Quraan et al., 2022), considering the 
effects of wind-based module cooling caused by array layout (Glick 
et al., 2020), alternating panel inclination between neighboring rows 
(Kafka and Miller, 2020), varying mounting height (Baloch et al., 2020), 
and using row-specific tracking algorithms for HSAT arrays (Daly and 
Abbaraju, 2018). In addition, other non-conventional array mounting 
configurations may be of benefit. For example, high density, shallow 
ground-mounted array layouts with little spacing between array rows 
have been recently emerging onto the market, claiming land-use re
ductions ~30% (Carroll, 2021; GameChange Solar, 2023; Jurchen 
Technology, 2023). 

Here, we presented the sensitivity of inter-row energy yield shading 
loss to GCR by comparing to the energy yield of a module with no 
neighbouring rows (GCR = 0). In some cases, it might be more beneficial 
to instead consider energy density, as suggested by Verissimo et al. 
(2020). This could be of more use when, for example, available land for 
PV is limited and module costs are low. Figure S1 in the supplemental 
information shows a plot of energy yield density as a function of GCR for 
the 31 locations considered in this work. For HSAT arrays, energy yield 
density continues to increase towards GCRs of 1.0, despite increased 
shading losses. If the sole objective is to maximize the energy yield of a 
given plot of land regardless of module cost, HSAT rows can be placed 
with little to no gap between rows, since losses associated with near 
constant backtracking are offset by the sheer number of modules on site. 
However, this is not a practical site layout in most circumstances as 
space must be left for operation and management practices, and modules 
spend most of the year backtracking to tilts < 15◦. Fixed-tilt energy 
density, on the other hand, peaks for GCRs between 0.5 and 0.7 for 
latitudes between 17◦N to 75◦N. Even with negligible module cost, GCRs 
beyond these peaks are unlikely to be economically feasible, as reducing 
row spacing further results in an overall loss to energy yield; the benefit 

Fig. 6. GCR latitude-trends for (A) inter-row energy 
yield shading loss (‘inter-row loss’) of 5%, (B) 10%, 
and (C) 15%. Fixed-tilt data is given in orange, while 
HSAT data is given in teal and vertical data in blue. 
Monofacial and bifacial system results are addition
ally provided by lighter triangles and darker circles, 
respectively, with deviations between bifacial and 
monofacial performance emphasized by the high 
module bifaciality of 96%. The appropriate GCR for 
any latitude > 15◦N can be extracted from these plots, 
with fit parameters summarized in Table 1. (For 
interpretation of the references to colour in this figure 
legend, the reader is referred to the web version of 
this article.)   

Table 1 
Fitting Parameters for Calculating Ground Coverage Ratio.   

Fixed-tilt HSAT Vertical 

P k (1/◦) α0 (◦) GCR0 m (1/◦) b m (1/◦) b 

Inter-row energy yield loss 5% Bifacial − 0.560 0.133 40.2 0.70 − 2.68 × 10-3 0.361 − 6.87 × 10-4 0.155 
Monofacial − 0.550 0.138 43.4 0.71 − 2.82 × 10-3 0.388 – – 

Inter-row energy yield loss 10% Bifacial − 0.485 0.171 46.2 0.72 − 4.37 × 10-3 0.575 − 1.23 × 10-3 0.257 
Monofacial − 0.441 0.198 48.7 0.72 − 4.76 × 10-3 0.621 – – 

Inter-row energy yield loss 15% Bifacial − 0.414 0.207 49.9 0.74 − 5.76 × 10-3 0.762 − 1.93 × 10-3 0.357 
Monofacial − 0.371 0.208 51.5 0.75 − 6.33 × 10-3 0.825 – –  

E.M. Tonita et al.                                                                                                                                                                                                                               

111



Solar Energy 258 (2023) 8–15

14

gained by fitting more modules into a given space is very literally 
overshadowed by shading losses if a minimum 15◦ tilt is maintained to 
avoid soiling. Eliminating the minimum tilt requirement of 15◦ can 
allow for non-conventional shallow-tilt array layouts with high energy 
yield density at GCRs of 1 (Carroll, 2021; GameChange Solar, 2023; 
Jurchen Technology, 2023). Unlike their equator-facing fixed-tilt 
counterparts, east–west facing vertical panels do not experience an en
ergy yield density peak for GCRs up to 1; it is possible to have GCRs >1 
to increase the energy yield density of the PV array (Khan et al., 2017; 
Riaz et al., 2021; Tahir and Butt, 2022). In agrivoltaic applications, the 
effect of vertical PV row spacing on crop yield must also be considered, 
with certain crops being more shade-tolerant or shade-sensitive (Riaz 
et al., 2021; Tahir and Butt, 2022). In all cases, incorporating the effect 
of GCR on both module energy yield and energy yield density will be 
necessary to help inform PV array design. 

PV arrays were composed of full-cell silicon technology for the pre
sented GCR and energy yield analysis. The power output of a module is 
generally proportional to the amount of incident irradiance, however, 
some technologies may be more shade-tolerant. For example, both half- 
cut cells and cadmium telluride (CdTe) technologies have demonstrated 
a lower sensitivity to shading than full-cell silicon modules, resulting in 
tracking schemes that reduce or even eliminate backtracking hours for 
overall improved performance (Cheein et al., 2021; Ngan et al., 2013). 
In this case, restrictions on appropriate GCR values as a function of 
latitude will be lessened, and closer row spacing could be used. 

The analysis we have presented has been conducted for North 
American locations, but covers a wide range of operating conditions, 
including diffuse fractions between 0.23 and 0.55, average GHI- 
weighted ambient temperatures of − 4◦C to 31◦C, average GHI- 
weighted albedos between 0.10 and 0.65, and city elevations between 
1 and 1600 m. These location parameters are summarized in Table S1. 
Including locations across other continents and in the southern hemi
sphere in this analysis would further the range of operating conditions 
and contribute to more scatter in the presented trends. Since latitude 
was the dominating factor effecting inter-row energy yield loss, our 
results should provide an estimate of the performance of equivalent PV 
arrays across the globe. 

5. Conclusion 

Traditional guidelines for determining PV array layouts were 
developed for monofacial fixed-tilt equator-facing systems at low-to- 
moderate latitudes, and no longer suit well the expanding PV market, 
which has been progressing toward bifacial technologies, tracked sys
tems, higher latitudes, and land-constrained areas. Old approaches, like 
the winter solstice rule, are insufficient to capture the nuance of 
deployment planning, where practical and economical constraints vary 
widely both geographically and temporally. In this work, we have 
quantified the row spacing for tracked, fixed-tilt, and vertical arrays 
with both bifacial and monofacial technologies in 31 locations from 
17–75◦N with acceptable inter-row shading losses of 5–15%. We 
generalize our results to an arbitrary collector area by presenting results 
in terms of ground coverage ratio. GCR varies widely between 0.15–0.68 
for fixed-tilt systems compared to 0.17–0.32 for HSAT systems, both 
with a strong latitude-dependence. Similarly, the optimal tilt of fixed-tilt 
arrays varies widely from 7◦ above latitude-tilt to 60◦ below latitude-tilt, 
depending on the latitude and GCR. Vertical systems are less sensitive to 
latitude, with GCR varying from 0.10 to 0.16 between 17-75◦N. We also 
find that it is reasonable to approximate the row spacing of bifacial ar
rays as equivalent to monofacial arrays, with bifacial modules of 96% 
bifaciality requiring GCRs lower by 0.03 on average than monofacial 
modules. We demonstrate that latitude is a stronger driver of inter-row 
energy yield shading losses than diffuse fraction, and present formulae 
for calculating the appropriate row spacing of a PV array for any latitude 
between 15–75◦N. Our results provide updated guidelines for PV 
deployment system design that better suit the expanding PV sector. 

6. Data and code availability 

The data supporting the findings of this study are available in the 
main text and supplemental information and are additionally available 
upon request from the corresponding author. Details regarding the code 
used in this paper are published in Russell et al. (2022). 
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E. M. Tonita, A. C. J. Russell, C. E. Valdivia, and K. Hinzer, “Optimal ground coverage ratios for 

tracked, fixed-tilt, and vertical photovoltaic systems for latitudes up to 75°N”. 
 

I. OPTIMIZED LOCATIONS 

We selected 31 locations from across North American countries of Mexico, the United States, and Canada for 

photovoltaic (PV) row spacing characterization and optimization. A summary of pertinent parameters for these 

locations is given in Table S1 below. Environmental Typical Meteorological Year data was retrieved from the National 

Solar Radiation Database (NSRDB) [S1] for locations <60°N. For locations >60°N, the Canadian Weather Energy 

Calculation Database (CWEC) was used [S2]. Environmental data was used at an hourly resolution, however yearly 

average insolation, ambient temperature, and albedo are provided in Table S1. A range of elevation from 1-1636 m 

above sea level occurs in our dataset. High elevation tends to increase PV performance due to decreased average 

temperatures [S3-4]. Since our analysis considers relative changes in energy yield on a location-by-location basis, the 

effects of elevation should have a negligible contribution to the results presented in the main text. 

Table S1. Summary of Location Environmental Data 

City Latitude 

(°N) 

Longitude 

(°W) 

Diffuse 

Fraction 

Av. Insolation 

(kWh/m2/day) 

Av. Annual 

Temp. (°C)* 

Av. Annual 

Albedo* 

Elevation 

(m) 

Tuxtla Gutiérrez 16.8 93.1 0.34 5.8 26.9 0.16 699 

Guadalajara 20.6 103.4 0.27 6.3 25.1 0.18 1590 

Mérida 21.1 89.7 0.31 5.8 28.5 0.16 4 

Culiacán 24.8 107.5 0.26 5.9 30.2 0.17 30 

Monterrey 25.8 100.3 0.31 5.4 28.8 0.15 716 

Miami 25.8 80.2 0.35 5.2 25.8 0.16 5 

Chihuahua 28.7 106.1 0.23 6.1 25.4 0.18 1462 

Houston 29.8 95.4 0.37 4.8 25.6 0.15 15 

New Orleans 30.0 90.1 0.36 4.9 23.5 0.15 1 

Phoenix 33.5 112.1 0.23 5.8 30.5 0.17 321 

Albuquerque 35.1 106.7 0.23 5.6 22.3 0.17 1496 

Memphis 35.1 90.0 0.36 4.6 22.5 0.14 85 

Virginia Beach 36.9 76.0 0.38 4.5 18.5 0.10 3 

Denver 39.8 105.0 0.30 4.9 19.1 0.23 1587 

Boulder 40.0 105.3 0.36 4.5 18.5 0.26 1636 

Pittsburgh 40.5 80.0 0.44 3.9 17.5 0.17 257 

Boise 43.6 116.2 0.28 4.6 20.3 0.17 847 

Halifax 44.7 63.6 0.43 3.6 11.5 0.22 1 

Ottawa 45.4 75.7 0.40 3.8 13.2 0.32 62 

Deer Lake 49.2 57.4 0.48 3.2 10.4 0.35 58 

Vancouver 49.3 123.1 0.41 3.2 15.9 0.13 45 

Regina 50.5 104.6 0.37 3.7 14.0 0.30 570 

Winnipeg 49.9 97.4 0.37 3.7 13.0 0.31 228 

Prince George 53.9 122.8 0.42 3.3 12.2 0.28 599 

Flin-Flon 54.8 101.9 0.40 3.3 9.1 0.36 312 

Yellowknife 62.5 114.4 0.44 2.9 8.2 0.36 206 

Rankin Inlet 62.8 92.1 0.53 2.7 -0.3 0.52 32 

Iqaluit 63.8 68.6 0.55 2.5 -0.3 0.51 34 

Old Crow 67.6 139.8 0.43 2.7 6.7 0.38 251 

Cambridge Bay 69.1 105.1 0.47 2.4 -2.4 0.56 31 

Resolute Bay 74.7 95.0 0.41 2.4 -4.3 0.65 68 

    *GHI-weighted averages 
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II. SYSTEM DESIGN 

In Table S2 we summarize the input parameters used in the 3D view factor PV system simulator, DUET [S5].  System 

parameters presented are for a bifacial horizontal single axis tracked (HSAT) array.  For south-facing fixed-tilt 

systems, the tracking type is set to fixed and the tilt is set to the optimum tilt as described in the main text. For east-

west vertical fixed-tilt systems the azimuth is set to 90° from South, the tracking type is set to fixed, and the module 

orientation is landscape. In all cases a minimum ground-to-module clearance of 0.25 m is maintained. Other 

parameters are set to common values across each of these system configuration types.  Module electrical parameters 

are extracted from a model for dual-sided textured silicon heterojunction devices [S6]. 

 

Table S2. Summary of DUET Inputs 

Environmental Sky model Perez sky luminance distribution 

model 

Environmental data NREL NSRDB [S1] or CWEC [S2] 

Cell geometry Cell size M2 (156.75 mm) 

Cell area (cm2) 238.84 

Metallization shading fraction (%) 7% 

Irradiance sample points per cell 16 

Cell I-V Bifaciality (%) 96 

Short-circuit current (A/cell) 8.19 

Responsivity (A/W) 0.343 

Open-circuit voltage (V) 0.712 

Ideality factor 1.08 

Saturation current (nA/cell) 0.35 

Shunt resistance (Ω) 12.6 

Series resistance (Ω) 0.00018 

Temp. coef. short-circuit current 

(K-1) 

0.035 

Temp. coef. open-circuit voltage 

(K-1) 

-0.00235 

Nominal operating cell temp. (°C) 42 

Incidence angle modifier model ASHRAE 

Module 

geometry 

Number of cells 72 

Module orientation Portrait 

Frame Included 

Array geometry Azimuth (° from South) 90 

Number of rows 5 

Row pitch (m) Depends on GCR 

Number of tables per row 1 

Number of modules per table 31 

Module spacing along row (m) 0.03 

Number of tiers 1 

Ground clearance (m) Adjusted according to Eq. 3 

Racking Includes purlins and torque tube 

Tracker Type Horizontal single-axis tracking, ±60° 

Backtracking Included 

Torque tube Shape Round 

Radius (m) 0.05 
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III. ENERGY DENSITY 

In the main text we presented the sensitivity of inter-row energy yield shading loss to GCR by comparing to the energy 

yield of a module with no neighbouring rows. In some cases, it might be more beneficial to instead consider energy 

density, as suggested by Verissimo et al. [S7]. This could be of more use when, for example, available land for PV is 

limited and module costs are low. Figure S1 shows a plot of energy yield density as a function of GCR for the 31 

locations considered in this work for fixed-tilt arrays (A, B), HSAT arrays (C, D), and east-west vertical fixed-tilt 

arrays (E, F).  All rows have the same scale for ease of comparison between monofacial and bifacial energy yield 

density. Energy yield density, 𝜌, is calculated by simply dividing the annual module energy yield, E, by the row pitch, 

R, associated with each GCR: 

𝜌 = 𝐸/𝑅  (Eq. S1). 

For HSAT arrays, energy yield density continues to increase towards GCRs of 1.0, despite increased shading losses. 

If the sole objective is to maximize the energy yield of a given plot of land regardless of module cost, HSAT rows can 

be placed side-by-side, since losses associated with near constant backtracking are offset by the sheer number of 

modules on site. However, this is not a practical site layout in most cases as space must be left for operation and 

management practices. Additionally, since HSAT modules were not constrained to a minimum tilt of 15° like fixed-

tilt modules, for GCRs near 1.0, the module tilt will be between 0-15° for most hours of the year. Fixed-tilt energy 

density, on the other hand, peaks for GCRs between 0.5 and 0.7 for latitudes between 75°N to 17°N. Even with 

negligible module cost, GCRs beyond these peaks are unlikely to be economically feasible, as reducing row spacing 

further results in an overall loss to energy yield. Unlike their equator-facing fixed-tilt counterparts, east-west facing 

Fig. S1. The effect of GCR on energy yield density for all 31 North American locations for (A, C, E) monofacial systems and (B, 

D, F) bifacial systems with (A, B) fixed-tilt, (C, D) HSAT, and (E, F) vertical fixed-tilt configurations.  
12etoni044@uottawa.ca

Fig. S1
BifacialMono.

HSAT

Fixed-tilt

A B

C D

E F

City Lat. (°N) Diffuse Fraction

Tuxtla Gutiérrez 16.8 0.34

Guadalajara 20.6 0.27

Mérida 21.1 0.31

Culiacán 24.8 0.26

Monterrey 25.8 0.31

Miami 25.8 0.35

Chihuahua 28.7 0.23

Houston 29.8 0.37

New Orleans 30.0 0.36

Phoenix 33.5 0.23

Albuquerque 35.1 0.23

Memphis 35.1 0.36

Virginia Beach 36.9 0.38

Denver 39.8 0.30

Boulder 40.0 0.36

Pittsburgh 40.5 0.44

Boise 43.6 0.28

Halifax 44.7 0.43

Ottawa 45.4 0.40

Deer Lake 49.2 0.48

Vancouver 49.3 0.41

Regina 50.5 0.37

Winnipeg 49.9 0.37

Prince George 53.9 0.42

Flin-Flon 54.8 0.40

Yellowknife 62.5 0.44

Rankin Inlet 62.8 0.53

Iqaluit 63.8 0.55

Old Crow 67.6 0.43

Cambridge Bay 69.1 0.47

Resolute Bay 74.7 0.41

Vertical
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vertical panels do not experience an energy yield density peak for GCRs up to 1.0; it is possible to have GCRs>1 to 

increase the energy yield density of the PV array [S8]. 
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Chapter 6

6.2 Effect of spectral albedo on bifacial photovoltaic
module measurements and system model predictions

The effects of spectral albedos
Are quantified for measurement & software.

With spectra like uneven rainbows
You may have error up to 3%, beware.

.
Spectral mismatch is increased

For fixed systems in northern locations,
Bandgaps above 1 eV at least,

And bright ground-cover applications.

❄ ❄ ❄

Scope and impact

Quantifying rear incident irradiance is one of the main research challenges for accurate prediction
and characterization of bifacial PV performance. Rear irradiance is most heavily influenced by
the surrounding ground albedo, with a major uncertainty associated with the use of albedo
being the importance of spectral shape. In this article, we present a comprehensive study of
spectral albedo effects on (1) bifacial PV device I-V measurements, and (2) annual predictions
of bifacial PV system performance.

This article has the following novelties:

1. An indoor measurement demonstration of measuring bifacial PV devices under varying
illumination conditions corresponding to specific ground covers including snow, grass, and
soil using 1-cell bifacial SHJ mini-modules is completed. This is a practical demonstration
of the SRI method described in Section 5.2.

2. Spectral albedo irradiance mismatch is calculated in 31 locations spanning 15-75°N and
for ten different ground covers.

3. We show that ground-reflected irradiance composes between 2-32% of all annual plane-
of-array irradiance on bifacial PV modules, with notably high (>10%) contributions for
fixed-tilt arrays above 50°N.

4. Empirical equations are provided for estimating the sensitivity of model energy yield
predictions to changes in ground albedo.
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5. We quantify how much spectral mismatch can be expected to increase for solar cell
technologies with larger bandgaps, such as cadmium telluride (CdTe) and GaAs.

Overall, this article demonstrates the scenarios where omission of spectral effects can lead to
measurement and modelling errors on the order of 1-3%. We recommend considering spectral
effects for (1) fixed-tilt deployments at high latitudes, (2) wide bandgap technologies, (3)
albedos which vary significantly over the technology’s absorption range, and (4) high albedos
such as snow.
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Abstract

We provide a comprehensive analysis of the effect of spectral albedo on photovol-

taic (PV) module measurements and system model predictions. We demonstrate

how to account for albedo in indoor bifacial device measurements by adjusting the

applied irradiance using the scaled rear irradiance method, exemplified on fabricated

silicon heterojunction (SHJ) modules. System model performance is studied using a

detailed 3D finite-element model, DUET, for fixed-tilt and horizontal single-axis

tracked (SAT) arrays between 15 and 75�N. Spectral effects cause variations in mea-

sured SHJ module short-circuit current up to 2% and efficiency variation up to 0.3%

abs. We further demonstrate that rear-side spectral mismatch factors (SMMs) result-

ing from including or omitting spectral albedo in PV system modeling vary between

±13%, while total (front+rear) SMMs vary up to 3%, depending on the deployment

configuration and latitude. SAT array SMMs are weakly correlated with latitude,

while fixed-tilt array SMMs increase with latitude, driven by an increasing propor-

tion of ground-reflected light on the front-side of modules. Ground-reflections can

constitute between 2% and 32% of total incident module irradiance, with notably

high (>10%) contributions for fixed-tilt arrays at high latitude. Effects of spectral

albedo are most significant for: (1) fixed-tilt deployments at high latitudes, (2) wide

bandgap technologies such as perovskite and cadmium telluride cells, (3) albedos

which vary steeply over the technology's absorption range, and (4) high albedo

ground covers. Overall, we demonstrate that omitting spectral albedo effects can

result in PV measurement and system-level modeling uncertainties on the order of

several percent in these cases.
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1 | INTRODUCTION

Bifacial photovoltaic (PV) technologies, which absorb radiation on

both front and rear faces, are rapidly becoming the mainstream tech-

nology deployed worldwide, with over 20 GW deployed as of 2021.1

By 2050, bifacial technologies are projected to constitute 80% of the

global PV market share courtesy of their increased absorptive area

and module lifetime compared to conventional monofacial technolo-

gies.1,2 Energy yield gains typically between 5–30% can be achieved

compared to monofacial technologies,2 with bifacial gain driven by

the acceptance of rear-side irradiance. Thus, quantifying rear incident

irradiance is one of the main research challenges for accurate predic-

tion and characterization of bifacial PV performance.

Direct beam irradiance, diffuse sky irradiance, and ground-

reflected irradiance all contribute to the total incident irradiance

received on a PV module. In the case of low-latitude monofacial PV

modules, ground-reflected irradiance typically accounts for <2% of

total incident irradiance,3 but this number can be >10% for bifacial

modules and compose >90% of all rear-incident irradiance.4,5 Ground-

reflected irradiance is determined by the surrounding albedo of the

environment, where albedo is defined as the bidirectional hemispheri-

cal reflectance of a surface and depends on the ground material,

topology, and lighting conditions.5,6 Thus, the characterization and

measurement of albedo on bifacial rear-side irradiance over a wide

range of conditions, including extending beyond previous low-latitude

assumptions, is imperative for both resource assessment & planning,

and for monitoring the performance of existing deployments.

How ground-reflected, diffuse sky, and direct beam irradiance

sources manifest into rear-side module irradiance profiles depends on

numerous parameters. Rear-side non-uniformity arises naturally from

the configuration of the PV array, with factors such as module tilt,

height, and location in the PV array influencing rear-incident irradi-

ance.5,7,8 For example, Ayala Pelaez et al. used a ray tracing technique

to investigate single-axis tracked (SAT) edge-brightening, finding mod-

ules at the end of the tracker experience a 15%–25% increase in rear

irradiance compared to central modules in Albuquerque, USA, at

35�N.9 Alongside non-uniformities arising from module orientation

and the surrounding environment, self-shading and self-reflections

can also occur to either diminish or enhance energy yield. For

instance, Ayala Pelaez et al. found a 2%–8% torque tube rear irradi-

ance shading factor for 2-in-portrait tracked systems in Richmond,

USA, at 38�N.10 Similarly, Coathup et al. examined the complementary

effect of torque tube reflections, finding slight annual energy yield

prediction increases of 0.1%–0.2% for tracked systems located in Liv-

ermore, USA, at 38�N.11

Rear-side irradiance non-uniformity leads to current mismatch

loss in all cases. McIntosh et al. quantified the current mismatch loss

in a SAT array in Golden, USA, at 40�N using a ray tracing model, find-

ing that mismatch losses were higher for edge modules in the array,

for single tier arrays, and when the ground albedo was high.12 Deline

et al. investigated rear side irradiance for ground-mounted tracked

and rooftop fixed-tilt systems in three mid-latitude locations around

the globe and found that mismatch losses increased linearly with

module bifaciality.13 Electrical wiring schemes can be used to reduce

mismatch losses, for example, by the addition of more bypass diodes

or use of half-cut cells.

Among the areas of uncertainty regarding bifacial PV

performance is the importance of the spectral nature of albedo on

both rear-side irradiance and energy yield. Different ground

conditions will preferentially reflect and absorb certain wavelengths,

leading to unique spectral albedos. In many cases, an average or

broadband albedo is instead used in simulations to reduce measure-

ment and computational complexities.14–16 In recent years, a few

studies have investigated the impact of spectral albedo on bifacial

device performance compared to these broadband approximations.

For example, Onno et al. described how spectral albedo impacts bifa-

cial tandem devices, considering the albedos of brown loam, white

sand, and dry grass,17 while Russell et al. described the theoretical

efficiency limit for bifacial solar cells with and without the spectral

dependence of albedo.18 Russell et al. further modeled that bifacial

solar cell power can vary by up to 5% due to spectral effects.18

A few studies have explored the impact of spectral albedo on sys-

tem performance, however they are limited to select locations or do

not conduct a yearly energy yield analysis. Brennan et al. investigated

the impact of spectral albedo versus broadband albedo for 22 albedos

and 7 technologies under a single-spectrum representing a sunny mid-

latitude at solar noon.19 Andrews et al. calculated the effect of

spectrally-weighted albedo versus broadband albedo for spectra with

varying cloud optical thicknesses, demonstrating that insolation can

be under-predicted by up to 7% by ignoring spectral effects.20 In this

paper, Andrews et al. suggested that the use of an external quantum

efficiency (EQE) weighted albedo value can be used as a proxy for a

full spectral calculation.20 Vogt et al. adopted this spectrally-weighted

albedo to further demonstrate a 20% relative discrepancy in bifacial

gain compared to using a broadband albedo approximation for

Hamelin, Germany.4 Riedel-Lyngskaer et al. analyzed field data in

Denmark of bifacial fixed-tilt and SAT arrays, monitored using differ-

ent spectroradiometers and pyranometers, finding spectral impacts

varying from 0.98 to 1.20.21

Here, we present a comprehensive review of the effect of spec-

tral albedo compared to broadband approximations on yearly bifacial

PV system performance for 31 North American locations spanning

17–75�N. We consider equator-facing fixed-tilt and SAT systems

under 10 different albedo scenarios. Furthermore, we demonstrate

how in-lab bifacial PV module measurements are affected by broad-

band albedo approximations by measuring bifacial silicon heterojunc-

tion (SHJ) mini-modules (1-cell modules) using the scaled rear

irradiance measurement method.22 Thus, this paper is composed of

two primary sections—in the first, we analyze the impact of spectral

albedo on in-lab bifacial module measurements; in the second, we use

the measurements of SHJ mini-modules as input into a PV system-

level performance model to analyze spectral albedo system model

uncertainty. We examine the front, rear, and total spectral mismatch

factors arising from spectral albedo as a function of latitude. Finally,

we extend our analysis to show relative performance variations for six

other technologies in addition to SHJ.
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2 | METHODOLOGY

2.1 | Albedo

For both module measurements and system-level modeling, we con-

sider 10 albedo scenarios: snow, white sand, dry grass, light sand,

concrete, roof shingle, green grass, red brick, soil, and tundra. The

spectral albedos of these ground conditions are plotted in Figure 1A.

Albedos of soil and light sand are digitized from the SMARTS data-

base.23 To exemplify a naturally occurring high-latitude surface, we

consider the albedo of tundra to be the measurement of natural sur-

face with soil and rock from Bøggild et al. acquired in Greenland.24

The remaining spectral albedos are digitized from Russell et al.18 For

comparison, broadband albedo, abb, is depicted by dashed lines in

Figure 1A and calculated using the following formula:

abb ¼

ð
A λð Þ�AM1:5G λð Þdλð

AM1:5G λð Þdλ
ð1Þ

The spectral albedo, A λð Þ, is weighted by the standard solar spec-

trum of AM1.5G. Though spectral albedo data is displayed for the sili-

con absorption range in Figure 1A, this value is calculated over

wavelengths, λ, from 280 to 3000nm representing the absorption

range of typical pyranometers.

The shaded background in Figure 1A corresponds to the

measured external quantum efficiency (EQE) of a bifacial SHJ mini-

module. As suggested by Andrews et al., we calculated a spectrally-

weighted albedo, aλ, using the SHJ EQE to represent performance

under spectral albedo conditions20:

aλ ¼

ð
A λð Þ�EQE λð Þ�AM1:5G λð Þ� λdλð

EQE λð Þ�AM1:5G λð Þ�λdλ
ð2Þ

This method reduces the computation time required for a full

spectral analysis, while providing comparable results due to incorpo-

rating the technology's spectral response.4,20 An inset table in

Figure 1A summarizes abb and aλ for our 10 considered ground

conditions.

2.2 | Module measurement methodology

Bifacial silicon heterojunction mini-modules were fabricated for

albedo performance characterization and input into a system-level

model. A schematic of the module layer structure is provided in

Figure S1. Four SHJ glass–glass mini-modules were fabricated and

measured to have an average efficiency of 21.9 ± 0.9% under front-

side standard test conditions (STC) of AM1.5G at 1000 W/m2 and an

F IGURE 1 (A) The spectral albedo and broadband albedos considered in this work, shown for the c-Si absorption range, with silicon
heterojunction EQE given by the faded blue background. The table summarizes the broadband and spectrally-weighted albedos for each ground
condition. (B) A schematic demonstrating how measurements with albedo are implemented indoors by scaling front-side irradiance, GF(λ),
according to the ground albedo, using target irradiance values, RSRI, calculated using Equations (5) and (7) via the scaled rear irradiance method.
(C) A schematic showing how system-level modeling is completed using varied albedo across 31 locations for fixed-tilt and SAT modules. Array
icons are truncated and represent a 5-row array with 31 modules per row (see Figure 2A). The central module is analyzed in this work,
represented by colored shading. The map displays the yearly average daily solar insolation across Mexico, the United States, and Canada.
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average bifaciality of 96 ± 2%. Further information can be found in

the supporting information, including a summary of mini-module mea-

sured parameters in Table S1 and fabrication details.

The performance of bifacial PV mini-modules under varying

albedo conditions can be tested indoors using the scaled rear irradi-

ance (SRI) method, developed and described in our prior work.22 In

the SRI method, the International Electrotechnical Commission (IEC)

standard 60904-1-2 for measurement of bifacial I-V behavior25 is

extended to include effects of albedo. In the simplest measurement

case, rear-side irradiance is added to the front-side, modified by the

device's bifaciality, φ, in what is referred to as ‘an equivalent irradi-

ance method’; the spectra, GF λð Þ, illuminated on the front-side of a

bifacial device is increased to mimic the effect of additional rear-side

irradiance:

GF λð Þ¼AM1:5G λð Þ 1þφR½ � ð3Þ

Here, R is the value representing the intended rear-side irradiance

in suns. The IEC 60904-1-2 standards recommend testing with

R between 0.1–0.25 suns (100–250 W/m2).

In the SRI method, an albedo, a, is calibrated and assigned to a

particular R, depending on the system mounting architecture (fixed-tilt

or SAT).22 Thus, it is possible to attribute a physical meaning to the

selection of rear-side irradiance values by, for example, applying

irradiance that corresponds to outdoor conditions with fresh snow.

For fixed-tilt and SAT mounting architectures, the rear irradiance R for

an albedo, a, can be calculated using the following two empirical

equations, repeated from Tonita et al.22 These empirical formulae

emulate the performance of 1-in-portrait systems located in Boulder,

USA, at 40�N:

Rfixed�tilt að Þ¼0:31aþ0:01 ð4Þ

RSAT að Þ¼0:27aþ0:01 ð5Þ

Since snow falls and accumulates over a subset of hours in a year,

snowy albedos are treated separately in the SRI method, leading to

two additional equations unique for evaluation of snowy hours:

Rfixed�tilt,snow að Þ¼0:19aþ0:01 ð6Þ

RSAT,snow að Þ¼0:24aþ0:01 ð7Þ

To demonstrate indoor measurements with albedo, we measure

bifacial SHJ mini-modules assuming a planned SAT mounting architec-

ture. Thus, we calculate appropriate measurement conditions, or

R values, using SAT equations (Equations 5 and 7). A depiction of the

SRI measurement method is provided in Figure 1B, with summarized

RSAT values provided for the scenarios where a¼ abb or a¼ aλ in Equa-

tions (5) and (7).

2.3 | System model

We modeled the performance of fixed-tilt and SAT PV systems in

31 locations across Mexico, the United States, and Canada under the

10 spectral and broadband albedos provided in Figure 1A. Locations

were selected to span a wide range of environmental conditions, with

latitudes between 17 and 75�N, longitudes between 57 and 140�W,

and diffuse fractions between 0.23 and 0.55. Selected locations are

indicated by white circles in Figure 1C, and a summary of location

parameters can be found in Table S2. Map color in Figure 1C is given

by the year-averaged daily solar insolation received at each location.

We retrieved hourly Typical Meteorological Year (TMY) environmen-

tal data from the National Solar Radiation Database (NSRDB)26 for all

locations excluding those above 60�N, which were retrieved from the

Canada Weather Energy Calculation (CWEC) database.27 NSRDB

datasets contain surface albedo measurement data, which updates at

an hourly resolution, whereas CWEC datasets only indicate which

F IGURE 2 (A) The simulated PV array, as viewed from the rear-side, for fixed-tilt and SAT arrays. (B) Supportive structure dimensions around
the central module which is analyzed in this work. Purlins, which are supporting module structures installed perpendicular to the torque tube, are
modeled around only the central module to reduce computation time. The ground is assumed to be a flat Lambertian reflector with a minimum
distance between the ground and module of 50 cm. (C) Module layout with 72-cells and internal wiring indicated by red lines. The bypass diode
configuration is shown above the module.
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hours of the year have snow cover. To test the impact of spectral

albedo versus broadband albedo assumptions on model performance

predictions, while capturing to the first order the effects of seasonal-

ity, all NSRDB hourly input timesteps are flagged as either ‘snow’ or
‘non-snow’ hours as well. This categorization is completed by assign-

ing all timesteps with default TMY albedo >0.7 as ‘snow hours’, with

all other values considered ‘non-snow’. Thus, for this albedo analysis,

a non-snow albedo such as dry grass is analyzed over a year in each

location and array configuration over flagged non-snow hours. Snow

albedo is exclusively analyzed for flagged snow hours. In some cases,

we additionally present system results using the default, measured

hourly albedo values given in NSRDB TMY files. In this case, CWEC

albedo snow hours are set to 0.87 and non-snow hours are set to

0.185, corresponding to the broadband albedo of tundra as measured

by Bøggild et al.24

We modeled the performance of a central module in fixed-tilt

and SAT PV arrays using our 3D PV performance prediction soft-

ware, DUET.28 Figure 2 depicts a schematic of the PV array layout

and module electrical wiring. PV modules are modeled in a 1-in-

portrait configuration and centered in a 5-row array, with each row

containing 31 modules. Edge effects are negligible on this scale,

resulting in module performance that is representative of central

modules of utility-scale systems.29 The spacing between rows is

updated according to the location latitude and tracking type using

the equations provided in Tonita et al.30 for 5% inter-row energy

yield shading loss. Figure 2B depicts key dimensions assumed in this

work for supportive structures, with a 10 cm diameter torque tube to

align with dimensions previously modeled in literature.13,29 Purlins

extend to half the length of the module with a width of 3 cm and

support the modules perpendicular to the torque tube. The array

schematic depicted applies to both fixed-tilt and SAT arrays, though

fixed-tilt arrays are oriented to be south-facing, while SAT arrays

track east to west. For both system configurations, a minimum

ground clearance of 50 cm is maintained between the bottom of the

module and the ground. All fixed-tilt arrays are placed at latitude-tilt

minus 10�,30 while SAT arrays have tracking bounds of ±60�. SAT

arrays are additionally implemented using a conventional backtrack-

ing algorithm to eliminate inter-row shading in morning and evening

hours.31 On the electrical side, each module contains 72-cells con-

nected in series and parallel with three bypass diodes, as provided in

Figure 2C. Input module electrical parameters are as measured from

fabricated silicon heterojunction mini-modules, and summarized in

Tables S1 and S3.

Given environmental parameters, array geometry, and module

electrical parameters, DUET calculates hourly front and rear irradiance

profiles and module I-V curves. Optical modeling is completed per

timestep (hour) using a 3D finite-element approach modified to

include scene shading using a deterministic ray inter-

section algorithm.28 Direct beam radiation, anisotropic diffuse sky

radiation, and ground-reflected radiation sources contribute to front

and rear module 2D irradiance profiles. The ground is assumed to be a

flat, Lambertian reflector with incident irradiance modified by the

albedo assigned to the ground. Albedo is assigned in this model as a

single-value to reduce computation time—as either aλ or abb. Irradi-

ance profiles are converted into per timestep module I-V curves using

a single-diode model, incorporating effects of cell heating using the

Sandia glass-cell-glass model.32 DUET has been validated against

fixed-tilt and tracked bifacial PV systems to within 14–18mW/Wp

mean absolute error for hourly timesteps.28,33 A summary of all input

parameters in DUET is provided in Table S3.

3 | RESULTS

3.1 | Module measurements

The scaled rear irradiance method enables measurements in-lab of the

performance of bifacial PV devices under varied albedo conditions by

suitably adjusting the rear-side irradiance.22 Figure 3 displays

measurements of a fabricated SHJ mini-module under varying albedo-

driven illumination conditions using the scaled equivalent rear irradi-

ance method.22 These illumination conditions are summarized in

Figure 1B. External quantum efficiency (EQE) was measured

(Figure 3A) using an Oriel 300 W Xenon Lamp with an Oriel Corner-

stone 130 1/8 m Monochromator, while I-V curve characteristics

were measured (Figure 3B–E) using a Newport 94123A Solar Simula-

tor with a 1600 W Xenon Arc Lamp. EQE measurements were con-

ducted at an ambient room temperature of 22.5 ± 0.5�C. I-V curves

were measured under ambient room temperatures of 23 ± 0.5�C with

�5 s measurement acquisition times and 5-minute cool-down periods.

The module is estimated to be at a temperature between 25–28�C

during I-V measurements. All measurements were conducted with an

absorptive black material placed underneath the module to eliminate

rear reflection enhancements.

Figure 3B and C show the measured short-circuit current (Jsc) and

efficiency (η), respectively, under varied ground conditions. Standard

test conditions of front 1000 W/m2 illumination is provided for com-

parison. Colored bars are used to emphasize the discrepancy between

spectral albedo and broadband albedo assumptions.

Efficiency is calculated in the broadband albedo case as Pmp

divided by the total incident applied irradiance, Pinc. In the spectral

albedo case, the rear-side incident irradiance, Pinc,r, is scaled to com-

pensate for spectral shape through the albedo ratio of abb=aλ:
22

Front-side incident irradiance, Pinc,f, remains the 1000W/m2 of

AM1.5G:

η¼Pmp

Pinc
¼ Pmp

Pinc,f þPinc,r
¼ Pmp

1000þ φ�RSRI aλð Þ� abb
aλ

h i ð8Þ

Spectral shape can serve to either enhance the efficiency of pho-

ton conversion by proportionally shifting irradiance to wavelengths

where EQE is high, or diminish the conversion efficiency by shifting

irradiance away from these regions of high EQE. For instance, the

spectral shapes of snow and white sand increase the conversion effi-

ciency of our fabricated module by 0.27% and 0.26% abs., respec-

tively, while red brick decreases the efficiency by 0.16% abs.
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As Jsc increases linearly with albedo, the impact of spectral albedo

on Jsc is similarly most notable for snow, white sand, green grass, and

red brick, causing measurement discrepancies between 0.8% and

1.8%. Soil, roof shingle, and dry grass demonstrate small (<0.4%) dif-

ferences between broadband and spectrally-weighted albedo mea-

surements, while tundra, concrete, and light sand ground conditions

cause a negligible change in Jsc. Overall, the inclusion of spectral

effects can result in up to a 3% impact on measured cell metrics. Fur-

ther discussion on the effect of other technologies on these results is

provided in Section 3.4.

3.2 | Ground-reflected irradiance

To understand the impact of spectral albedo on system-level model-

ing, we first quantify the proportion of annual incident irradiance that

comes from ground-reflections for fixed-tilt and SAT arrays as a func-

tion of latitude. Figure 4 shows the ground-reflected irradiance as a

percentage of the total incident irradiance on the front-side

(Figure 4A,B), rear-side (Figure 4C,D), and both sides (Figure 4E,F) of a

bifacial PV module in a fixed-tilt (4A,C,E) or SAT (4B,D,F) array.

Results are displayed as a function of latitude for varying ground albe-

dos between 0.1 and 1. Displayed lines show a second-order polyno-

mial fit to the 31-location dataset, with an average deviation from the

fit of ±0.6% abs. Black circles on the plot contextualize these results

by indicating the annual proportion of irradiance resulting from

ground-reflections when default, hourly updating albedo values given

in location TMY files are used instead of a yearly constant value.

The proportion of incident irradiance, which comes from ground-

reflections is strongly related to the albedo of the ground, as

expected, with an ideal ground-reflector (albedo = 1) contributing

20%–32% (25%–26%) of total irradiance on a bifacial fixed-tilt (SAT)

module between 15 and 80�N (see Figure 4E,F). In the low-albedo

scenario of 0.1, ground-reflected irradiance contributes 2%–5%

(3.2%–3.4%) of total irradiance for bifacial fixed-tilt (SAT) modules.

The proportion of total irradiance that comes from the ground

increases as a function of latitude particularly for fixed-tilt modules,

driven by front-side irradiance. As latitude increases, so does the tilt

of fixed-tilt modules (latitude-tilt minus 10�) and the average tilt of

SAT modules, resulting in an increasing proportion of the module

front-side acceptance angle encompassing the ground. Consequently,

the module rear acceptance angle that encompasses the ground

decreases, resulting in less ground-reflected light on the rear of the

modules for high-latitude locations. For a fixed-tilt array at a latitude

of 15�N, 95%–100% of all rear light is ground-reflected. By 80�N,

ground-reflected irradiance is reduced and accounts for 0%–65% of

all rear-side irradiance, depending on the albedo of the ground. This is

in part driven by an increasing diffuse light irradiance component on

the rear, with location latitude correlated to diffuse fraction; low-

latitude locations often experience less cloud cover and lower humid-

ity compared to high-latitude locations.34 For high-latitude locations,

the sun is also observed over a wider range of azimuth angles, leading

to increased direct irradiance on the rear-side of south-facing fixed-tilt

modules.

SAT arrays are instead oriented to track the sky from east-to-

west, and the proportion of irradiance that comes from ground-

reflected light remains similar as a function of latitude; the increasing

ground-reflected irradiance component on the front-side of modules

is balanced by the associated decrease in rear-side ground reflected

light. However, this is the case assuming a constant albedo across all

latitudes. When measured surface albedo data given in TMY files is

used in place of an annual constant albedo, the proportion of irradi-

ance which comes from ground-reflections increases with latitude.

Albedo naturally tends to increase with latitude, driven by an

F IGURE 3 (A) Measured external quantum efficiency of a bifacial SHJ mini-module (pictured) with the AM1.5G solar spectrum as a shaded
background. Current–voltage performance metrics are provided under varied albedo illumination conditions dictated by the scaled rear irradiance
method for (B) Jsc and (C) efficiency. Black lines indicate the measured values assuming a broadband albedo approximation. The difference
between broadband and spectrally-weighted albedo measurements are given by the colored areas extending from broadband measurement
values. Spectral albedo efficiency is calculated using Equation (8), leading to discrepancies as high as 0.3% abs. Spectral albedo effects can serve
to increase or decrease measured cell performance metrics.
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increasing number of hours with snowy ground conditions. Thus, for

both bifacial fixed-tilt and SAT arrays, ground-reflected light is

both strongly related to albedo and the deployment latitude, and

tends to increase in importance as latitude increases.

Figure 5 shows the annual incident effective plane-of-array irradi-

ance gain when the ground albedo is changed from an albedo of 0 to

1 as a function of latitude for bifacial arrays. These values represent

the sensitivity of model predicted incident irradiance to the input

albedo. As incident irradiance has a linear dependence with albedo,16

the plotted values represent the slope of this relationship and can be

used to predict performance variation for any arbitrary change in

ground albedo. The total annual plane-of-array irradiance change,

ΔGPOA, as albedo changes by Δα for a location at latitude, β, is

described by the following two equations for fixed-tilt and SAT

systems:

ΔGPOA,Fixed %½ � ¼Δα 0:0014β2�0:23βþ21
� � ð9Þ

ΔGPOA,SAT %½ � ¼Δα 33:4βð Þ ð10Þ

These equations provide an estimate of model uncertainty for

any change in albedo for any northern latitude. For example, if albedo

increases from 0.1 to 0.2 at 40�N for a fixed-tilt system, the annual

incident plane-of-array irradiance increases by 3.2%.

SAT systems are more sensitive to changes in model-input

albedo <45�N, while fixed-tilt systems are more sensitive >45�N.

Albedo-related benefits increase with latitude for fixed-tilt systems

and remain roughly latitude-independent for SAT systems. Thus,

high-latitude fixed-tilt PV deployments have greater potential gains

from enhanced albedo compared to low-latitude deployments and

may also experience greater albedo-related model prediction

uncertainty.

3.3 | Albedo-driven spectral mismatch

Following these general albedo trends with latitude, we characterize

spectral mismatch factors (SMMs) resulting from use of spectral ver-

sus broadband albedo assumptions in our PV system model. SMMs

quantify the deviation in incident irradiance received on a PV module

under a spectrum of light relative to a reference spectrum. In many

F IGURE 4 The annual proportion of incident irradiance on fixed-
tilt (A, C, E) and SAT (B, D, F) photovoltaic modules that originates
from ground-reflections as a function of deployment latitude and
albedo. The proportion of incident irradiance that comes from the
ground is provided for the front-side (A, B), rear-side (C, D), and both
sides (E, F) of bifacial modules. Annual hourly TMY albedo results are
provided as black dots to contextualize what naturally occurs in the

field, while blue lines demonstrate lines of constant albedo across all
latitudes.

F IGURE 5 The total annual incident plane-of-array irradiance gain
for bifacial fixed-tilt and SAT systems when albedo increases from
0 to 1. These values represent the sensitivity of model predicted
incident irradiance to the input albedo. Trendlines are depicted as a
guide for the eye using best-fit polynomials of order 2 (fixed-tilt) and
1 (SAT), with equations provided in-text (Equations 9 and 10).
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cases, SMMs are used in PV models to adjust for deviations in front-

incident irradiance from the reference solar spectrum of AM1.5G. A

SMM > 1 indicates a spectrally-induced short-circuit gain and

a SMM < 1 indicates short-circuit loss. In this work, we analyze spec-

tral albedo-driven SMMs, with the reference spectrum being AM1.5G

uniformly de-rated by a broadband albedo. As the effect of device

spectral responsivity is captured in the definition of aλ, SMM is calcu-

lated by the ratio of incident irradiance when a spectrally-weighted

albedo is assumed in system modeling, Gaλ , to incident irradiance

when broadband assumptions are used, Gabb . We present our results

in terms of percent, leading to the following equation:

SMM %½ � ¼ Gaλ

Gabb
�1

� �
�100 ð11Þ

Figure 6 depicts front-side SMM (Figure 6A,B), rear-side SMM

(Figure 6C,D), and total SMM (Figure 6E,F) as a function of location

latitude for fixed-tilt (Figure 6A,C,E) and SAT (Figure 6B,D,F) array

configurations under 10 albedo scenarios. Total SMM corresponds to

the sum of front and rear incident irradiance, with rear irradiance

modified by the module bifaciality. A black horizontal line is drawn at

SMM = 0 to differentiate between spectral enhancements and reduc-

tions. Second-order polynomial fitting lines are drawn between

F IGURE 6 Spectral mismatch factors resulting from spectral albedo on fixed-tilt (A,C,E) and SAT (B,D,F) bifacial photovoltaic modules as a
function of deployment latitude for 10 ground conditions. SMM is calculated as an irradiance ratio, given by Equation (11), for front-side (A, B),
rear-side (C, D), and total (E, F) incident irradiance. SMM > 0% corresponds to spectral shape irradiance enhancements, while <0% corresponds to
reductions. The importance of spectral shape depends on the module configuration and latitude, but is most substantially effected by the ground
condition considered, with snow, white sand, green grass, and red brick leading to the greatest absolute SMMs.
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individual location markers as a guide for the eye. Note that the y-axis

limits are different for each subplot row to best show the data.

The spectral effects of ground albedo have a significant influence

on rear-side irradiance, demonstrated by rear SMMs varying between

�13.5% and +13.2% from 17 to 75�N. Despite the lower importance

of ground-reflected light on front-side irradiance, front SMMs can

reach up to 1.5% at high latitudes. Total SMM varies between �1.5%

and +2.9% for all latitudes and albedos.

Similar trends can be seen for the impact of spectral effects on

module energy yield. For example, in the case of our high-bifaciality

(96%) fabricated SHJ modules, the spectral shape of albedo has an

impact on energy yield compared to irradiance of between �1.2% and

+2.5%. Further information on the impact of spectral albedo on

energy yield is presented in Figure S2.

Trends of SMM with latitude are related to the proportion of total

incident irradiance which is ground-reflected, as given in Figure 4. In

the monofacial case (Figure 6A,B), SMM diverges away from zero as

latitude increases, most notably for fixed-tilt modules. For rear-side

irradiance (Figure 6C,D), SMM converges toward zero for higher lati-

tudes due to the rear-side of modules facing more toward the diffuse

sky than the ground. Combining these effects, total bifacial module

SMM (Figure 6E,F) tends to diverge away from zero as a function of

latitude for fixed-tilt configurations. As the proportion of rear-side

incident irradiance originating from the ground is relatively flat with

latitude in the bifacial SAT case, the same trends are present for the

SMM in Figure 6F.

The SMM of fixed-tilt and SAT modules is similar between 40 and

50�N, with spectral effects most important for SAT modules at low

latitudes and fixed-tilt modules at high latitudes. Below 40�N, SAT

modules have higher absolute SMM values by up to 0.4% abs. Greater

than 50�N, fixed-tilt modules have higher absolute SMM by up to

0.7% abs.

The importance of spectral versus broadband albedo assumptions

depends on the module configuration and latitude but is most sub-

stantially effected by the ground condition considered. When the dif-

ference between aλ and abb is <0.01, the effect of array configuration

TABLE 1 Spectrally-weighted albedo
for other technologies.

abb

aλ

SHJ IBC TOPCon CIGS CdTe GaAs PK

Snow 0.85 0.94 0.94 0.94 0.94 0.97 0.97 0.98

White sand 0.67 0.75 0.74 0.74 0.74 0.73 0.73 0.71

Dry grass 0.44 0.45 0.45 0.45 0.45 0.39 0.39 0.35

Light sand 0.33 0.33 0.33 0.33 0.33 0.29 0.30 0.27

Concrete 0.29 0.29 0.28 0.28 0.29 0.27 0.27 0.26

Roof shingle 0.26 0.27 0.27 0.27 0.27 0.27 0.27 0.27

Green grass 0.24 0.27 0.28 0.28 0.28 0.19 0.20 0.13

Red brick 0.23 0.20 0.20 0.20 0.21 0.16 0.16 0.14

Soil 0.19 0.18 0.18 0.18 0.18 0.15 0.15 0.13

Tundra 0.18 0.18 0.18 0.18 0.18 0.16 0.16 0.15

Eg (eV) 1.1 1.1 1.1 1.1 1.4 1.4 1.7

Note: Data in blue indicate spectral albedo enhancement. Data in orange indicate spectral albedo

reduction.

F IGURE 7 (A) Digitized external quantum efficiencies of various common solar cell technologies, for comparison with the measured SHJ EQE
in this work. (B) The difference between spectrally-weighted and broadband albedo for each ground condition and technology. (C) The difference
between spectrally-weighted and broadband albedo relative to the SHJ technology examined in this work, demonstrating greater discrepancies
for higher bandgap technologies and therefore increased sensitivity to spectral effects.
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and latitude is negligible as, in all cases, SMMs are ≤1%. For instance,

albedos of light sand, concrete, tundra, and soil all have discrepancies

between aλ and abb by <0.01 absolute and thus SMMs near zero. For

monofacial (Figure 6A,B) and bifacial (Figure 6E,F) illumination scenar-

ios, SMMs are ordered by the absolute discrepancy between aλ and

abb, leading to the greatest spectral effects occurring for white sand,

snow, green grass, and red brick.

3.4 | Other module technologies

The results presented thus far have been specific to silicon hetero-

junction solar cell technologies, with the spectrally-weighted albedo

given by the external quantum efficiency of fabricated SHJ

mini-modules. Table 1 compares aλ calculated using published EQE

data for six other example technologies: interdigitated back-contact

(IBC),35 tunnel oxide passivated contact (TOPCon),36 copper indium

gallium selenide (CIGS),37 cadmium telluride (CdTe),38 gallium arsenide

(GaAs),39 and perovskite (PK).40 TOPCon, CdTe, and GaAs EQE data

are retrieved from solar cell efficiency table entries for Jinko Solar,36

First Solar,38 and Alta Device39 technologies, respectively. Table 1

entries are color-coded according to whether the spectrally-weighted

albedo is higher (light blue), the same (medium gray), or lower

(dark orange) compared to their broadband values.

Figure 7A shows the EQE for the seven solar cell technologies

considered. EQEs have all been normalized to peak at 1.0 for this

comparison and all EQE data, apart from the measured SHJ EQE, are

for unencapsulated cells. Since encapsulant materials tend to be UV-

absorptive,41 the EQE of c-Si based technologies of IBC and TOPCon

would become more similar to the measured SHJ mini-module EQE

when encapsulated into modules.

Figure 7B shows the difference between spectrally-weighted

albedos and broadband albedo for each technology, with the technol-

ogies listed in order of increasing bandgap energy. The discrepancy

between aλ and abb for each ground condition is similar for silicon-

based technologies of SHJ, IBC, and TOPCon and for CIGS. Despite

differing UV behavior, the effect of similar band-edges (�1.1 eV) dom-

inates. As the bandgap increases for CdTe (1.4 eV), GaAs (1.4 eV), and

PK (1.7 eV), so does the discrepancy between aλ and abb for most

albedos. For the SHJ technology studied in detail in this work,

spectrally-weighted albedos deviate from broadband albedo by up to

9%. For wide bandgap technologies that absorb over a narrower

bandwidth, spectral effects can change the broadband albedo value

by up to 13%. Generally, narrower wavelength bandwidths will lead to

greater variation in spectral albedo performance compared to broad-

band performance, as seen by the discrepancy between aλ and abb

diverging away from zero for higher bandgap technologies in

Figure 7B. For instance, the spectral effects of snow on perovskite

module irradiance are anticipated be around 1.4�higher than that

given by SHJ modules, as Δa increases from 0.09 to 0.13. Similarly,

Figure 7C shows how the spectrally-weighted albedo varies between

technologies compared to the spectrally-weighted SHJ value. High

bandgap technology spectrally-weighted albedos tend to diverge

away from SHJ values. This aligns with previous related findings in lit-

erature, where silicon technologies were found to have the least vari-

ation in performance under varied spectra compared to other solar

cell technologies.34

The technology material also dictates whether spectral effects

enhance or diminish the performance of the module. For instance, in

the case of green grass, SHJ, IBC, TOPCon, and CIGS technologies all

experience gains when the spectral effects are considered. As a con-

trast, CdTe, GaAs, or PK cells will experience spectral losses in perfor-

mance. This is because the spectral albedo of green grass is low

<700 nm.

The relative differences between SHJ Δa and other technology

Δa is related to the relative differences that would be found in spec-

tral mismatch factors for these other technologies, since irradiance lin-

early scales with ground albedo. Though energy yield is linearly

related to albedo as well, the slope will vary with technology due to

differences such as bifaciality, temperature response, and resistance.

SHJs have the highest bifaciality among the considered technologies,

and therefore the strongest relationship between albedo and energy

yield. Thus, the reduced collection efficiency of the rear-side of mod-

ules for other technologies will partially offset increases in spectral

mismatch factor. Regardless, for most albedos, spectral effects are

expected to be even more significant than what is demonstrated in

this work for PV technologies with bandgap energies higher than

silicon.

4 | DISCUSSION

In this work, we demonstrated that omitting the effects of spectral

albedo can cause variations in silicon cell measurements up to 2% and

system modeled total irradiance up to 3%. A complementary and

associated uncertainty arises from albedo monitoring meteorological

equipment. In-field measurements of irradiance and albedo may be

acquired from silicon pyranometers, thermopile pyranometers, and

reference cells. The selection of one irradiance sensor over another

can cause discrepancies in predicted bifacial gain of a similar order as

the effect of spectral albedo.3,42 Thus, the suitability and uncertainty

of the albedo measurement method must itself be scrutinized when

examining the spectral effects of albedo on bifacial PV system perfor-

mance. The irradiance sensor used for measuring albedo may be

selected to appropriately account for spectral effects, for example by

selecting a reference cell with a similar spectral responsivity to the

modeled deployment. Measurements of albedo must be appropriately

documented so users can assess the uncertainty associated with their

use in system-level models.

A few simplifying assumptions were made for this analysis. We

assumed that ground-reflected irradiance was Lambertian in angular

distribution, and that the spectral content of this reflection was the ref-

erence spectrum of AM1.5G modified by the ground's spectral albedo.

In reality, both the solar spectrum and albedo vary in time, depending

on the sun position, moisture content, and atmospheric conditions.3,34

Ground surfaces tend to behave as Lambertian reflectors when
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illuminated diffusely, but experience anisotropy in other illumination

conditions commonly experienced in outdoor PV environments.42–44

Surface reflections, notably those of water and ice, can be highly direc-

tional in nature, causing additional uncertainty to the analysis of albedo.

Furthermore, we assumed that the albedo of fresh snow is present for

all snow hours, in line with standard TMY datasets where snow hours

are set to a singular default value of 0.87.45 The albedo of snow is of

particular interest for bifacial PV applications due to its potential for

enhancing bifacial gain, but varies quite significantly depending on

ambient temperature, grain size, wetness, and impurity content.19,43,46

Understanding and modeling the varied albedo of snow is an active

area of research to reduce overzealous estimations of snow perfor-

mance. For example, Dumitrascu et al. have also proposed a model for

two types of snow—melting and accumulating.46

While a thorough understanding of spectral albedo effects is a

complex and nuanced problem, it is possible to reduce PV system

modeling computational time and complexity by down-sampling spec-

tral albedo to a few selected wavelength bands. For instance, Lindsay

et al. found that 12 spectral bands provided enough resolution to cap-

ture the effects of spectral albedo compared to a broadband value,47

though other work has suggested that for certain applications as low

as 4–6 bands is sufficient.21,48 Thus, further studies that incorporate

more nuanced albedo effects such as anisotropy or snow-aging

models, may benefit from reduced computation time via spectral

down-sampling.

5 | CONCLUSION

We have demonstrated that omitting the effects of spectral albedo

can cause variations in bifacial PV module short-circuit current mea-

surements of up to 2% using the scaled rear irradiance method. Mod-

eled bifacial PV system irradiance varies up to ±13% on the rear-side

and up to 3% in total, resulting in energy yield modeling discrepancies

of up to 2.5% for high bifaciality technologies. Spectral mismatch fac-

tors resulting from including or omitting spectral albedo vary as a

function of deployment latitude and system tracking type. SAT array

SMMs show a low correlation with latitude, while fixed-tilt

array SMM increases with latitude, driven by an increasing proportion

of ground-reflected light on the front-side of modules. Spectral albedo

driven SMMs can reach as high as 1.5% for monofacial fixed-tilt sys-

tems at high latitude.

The proportion of total incident irradiance coming from ground-

reflections increases with latitude for both SAT and south-facing

fixed-tilt arrays and depends significantly on the ground albedo.

Ground-reflected irradiance can constitute >10% of total irradiance

received on the front-side of a fixed-tilt array at high-latitudes. Total-

ing both front and rear-side irradiance, ground-reflected irradiance

contributions vary between 2% up to 32%, depending on the array

tracking type, latitude, and albedo of the ground.

Effects of spectral albedo are most significant if the albedo varies

over the technology's absorption range. For example, for c-Si technol-

ogies, snow, white sand, green grass, and red brick result in the

highest absolute SMMs among the ground conditions considered in

this work. Other single-junction technologies with wider bandgaps

than c-Si will exhibit greater irradiance spectral sensitivity, and this

spectral sensitivity is expected to be higher still for two-terminal tan-

dem devices and multijunction cells due to their sub-cell current-

matching requirements. Overall, we demonstrated that omission of

spectral albedo effects can result in PV measurement and system

model uncertainties on the order of several percent, with the greatest

spectral effects occurring for fixed-tilt deployments at high latitudes,

wide bandgap technologies, and high albedo ground conditions.
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Chapter 6

6.3 Vertical bifacial photovoltaic system model validation

Five bifacial modelling platforms
Are validated using measured irradiance.

Vertical data is not that norm
And is compared in two places simultaneous.

.
Modelling error is found to be high

For low irradiance hours,
When clouds float across the sky,
And snow covers any flowers.

❄ ❄ ❄

Scope and impact

Bifacial PV irradiance models have been historically validated against field data in traditional
south-facing fixed-tilt and single-axis tracking configurations. PV models have yet to be thor-
oughly validated for emerging east-west vertical systems where direct-beam irradiance swaps
sides at solar noon. Vertical PV systems have been deployed in recent years in northern lati-
tudes, and have been used in combination with agricultural practices (agri-PV) and in building-
integrated applications [14, 32, 173]. These systems are gaining in popularity for a variety of
reasons, including their ability to minimize soiling, eliminate snow accumulation, and improve
building self-consumption [143, 146, 147, 147–149]. In our article, we validate five bifacial PV
irradiance models for the first time with vertical system PV field data: bifacial radiance (ray
tracing), PVSyst (2D view factor), bifacialVF (2D view factor), SAM (2D view factor), and
DUET (finite-element). These models are described in Section 3.4.4 of this thesis.

This article has the following novelties:

1. PV model validation is completed using vertical PV test-site plane-of-array irradiance
data for five PV modelling platforms.

2. Model validation is completed for test-site data in two locations: over 6-months in Golden,
Colorado (40°N), and over 1-year in Fairbanks, Alaska (65°N). This work represents the
highest latitude site model validation to-date in literature, to the authors’ knowledge.

3. We find that the four sub-hourly PV irradiance models predict daily and seasonal variations
in vertical PV system measured plane-of-array irradiance, with root-mean-square error
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(RMSE) varying between 4-28% depending on the system location, orientation, and data
filtering conditions. PVSyst, limited by hourly resolution, demonstrates RMSE varying
from 12-45%.

4. In all models, RMSE is higher for low irradiance timestamps, on cloudy days, and in the
presence of snow.

5. Snow accumulation on south-facing tilted modules in Fairbanks is found to increase model
RMSE, by causing model over-estimation in winter months.

6. Regular test-site maintenance is found to decrease model RMSE by up to 3% abs. in
Alaska.

7. Trends with latitude show a divergence between model software predictions at higher
latitudes. Vertical PV systems are found to result in 2-3× higher model discrepancies
than equator-tilted PV systems.

This article demonstrates that bifacial PV models can be used for vertical systems and high
latitudes with a higher margin of uncertainty. We recommend practices for test-site data col-
lection in high latitude locations, and outline potential pathways for improving model accuracy
for vertical and high latitude PV applications.
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Abstract  —Accurate modelling of photovoltaic (PV) systems is 

critical for the design, financial analysis, and monitoring of solar 
PV plants. For bifacial PV applications, models must additionally 

offer robust rear-side irradiance algorithms. However, bifacial PV 
irradiance models have yet to be sufficiently validated for 
east-west vertically oriented systems, where direct beam solar 

irradiation swaps at solar noon. Here, we validate five bifacial 
irradiance models with field data collected in Golden, Colorado 
(40°N) and Fairbanks, Alaska (65°N) for east-west vertical, north-

south vertical, and south-tilted arrays. There is no clear best 
performer amongst sub-hourly models; Bifacial_radiance, 
bifacialVF, the System Advisor Model, and DUET comparably 

predict seasonal and daily changes in PV production, with root 
mean square error (RMSE) falling in the range of 11-28% 
depending on the location and system orientation. PVSyst (v7.4.8), 

limited by hourly resolution, demonstrates RMSE in the range of 
33-45%. The primary causes of high RMSE are similar for all 
models; using an irradiance cut-off of >100 W/m2, clear-sky 

filtering, and removing timestamps with snow, lowers model 
RMSE to 4-13% for sub-hourly models and 12-25% for PVSyst. 
Regular meteorological station servicing is found to further 

decrease model RMSE by up to 3% abs. in Alaska. Finally, we 
model bifacial PV systems in over 250 locations between 15-85°N, 
finding that deviations between model-predicted annual insolation 

tends to be 2-3× higher for vertical PV systems than south-facing 
fixed-tilt systems. We discuss potential methods for improving 
vertical PV modelling, and provide recommendations for high 

quality field data collection in northern environments.  

 
Keywords: bifacial photovoltaics, model validation, ray tracing, view 

factor, finite element, vertical, bifacial_radiance, bifacialVF, System 

Advisor Model, DUET, PVSyst, Alaska, high latitude. 

I. INTRODUCTION 

With rising annual bifacial photovoltaic (PV) deployments 

each year, there is growing interest in harnessing bifaciality for 

unique system configurations. One configuration deployed 

recently in smaller-scale custom arrays (< 1 MW) is vertically-

mounted, east-west (E-W) facing bifacial arrays. Vertical E-W 

bifacial systems offer potential advantages compared to 

traditional equator-facing fixed-tilt modules including 

afternoon and morning production which can better match 

electricity load and improve self-consumption [1][2][3][4], 

break-even annual energy yield at high-latitudes [1][2][5][6], 

low soiling loss [7][3], and better shade uniformity for agri-PV 

applications [8][9][10].  

While bifacial PV models are critical for optimizing, 

predicting, and assessing the performance of various system 

configurations, limited research exists that compares and 

validates bifacial PV irradiance models for vertical systems or 

at high latitudes. A recent IEA Task 13 report [11] identified 

significant hourly discrepancies in predicted irradiance by PV 

irradiance models for a single row of simulated vertical E-W 

modules in three locations (23°S, 24°N, and 53°N). However, 

to the authors knowledge there are no model validations 

specifically for vertical PV systems with field data to date. 

Several studies have been published in recent years that 

quantify bifacial irradiance model accuracy with measured field 

data but do not include vertically oriented panels or high 

latitudes [12][13][14][15]. For example, Ayala Pelaez et al. 

compared the performance of 5 bifacial irradiance models to 3 

months of field data for a 10° south-facing fixed-tilt testbed 

located in Golden, Colorado, finding front irradiance root mean 

square error (RMSE) <1% and rear irradiance RMSE <2.3% on 

a clear-sky day [12]. Asgharzadeh et al. compared four bifacial 

irradiance models to measurements of a south-facing fixed-tilt 

site in Albuquerque, New Mexico (35°N) and a single-axis 

tracking site in Davis, California (39°N), finding a median 

percent difference between measurements and model of 17% in 

Albuquerque [13]. Capelle et al. compared front and back 

irradiance residuals for PVFactors, bifacialVF, PVSyst, 

bifacial_radiance, and the INES 3D VF model for a bifacial 

fixed-tilt test-site in France (46°N), finding marginally better 

performance for ray tracing and 3D VF models [14]. 

For model validation at high latitudes, there have been some 

studies published using an open-source dataset of a fixed-tilt 

and single-axis tracking PV site located in northern Europe in 

Roskilde, Denmark (55.6°N) [16][17][18]. For example, 

Riedel-Lyngskaer et al. compared eight bifacial irradiance 

models to 12 months of field data collected in Roskilde for a 

utility-scale 25° south-facing fixed-tilt system and a utility-

scale single-axis tracking system [16]. The authors found that 

2D view factor models could predict monthly bifacial gain to 

within 1% in the fixed-tilt case and 2% for the tracked case. 

Despite this study occurring at a northern latitude, only six 

snowfall events happened, with authors noting that snow did 

not accumulate or remain on the ground for more than a day 

[16]. This snowfall is not representative of many locations 
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around and above 55°N, where snowfall remains on the ground 

for several months of the year. 

Here, we expand upon previous bifacial irradiance model 

validation studies to additionally quantify model accuracy for 

bifacial vertical PV systems and at a high latitude location near 

the Arctic Circle. We compare model-predicted irradiance to 

measured field data for vertical and south-tilted test-sites in 

Golden, Colorado (40°N) and Fairbanks, Alaska (65°N). We 

validate five PV irradiance models: PVSyst [19], 

bifacial_radiance [20], bifacialVF [21], the System Advisor 

Model (SAM) [22], and DUET [18]. The vertical test-site in 

Golden is constructed for this study and is rotated between east-

west and north-south (N-S) orientations for model validation. 

A full year of data is analyzed in Alaska, while in Colorado 124 

days are analyzed in E-W orientation and 70 days in N-S 

orientation. All datasets are analyzed at a 15-minute resolution, 

apart from PVSyst which is limited to hourly resolution as of 

v7.4.8. We additionally compare model-predicted irradiance 

for utility-scale E-W vertical and equator-facing fixed-tilt 

bifacial PV arrays across 250+ locations, emphasizing locations 

above 60°N/S. Modelled test-sites and locations are depicted in 

Figure 1. 

II. METHODOLOGY 

A. Bifacial Photovoltaic Irradiance Models 

The five models examined in this work use one of three 

techniques to predict irradiance: ray tracing, view factor 

transposition, and finite element analysis. Table 1 outlines the 

key differences between each model used in this study. 

Ray tracing algorithms track individual light ray reflection, 

transmission, and absorption properties throughout a scene 

given a defined 3D environment. Custom scenes can be built, 

considering detailed array descriptions, such as irregular array 

spacing, custom racking, and the surrounding environment, 

such as nearby buildings and trees. Material properties are 

assigned to each object in the scene, allowing for transparency 

and specular reflection. Bifacial_radiance is an open-source ray 

tracing model developed by the National Renewable Energy 

Laboratory (NREL). In bifacial_radiance, the ‘Radiance’ ray 

tracing tool suite is adapted and packaged for modelling bifacial 

PV arrays. Reverse ray tracing is performed on a user-defined 

object in the 3D scene to determine incident irradiance for each 

timestamp of interest. Though computationally expensive, 

bifacial_radiance can analyze custom array geometries, and can 

thus examine edge effects, rack shading, and the effects of 

obstructions close to the PV array [20]. Bifacial_radiance can 

also account for spectral albedo and specular reflections, as 

shown in Table 1. In this work, broadband albedo values are 

measured and used, and Lambertian reflection is assumed due 

to a lack of specular data. 

Figure 1. A map of modelled locations with images of the PV sites where models are compared against field data. Reference cells measuring plane-of-array irradiance 

are labelled in each photo by dashed circles. The Colorado testbed is rotatable between E-W and N-S orientation, with the timeline of the experiments outlined in 

the inset table. Green circles on the map represent locations where utility-scale bifacial E-W vertical, N-S vertical, and equator-facing fixed-tilt arrays are modelled 

using TMY data.  
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View factor (VF) models, on the other hand, rely on simpler, 

repeating geometries for fast computation of array incident 

irradiance. In VF models, the fraction of radiant energy emitted 

or reflected from one surface to another is calculated using a 

transposition model. Two-dimensional (2D) VF approaches are 

commonly used in PV modelling tools, including PVSyst [19], 

bifacialVF [21], and the System Advisor Model (SAM) [22] for 

fast computation of plane-of-array (PoA) irradiance. Rows of 

modules are assumed to be of infinite extent, allowing for 2D 

assumptions.  

DUET, developed internally by the University of Ottawa, 

calculates irradiance transfer between finite elements in a 3D 

scene by segmenting the sky, ground, and PV array into 

patches. Shading within the 3D scene is determined using a ray-

intersection algorithm. This calculation method is intended to 

provide an alternative to ray tracing and can thus also capture 

the effect of finite-array size at the cost of higher computation 

time [18].  

All five models considered in this work use the Perez sky 

model to calculate the angular distribution of sky irradiance 

[23]. Bifacial_radiance and DUET model the finite geometries 

of the PV test-site arrays and PV module frames, while VF 

models of SAM, bifacialVF, and PVSyst compute irradiance 

assuming infinite array geometries and flat, frameless modules. 

B. Bifacial Test-Sites 

(i) Colorado Bifacial Vertical Test-Site 

To validate the performance of bifacial PV irradiance models 

for vertically-oriented PV arrays, we constructed a 2/3rd scale 

vertical bifacial PV test-site at NREL’s South Table Mountain 

campus (39.7°N, 105.2°W). The test-site consists of three rows, 

six central reference cells (three east and three west IMT Si-V-

1.5TC), black plywood, and aluminium 80/20 frame (see 

Figure 1). The modular design of this test-site allows for 

varying the row-spacing of the array and the light-weight 

plywood enables easier rotation of the array between E-W and 

N-S orientation. For this analysis, the array has a 0.61 m ground 

clearance and 3.0 m pitch, corresponding to a scaled-down 

version of a 1×2m module landscape system with 1 m ground 

clearance, 5 m pitch, and five modules per row. Data has been 

collected for 124 days from Nov. 2023 through Jan. 2024 and 

Apr. 2024 through May 2024 in the E-W orientation, and for 70 

days from Jan. 2024 through April 2024 in the N-S orientation. 

A visualization of the experimental timeline can be found in 

Figure 1. Data is logged on a Campbell Scientific CR1000 

Datalogger at 1-minute intervals and averaged to 1-hour 

intervals for PVSyst and 15-minute intervals for all other 

models.   

A reflective tarp is placed underneath the array to simulate 

high albedo conditions in northern, high altitude, and Antarctic 

latitudes during the winter months of November through April. 

The reflectivity of the tarp was measured in 10 locations using 

a Konika Minolta CM-700d handheld reflectometer three times 

throughout the data acquisition period under varying soiling 

conditions. When initially placed under the array, the average 

tarp reflectivity was measured to be 0.66 over the silicon 

absorption range. The average soiled reflectivity of the tarp 

throughout the experiment was measured to be 0.62, with the 

lowest occurring single measurement being 0.40 for a 

particularly muddy location. Since the albedo of the tarp around 

the array was not continuously monitored throughout the 

experiment, we assume a value of 0.60 as the albedo input into 

all simulations. We estimate the albedo varied between 0.40-

0.66 depending on the soiling conditions. This results in a 

modelled irradiance uncertainty of ±3-10% when the tarp is 

present. Measurements of albedo and diffuse, direct, and global 

sky irradiance components are obtained from the NREL 

Measurement and Instrumentation Data Center (MIDC) located 

half a kilometer away from the site and averaged to 15-minute 

resolution [24]. In the case of snowfall, snow covers the tarp, 

and the measured albedo from MIDC exceeds 0.60. Thus, these 

measured values replace the tarp reflectivity for snowy 

timestamps. Outside of the winter months, the tarp is removed 

and natural albedo is instead used, as measured by MIDC. 

 

(ii) Alaska Bifacial E-W Vertical & South-Tilted Test-Site 

Table 1: Comparison of bifacial PV model functionality 
 

bifacial_ 

radiance 
bifacialVF SAM DUET PVSyst 

Main algorithm Ray tracing 2D VF 2D VF 3D finite element 2D VF 

Spectral albedo ✓     

Specular reflections ✓     

Rear-irradiance non-uniformity ✓   ✓  

Rack shading ✓  ✓
† ✓ ✓

† 

Edge effects ✓   ✓  

Data resolution Sub-hourly Sub-hourly Sub-hourly Sub-hourly Hourly 

Albedo resolution Sub-hourly Sub-hourly Sub-hourly Sub-hourly Monthly 

Speed* (runtime/ timestamp) 6 s 3 s < 1 s 6 s < 1 s 

Version used v0.4.2 v0.1.8.1 v4.2.0 v0-research v7.4.8 
*Speed test is completed using the Golden E-W vertical test-site on a Windows 10.0 Dell OptiPlex 7020 computer with an Intel Core i5-4690 processor 

(4 cores) and 16GB of RAM. 
†Rack shading is not calculated by the program but can be implemented by including a user-defined structure shading factor. 
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We additionally analyze a full year of reference cell 

irradiance data for the vertical bifacial test-site in Fairbanks, 

Alaska (64.8°N, 147.7°W) and maintained by the University of 

Alaska Fairbanks [2]. This test-site consists of two sub-arrays: 

a two-module, two reference cell E-W vertical array and a four-

module, two reference cell 60° south-facing tilted array, as 

depicted in Figure 1. Reference cells are oriented to measure 

the irradiance incident on both sides of both sub-arrays. Global, 

diffuse, and direct irradiance components, wind speed, ambient  

temperature, and albedo are measured continuously on-site at 

1-minute averaged intervals and averaged again to 1-hour 

intervals for PVSyst and 15-minute intervals for input into 

bifacial_radiance, bifacialVF, SAM, and DUET. Pyranometers 

are heated to reduce the effects of snow accumulation. Albedo 

is calculated by dividing a downward-facing RHI pyranometer 

by the measured GHI, with a maximum allowed value of 0.85. 

The site undergoes regular maintenance and cleaning on a 

roughly weekly schedule. For the period of this study, Sept. 

2019 through Sept. 2020, the site was serviced 23 times 

between March and October and was not serviced outside of 

these months. Since this time period, maintenance procedures 

have been adapted and solidified to a regular weekly schedule 

including the winter months. 

Further details on this test-site, including a comparison of 

module energy yield, can be found in Ref. [2]. 

III. RESULTS 

A. Model Validation 

For model validation, each sub-hourly bifacial irradiance 

model is tested under four scenarios at 15-minute resolution: 

(1) E-W vertical orientation in Golden, CO (124 days, ~6000 

sun-up timestamps); (2) N-S vertical orientation in Golden, CO 

(70 days, ~3000 timestamps); (3) E-W vertical orientation in 

Fairbanks, AK (1 year, ~17,700 timestamps); and (4) South-

facing 60°-tilt orientation in Fairbanks, AK (1 year, ~17,700 

timestamps). In PVSyst, hourly values are used instead, 

resulting in 1600-5000 non-zero irradiance timestamps 

depending on the test-site and orientation.  

The following results compare modelled to measured PoA 

irradiance using root mean square error (RMSE) and mean bias 

error (MBE): 

 

𝑅𝑀𝑆𝐸 =
√(1

𝑁⁄ ) ∑ (𝑦𝑖−𝑥𝑖)2𝑁
𝑖=1

(1
𝑁⁄ ) ∑ 𝑥𝑖

𝑁
𝑖=1

   (1) 

 

𝑀𝐵𝐸 = (1
𝑁⁄ ) ∑ (𝑦𝑖 − 𝑥𝑖)

𝑁
𝑖=1     (2) 

 

where N is the total number of timestamps, y is modelled PoA 

irradiance, and x is measured PoA irradiance. 

For model validation in Colorado, sensors facing the same 

direction are averaged together and compared to average line-

scan irradiance data output by the models. In Alaska, exact 

sensor positions were modelled due to only having one sensor 

per direction.  

An example clear-sky day for each system configuration is 

provided in Figure 2. Black solid lines give measured PoA 

irradiance while modelled results are given by coloured broken 

lines or open circles. Irradiance is shown for both east and west 

(A, C), south and north (B), or front and rear (D) sensors. The 

example clear-sky days in Colorado are relatively close to the 

winter solstice, while the clear-sky day provided in Alaska is 

approaching the summer solstice, leading to more than 18 hours 

of sunlight. Models show larger variation in Colorado near the 

winter solstice, with RMSE between 4-28% in Colorado 

compared to 4-13% in Alaska. A few trends are notable from 

these example clear-sky days. All five bifacial irradiance 

models over-predict south irradiance for the N-S vertical 

configuration in Colorado (Figure 2B). South irradiance MBE 

for the day varies from +27 W/m2 (DUET) to +43 W/m2 

(PVSyst). All models also over-predict south irradiance for the 

south-tilted test-site in Alaska (Figure 2D) and under-estimate 

diffuse light irradiance for both orientations in Alaska (Figure 

2C/D). For example, rear irradiance MBE varies from -12 

W/m2 (bifacial_radiance) to -31 W/m2 (PVSyst) in the south-

tilted configuration. 

These same under-estimating and over-estimating trends can 

be observed when all timestamps are considered. Figure 3 

Figure 2. Performance of five bifacial irradiance models during example clear-sky days for (A) the E-W vertical test-site located in Colorado, (B) the N-S vertical 

test-site in Colorado, (C) the E-W vertical test-site located in Alaska, and (D) the south-tilted test-site located in Alaska. Measured PoA irradiance for each day is 
given by the solid black lines. Data is provided for both directions and labelled in each subplot. 
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summarizes modelling error metrics of (A-D) MBE and (E-H) 

RMSE for the five bifacial irradiance models and four test-sites 

over all timestamps. Error metrics are provided for the PoA 

irradiance for each side of the panel and as a total sum of front 

PoA irradiance plus rear PoA irradiance. Similar to the clear-

sky day example, all models over-estimate south irradiance for 

the N-S vertical testbed in Colorado and front irradiance for the 

south-tilted test-site in Alaska. MBE is the highest in the former 

case, with MBE >25 W/m2 for all models. Irradiance tends to 

be under-predicted for the E-W vertical testbed in Alaska and 

for rear-side irradiance in the south-tilted testbed in Alaska.  

RMSE is higher for the test-sites in Alaska compared to 

Colorado for all models aside from PVSyst. Total RMSE varies 

from 11-15% for the E-W vertical site in Colorado, 12-17% for 

the N-S vertical site in Colorado, 16-24% for the E-W vertical 

site in Alaska, and 24-28% for the south-tilted site in Alaska. 

PVSyst, on the other hand, experiences similar RMSE in 

Colorado and Alaska. RMSE for PVSyst falls between 32-44% 

depending on the location and orientation. This is, in part, due 

to a lower statistical significance for PVSyst; PVSyst results are 

computed using a quarter the number of data points as the rest 

of the models due to hourly time step constraints in v7.4.8. The 

distribution of residuals has consistently higher standard 

deviation for PVSyst compared to other models, indicating that 

the distribution is not as well defined. Further information can 

be found in the Supplemental Information. 

To better understand the effects of environmental conditions 

on modelling error, we additionally filter timestamps by various 

conditions. The results of filtering are presented in Figure 4 for 

(A) the E-W vertical test-site in Colorado, (B) the N-S vertical 

test-site in Colorado, (C) the E-W vertical test-site in Alaska, 

and (D) the south-tilted test-site in Alaska. The first column of 

data in each subplot reproduces the total irradiance RMSE 

values given by all timestamps, provided in Figure 3. Table 2 

describes the percent of total insolation (annual insolation in the 

case of Alaskan data) included in each filter. 

 

(i) Irradiance Filter 

Measured high irradiance (>100 W/m2) timestamps are 

filtered from low irradiance (<100 W/m2) timestamps. The 

highest calculated RMSE values occur for low irradiance 

conditions, with RMSE >90% in Alaska and >30% in Colorado. 

In all cases, considering only timestamps of high irradiance 

increases model accuracy. These results are not surprising 

given low irradiance conditions are often associated with low 

solar elevation or heavy cloud cover, resulting in high angles of 

incidence, spectral changes, inhomogeneous sky conditions, 

and in some cases shading from distant objects or the landscape. 

Despite high RMSE, timestamps with measured irradiance 

<100 W/m2 account for ≤5% of total measured insolation (see 

Table 2). 

 

(ii) Clear-Sky Filter 

Timestamps are also filtered by whether the sky is classified 

as clear. Filtering is accomplished using RdTools coupled with 

the pvlib detect_clearsky function [25][26]. Measured PoA 

Figure 3. (A-D) Mean bias error and (E-H) root mean square error for the full period of study in each system configuration (no timestamp filtering applied).  The 
system configuration is labelled by the photo and text above each column. Error metrics are calculated separately for each side of the panel, and as a total sum. 
Bifacial_radiance is abbreviated as BR, bifacialVF is abbreviated as BVF, and PVSyst is abbreviated as PVSy. 
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irradiance is compared with the irradiance predicted by a clear-

sky model to detect clear-sky timestamps. Timestamps are 

considered to be ‘clear’ if the ratio of measured irradiance to 

modelled clear-sky irradiance is within 10% of unity. In all 

bifacial irradiance models, clear-sky conditions increase model 

accuracy. Compared to clear-sky conditions, cloudy RMSE is 

2-3× larger in all scenarios.  

For the data collection period in Colorado (November 

through May), clear-sky conditions account for 33% of total 

insolation. The 28% of total insolation came from clear-sky 

conditions in Alaska for the full year of data. Generally, cloudy 

and thus higher error conditions tend to be more prevalent in 

high-latitude locations on an annual basis. 

 

(iii) Snow Filter 

Data is also filtered by the ground condition, with any 

timestamp with an albedo ≥0.6 considered a snowy timestamp. 

Due to the addition of the reflective tarp at the Colorado test-

site for the winter months, all timestamps for the N-S 

orientation occur under artificial or real snow conditions. For 

the E-W vertical configuration in Colorado, roughly half of the 

experiment takes place under high albedo conditions, leading to 

42% of insolation coming from high albedo timestamps. RMSE 

is 1.4× on average higher in the presence of snow in Colorado 

for the E-W vertical orientation. In Alaska, where natural 

ground cover is instead used for a full year of timestamps, the 

presence of snow causes a significant increase in model error. 

Model RMSE increases by 3× on average for the E-W vertical 

array and 5× on average for the south-tilted array. The causes 

for this increase in error are further explored in Figure 5. 

 

(iv) Site Maintenance Filter 

Finally, model error is additionally filtered in Alaska based 

on the maintenance logs of the test-site. For the period of this 

study, from Sept. 2019-Sept. 2020, the test-site was serviced 

roughly weekly between March and October. The column 

labelled ‘serviced period’ indicates these months. To examine 

the effects of sensor cleaning on model error, this servicing 

period is compared to the day immediately following a service 

visit. The effect of servicing the meteorological station clearly 

impacts model accuracy. Model error drops by 14% rel. for the 

vertical array and 27% rel. for the south-tilted array on average. 

PVSyst results are not included in this filter due to a low 

number of data points. 

 

Overall, model error is highest during low irradiance 

timestamps, cloudy conditions, in the presence of snow, and as 

more time elapses following meteorological station servicing. 

These conditions are more common during winter and at high 

latitudes. Figure 5 demonstrates how MBE in (A) the E-W 

vertical site and (B) the south-tilted site in Alaska varies for 

each month of the year. Strong seasonal effects can be seen for 

vertical and south-tilted systems, with high error from 

November to March. Increased error over the winter season has 

also been observed in a relatively southern location of 

Albuquerque, New Mexico (35°N) [13]. PVSyst significantly 

over-estimates E-W vertical irradiance between January and 

April in Alaska, possibly due to high uncertainty caused by 

assuming monthly average albedos. For all other models, 

modelled irradiance tends to be underpredicted across most 

months of the year for the E-W vertical site, which may be 

related to the Perez sky model under-estimating diffuse 

irradiance, an effect observed by M. de Simón-Martín et al. 

[27]. On the other hand, modelled irradiance for the south-tilted 

site tends to overestimate compared to measured irradiance, 

Table 2: Dataset insolation represented by filtering conditions 

 Insolation represented by filter (%) 

<100 W/m2 Clear-sky Albedo ≥ 0.6  

Colorado, EW 2 31 42  

Colorado, NS 1 35 100 

Alaska 5 28 17 

 

Figure 4. Root mean square error for bifacial_radiance, bifacialVF, SAM, and 

DUET under varying filtering conditions for the (A) E-W vertical test-site in 

Colorado, (B) N-S vertical test-site in Colorado, (C) E-W vertical test-site in 
Alaska, and (D) south-tilted test-site in Alaska. The Alaska test-site and 

meteorological station was serviced during a subset of the year, outside of the 

winter season. This period of the dataset is represented by the column labelled 
‘serviced period’. The N-S vertical system in Colorado was deployed only 

during winter months, resulting in all data occurring during ‘snowy’ 

conditions. 
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which can be attributed to snow accumulation on south-tilted 

reference cells. 

Images of snow accumulation on sensors are provided in 

Figure 5 (C-E). Model error in the presence of snow is expected 

to be higher due to snow accumulation on panels and reference 

cells, which is not typically accounted for in bifacial irradiance 

models. Snow accumulation may be modelled by adding a 

seasonal soiling de-rate factor, or modelled separately with, for 

example, the Marion snow model [28][29]. As shown in Figure 

5E, snow may also accumulate around even heated 

pyranometers. Therefore, it is interesting that despite possible 

snow accumulation from the top-down for vertical reference 

cells (Figure 5C), most of the bifacial irradiance models still 

under-predict vertical irradiance during winter months, 

particularly the 2D view factor models. 

Figure 6 shows the RMSE of each model in each test-site 

under ‘best case scenario’ filtering parameters of irradiance 

>100 W/m2, clear-sky conditions, and albedo<0.6 (no snow or 

reflective tarp present). Overall, the RMSE values are much 

lower than those in the unfiltered dataset given in Figure 3E-H. 

Total RMSE in this filtered (unfiltered) dataset varies from 4-

12% (11-34%) for the E-W vertical site in Colorado, 8-25% 

(12-44%) for the N-S vertical site in Colorado, 8-18% (16-32%) 

for the E-W vertical site in Alaska, and 8-14% (24-34%) for the 

south-tilted site in Alaska. Thus, when filtering for ideal 

modelling conditions, model error is comparable between the 

E-W vertical and south-tilted arrays in Alaska. 

B. Model Variation Trends 

To expand upon the model validation presented above, we 

have additionally modelled the annual insolation of a utility-

scale (7-row, 21 modules per row) (A) 1-in-landscape vertical 

E-W array and (B) 1-in-portrait equator-facing fixed-tilt array 

(latitude-tilt minus 10°) using TMY data in 250 locations using 

bifacial_radiance, bifacialVF, SAM, and DUET. The locations 

considered in this study are primarily above 60°N/S (with 6 

locations in Antarctica) and are denoted by green circles in 

Figure 1. Row spacing for each location is determined by the 

latitude and system type, as developed in Ref. [30]. Total 

insolation is the sum of east/west or front/rear insolation.   

The coefficient of variation ∆𝑣𝑎𝑟  quantifies the spread 

between model-predicted insolation: 

∆𝑣𝑎𝑟= √{∑ (𝑦𝑗 − 𝑦̅)
2𝑀

𝑗=1 𝑀⁄ } 𝑦̅⁄    (3) 

where M is the number of models, in this case 4, y is the annual 

predicted insolation of model j, and 𝑦̅ is the average predicted 

insolation of the models. In simple terms, the coefficient of 

variation is the standard deviation across the bifacial irradiance 

models, divided by the average.  

Figure 7 displays calculated coefficients of variation as a 

function of location latitude for the (A) E-W vertical array, and 

(B) equator-facing tilted array. Model discrepancies are higher 

for vertical arrays than equator-facing tilted arrays. Between 

15-50°N/S, the coefficient of variation falls within 3-4% (E-W 

vertical) and 1.0-1.6% (equator-facing tilted). Above 50°N/S, 

where more locations are studied, we find a greater spread 

between model predictions in all three system types, with 

variation as high as 9%.  

These results demonstrate that higher variation amongst 

model choices should be expected for vertical systems and at 

high latitudes.  

IV. DISCUSSION 

Given the modelling error observed in this work for vertical 

systems and in high latitudes, a few avenues can be 

recommended for improving model accuracy, outlined below. 

 

(A) Sub-hourly timescale modelling 

Generally, sub-hourly timescale resolution provides a more 

nuanced description of PV performance and can capture more 

accurately rapid variations in solar resource, which are 

particularly important for bifacial PV systems [31]. This can 

also be useful for sufficiently sampling E-W vertical arrays 

which peak twice over the course of a day. For high latitudes in 

particular, the ability to model hourly and sub-hourly albedo is 

critical, as snowy conditions can change significantly from day 

to day due to melting and accumulating conditions. Monthly-

averaged albedo values, as used in PVSyst v7.4.8, will 

introduce additional uncertainty to PV system modelling in 

snowy environments [32][33]. 

 

(B) Sky model assumptions 

Figure 5. Seasonal mean bias error for (A) the E-W vertical site in Alaska and 

(B) the south-tilted site in Alaska. Images of snow accumulation for (C) vertical 

reference cells, (D) south-tilted front-facing reference cell, and (E) a heated 

pyranometer. 
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The 1993 Perez sky luminance distribution model accounts 

for cloudy conditions by adjusting five general empirical 

coefficients describing the sky luminance distribution for 

different sky clearness indexes [23]. These coefficients were 

determined from a dataset of measured sky scans in Berkeley, 

California. Bifacial_radiance, bifacialVF, SAM, DUET, and 

PVSyst use the Perez model. In SAM and PVSyst, users may 

also use the Hay-Davies-Klucher-Reindl (HDKR) model [34]. 

For this work, the Perez model is used due to marginally better 

modelling accuracy compared to the HDKR model.  

M. de Simón-Martín et al. evaluated 30 solar diffuse 

transposition models with data measured by pyranometers 

mounted vertically in the four cardinal directions at the 

University of Burgos (42°N, 3°W) over eight months [27]. The 

Perez model was the best-performing parametric model with 

locally optimized coefficients. Locally optimizing the 

coefficients rather than using the general coefficients 

determined in Berkeley, California, significantly improved 

model accuracy [27]. This indicates that there may be a need 

for coefficients based on climate classification. Bifacial 

irradiance modelling error may be improved for vertical 

systems in Alaska by using empirical coefficients optimized for 

a high-latitude environment. 

M. de Simón-Martín et al. also noted that sky models and, 

indeed, the modelling of ground-reflected irradiance in bifacial 

PV models assume isotropic ground reflectance. A natural 

surface is never perfectly isotropic, and this is particularly true 

for systems oriented away from the equator and for low solar 

elevation, leading again to potentially increased error at high 

latitudes [27]. This effect could be explored further in ray 

tracing models where specularity can be specified in the 

simulation. In this work, specularity was set to zero in 

bifacial_radiance simulations. 

 

(C) Snow monitoring 

This study would benefit from continuous monitoring of 

snow accumulation on reference cells to filter modelling error 

for conditions when snow is on the ground and reference cells 

are completely clear, partially, or fully obscured by snow. 

Modelling error in the presence of snow could then be 

separately reported for high albedo conditions and for high 

albedo conditions with sensor obfuscation. This is important to 

characterize for snow loss studies, where the modelling of PV 

panels is assumed to be the baseline performance of PV panels, 

and any deviation from this baseline is attributed to an effect of 

snow accumulation [28]. 

 

(D) Meteorological station servicing 

Periodic maintenance of PV systems, rather than responsive 

maintenance, has been shown to reduce PV module degradation 

rates [35], and regular cleaning of modules can be economically 

viable for reducing soiling losses [36]. Maintenance and 

cleaning of weather station sensors are also required for high-

quality monitoring of utility-scale PV plants and experimental 

PV testbeds. NREL’s Best Practices Handbook for the 

Collection and Use of Solar Resource Data [37], recommends 

cleaning procedures on the scale of daily to weekly. In this 

work, we have demonstrated the effect of regular maintenance 

Figure 7. Variation between model predicted insolation for bifacial_radiance, 

bifacialVF, SAM, and DUET in 250 locations for (A) E-W vertical and (B) 

equator-facing fixed-tilt bifacial utility scale arrays. The coefficient of 
variation is calculated using Equation 3. The Arctic Circle is drawn as a vertical 

line on each plot. 
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Figure 6. Root mean square error for the (A) E-W vertical system in Colorado, (B) N-S vertical system in Colorado, (C) E-W vertical system in Alaska, and (D) 

south-tilted system in Alaska with ‘best case scenario’ filters. These filters are: measured irradiance >100 W/m2, clear-sky conditions, and without the presence of 

snow (albedo <0.6). These three conditions are met for 13-19% of all timestamps, depending on the dataset. Error metrics are calculated separately for each side 

of the panel, and as a total sum. Bifacial_radiance is abbreviated as BR, bifacialVF is abbreviated as BVF, and PVSyst is abbreviated as PVSy. 
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and cleaning to have a notable impact on bifacial irradiance 

model accuracy, decreasing modelling error (RMSE) by up to 

30% rel. or 3% abs. 

V. CONCLUSION 

In this study, we validated five bifacial irradiance PV models, 

PVSyst, bifacial_radiance, bifacialVF, the System Advisor 

Model, and DUET, using test-site data for four PV system 

configurations in Alaska and Colorado. All models were found 

to have higher error under the same conditions: low irradiance 

conditions, clouds, and snow. These conditions are much more 

prevalent at high latitudes, resulting in increased modelling 

error in Alaska compared to Colorado. All models were found 

to overestimate steeply-tilted (≥60° tilt) south PoA irradiance 

in both Alaska and Colorado. In the Alaska, PoA irradiance was 

further over-predicted during the winter due to snow 

accumulation on reference cells. Periods with snow ground 

cover are critical in Alaska, with 17% of annual insolation 

occurring during snowy periods. Regular servicing and 

cleaning of meteorological station sensors and reference cells 

can decrease model RMSE by up to 30% rel. or 3% abs. We 

recommend continual snow monitoring, the use of sufficiently 

high-powered heated pyranometers, and regular meteorological 

station servicing for high-quality data acquisition in high 

latitudes. However, site visits during winter can be challenging. 

A balance between speed and complexity is necessary when 

choosing a PV irradiance model. View factor models offer a 

good compromise between simplicity, speed, and model 

accuracy. In contrast, a ray tracing model like bifacial_radiance 

or a finite element model like DUET are preferable for complex 

situations involving edge effects or nearby obstructions. For E-

W vertical PV systems, modelling on a sub-hourly timescale is 

recommended to sufficiently sample the daily production 

curve. 

We demonstrate that larger error and model variation can be 

expected for vertical PV systems and at high latitudes. 

Assumptions about modelling error in one location and system 

orientation may not be the best representation of performance 

in other locations or even the same location but with a different 

design. Larger margins of uncertainty should be used when 

designing and making financial plans for new northern 

deployments. This work additionally motivates the need for 

revisiting model assumptions for vertical and high latitude 

conditions.  
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Chapter 6

6.4 Long-term photovoltaic system performance in cold,
snowy climates

In cold, snowy locations
PV systems are deployed.

The systems show slow degradation
And long lifetimes can be enjoyed.

.
This study suggests

That low temperatures are beneficial.
However, further northern tests

Are required for conclusions to be official.

❄ ❄ ❄

Scope and impact

As PV costs continue to decline, there is increasing interest in deploying PV plants to help
decarbonize northern communities. However, a barrier towards large-scale adoption in northern
regions such as Alaska, Canada, and the Nordics, is long-term performance uncertainty under
cold climate environmental conditions, including snowfall, freeze-thaw cycles, and low temper-
atures. This is, in part, driven by limited existing studies on the performance of PV systems in
high latitude and alpine regions. In this article, we provide a comprehensive review of published
silicon PV degradation and performance loss rates (PLRs) in cold climates of humid continental,
subarctic, and tundra Köppen-Geiger climate code classification. As a contrast to previous liter-
ature surveys which discuss degradation of PV arrays in northern climates, this survey includes
studies from colder Köppen-Geiger climate codes (Dfc & ET) and Photovoltaic Climate Zone
(PVCZ) temperature zones (T1-T3), and includes PV sites across the USA, Canada, Poland,
Norway, Sweden, Finland, and the Alps mountain range. We additionally present new analysis
of three northern PV sites, previously not presented in the literature.

This article has the following novelties:

1. Year-on-year system degradation rates are calculated for four PV systems located >60°N,
each with between 5-15 years of field data:

• A 100 kW fixed-tilt PV array located in Fort Simpson, Canada.

• Four double-axis tracking PV arrays located in Fairbanks, Alaska.
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• Two south-facing fixed-tilt PERC modules located in Fairbanks, Alaska.

• Four E-W vertical SHJ modules located in Fairbanks, Alaska.

2. The sites located at 65°N in Fairbanks, Alaska represent the highest latitude analyzed PV
degradation rates to date.

3. Performance metrics of data availability, tracking availability, monthly performance ratio,
and specific yield are provided for each of the analyzed PV sites.

4. A compendium of cold climate PV degradation is presented, covering 27 unique PV
systems located in cold climates. The distribution of cold climate degradation peaks at
-0.1 to -0.2%/year but has a large tail with systems degrading faster than -0.5%/year.
The median degradation rates for cold climate PV is -0.33%/year.

5. Statistics are provided, categorizing cold climate PV systems by Köppen-Geiger climate
code, PVCZ temperature zone, degradation analysis methodology, system configuration,
PV capacity, field exposure, and deployment year.

6. High latitude data limitations are discussed, and degradation mechanisms reported in the
literature are discussed.

These results suggest that PV systems in cold climates tend to degrade slower than in warm
climates where median degradation rates typically fall between -0.5% to -0.9%/year. As more
PV is deployed in northern latitudes, it is important to understand the long-term reliability of
PV systems under cold climatic conditions. These results can help identify potential reliability
concerns for any location with significant snowfall.

Author contributions

Erin M Tonita As the lead author of this work, I led the literature review and collection and
analysis of test-site data in RdTools. I compiled North American test-site data from multiple
sources, ran quality assurance tests, cleaned, and merged data files. I analyzed site data and
synthesized results from literature. I developed a new routine for analyzing double-axis tracking
PV sites in RdTools. I wrote the original manuscript and generated all figures and tables.

Dirk C. Jordan provided training, example scripts, and guidance on the running of year-
on-year analyses with RdTools. He also provided literature references and analysis from prior
work involving cold climate PV locations for roughly half of the locations presented in the

148



Chapter 6

compendium. He provided supervision and research direction throughout the research project.
He reviewed and edited the manuscript.

Silvana Ovaitt led the conceptualization of this research project, alongside Dirk Jordan.
She supervised the development of the manuscript, and provided connections to ACEP and the
Cold Climate Housing Research Center, now known as NREL’s Alaska campus. She reviewed
and edited the manuscript.

Henry Toal provided PV site data for the ACEP deployment in Fairbanks, including module-
level data streams and weather files. He provided regular feedback on the development of the
manuscript.

Karin Hinzer supervised the research efforts at the University of Ottawa and provided
funding. She reviewed and edited the manuscript.

Christopher Pike supervised the data collection and maintenance of the ACEP vertical
and south-tilted PV site in Fairbanks. He helped conceptualize and develop Section 4.1 of the
paper on site data and tracking availability. He reviewed and edited the manuscript.

Chris Deline supervised this research project at NREL and provided project funding. He
reviewed and edited the manuscript.

Copyright

This is the revised, submitted manuscript version of an article.

E. M. Tonita, D. C. Jordan, S. Ovaitt, H. Toal, K. Hinzer, C. Pike, and C. Deline, “Long-
term photovoltaic system performance in cold, snowy climates,” Submitted for publication
August 22, 2024. Revision submitted January 13, 2025.

149



TONITA ET AL.    

Page 1 of 18 

 

Long-term photovoltaic system performance in cold, snowy climates  
 

Erin M. Tonita1, *, Dirk C. Jordan2, Silvana Ovaitt2, Henry Toal3, Karin Hinzer1, Christopher Pike3,  

and Chris Deline2 

 
1 SUNLAB, University of Ottawa, Ottawa, ON, Canada 

2 National Renewable Energy Laboratory, Golden, CO, USA  
3 The Alaska Center for Energy and Power, University of Alaska Fairbanks, Fairbanks, AK, USA 

 

Abstract 
 
As countries around the world transition towards renewable energy, there is increasing interest in using 
photovoltaic (PV) technologies to help decarbonize northern and alpine communities due to their scalability and 
affordability. However, a barrier to large-scale adoption of PV in cold climates is long-term performance 
uncertainty under snowfall, freeze-thaw cycles, low temperatures, and high winds. In this work, we provide a 
comprehensive review of published silicon degradation rates in cold Köppen-Geiger climate classifications of Dfb 
(humid continental), Dfc (subarctic), and ET (tundra). We first analyze the system degradation rates of three 
ground-mounted photovoltaic sites >60°N in North America using the RdTools year-on-year method: an Al-BSF 
double-axis tracking site in Fairbanks, Alaska (65°N); a PERC and silicon heterojunction bifacial vertical and south-
tilted site in Fairbanks, Alaska; and a PERC south-facing fixed-tilt site in Fort Simpson, Northwest Territories 
(62°N). Degradation rates of these newly analyzed sites vary between −0.4%/year to −1.5%/year. Combining this 
data with previously reported cold climate degradation rates, we show that the distribution of cold climate 
degradation peaks at −0.1 to −0.2%/year but has a large tail with rates above −0.5%/year. The average reported 
cold climate degradation rate is −0.45%/year, while the median value is −0.33%/year. These results suggest that 
despite exposure to high snow loads and frequent freeze-thaw cycles, PV systems in cold climates tend to 
degrade slower than PV systems in warmer climates due to the benefits of operating at cooler temperatures. 
The limited sample size of reported degradation rates in cold climates (27) motivates the need for further data 
acquisition and monitoring efforts as new technologies are deployed. 
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Photovoltaic (PV) systems have been deployed in high latitude 
and mountainous regions as early as the 1980s to provide 
clean, distributed, and scalable energy for buildings and 
equipment1,2. However, it is only in recent years that the cold 
climate PV market has begun to see regular PV deployments 
>100kWp in these climatic regions with total regional installed 
PV capacities in the few to hundreds of MWp range3-8. PV 
systems are being deployed in diverse configurations in high 
latitudes and altitudes, including in rooftop residential 
applications9, building-integrated applications10,11, hybrid 
microgrids12,13, and centralized grids14. Integration of PV into 
cold climate infrastructure can reduce electricity bills12,15, 
offset diesel consumption and associated greenhouse gas 
emissions15,16,17,18, peak shave17, offer dual-land purpose11,19, 
and prepare existing grids for growing electricity demand20.  

Cold climates are known for their low ambient 
temperatures, moderate to high seasonal snowfall, frequent 
freeze-thaw cycles, and, in the case of high-latitude cold 
climates, strong seasonal variations in solar resource. All of 
these effects may impact the long-term performance of PV 
systems in cold climates. 

Cold climate operating conditions primarily exert 
mechanical stresses on PV modules. For example, snow and ice 
accumulation on PV arrays exerts a load that is typically non-
uniform, irregular in frequency, can last for up to months at a 
time21,22, and is difficult to measure22,23. Snow load can lead to 
cell cracking, while moisture ingress from melt can lead to 
delamination and corrosion21. Additionally, snow removal 
practices can cause damage to module surfaces, leading to 
potential module breakage24. Snow also acts as a soiling 
mechanism for PV modules, leading to potentially higher 

 INTRODUCTION 
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reported performance loss rates (PLRs) in regions with regular 
seasonal snowfall. 

Temperature also plays a role in panel durability. Schneller 
et al. have shown that a single exposure to −40°C can 
permanently reduce the fracture strength of crystalline silicon 
(c-Si) cells25. Other components of the PV system may also 
experience failures outside of their rated temperature zones. 
For example, PV materials such as encapsulants and 
backsheets may experience a glass transition in cold 
climates26. Kempe et al. measured a glass transition 
temperature of ethylene-vinyl acetate (EVA) at −15°C 27, while 
Blieske et al. quoted a glass transition temperature for EVA of 
−35°C 26.  Variations between EVA polymers and additives can 
cause discrepancies in glass transition temperatures.  Cell 
connectors have also been found to be susceptible to failure 
during cold temperature thermal cycling down to −40°C 28.  

Despite mechanical weakening under exposure to cold 
temperatures, cold operating temperatures generally benefit 
PV system performance and reliability. For example, maximum 
power temperature coefficients of c-Si modules today typically 
lie in the range of −0.25%/°C to −0.40%/°C, causing 
photovoltaic energy conversion efficiency to increase for 
colder temperatures29. For example, a silicon solar panel that 
operates at 20% efficiency at 25°C with a −0.3%/°C 
temperature coefficient will have an efficiency of 22.1% at 
−10°C. Moreover, cold environments will suppress major 
thermally-activated degradation processes, such as 
mechanisms related to chemical reactions and diffusion30. 

Cooler, high-latitude climates are also associated with 
lower solar elevation angles, resulting in increased 
atmospheric absorption of ultraviolet light (UV). UV-induced 
degradation mechanisms, such as encapsulant discoloration, 

will be less common at high latitudes31, but could still occur in 
alpine climates32.  

Previous reviews of PV performance around the globe 
have examined the effects of climate type on module 
degradation rates and/or system performance loss rates. 
Climate-dependent conditions including temperature, solar 
radiation, humidity, precipitation, and wind can all influence 
PV module degradation32,33,34. Several studies have been 
published which analyze PV module degradation in hot and 
humid, hot and dry, and warm and temperate climates32, with 
degradation rates ranging around −0.75 to −1.2%/year35,36,37,38. 
However, existing literature on PV degradation and PLR in cold 
climates is relatively limited, especially for subarctic and arctic 
tundra climates.  

In 2020, Jordan et al. analyzed 100,000 PV systems in the 
continental USA, with just under 9% of these sites experiencing 
significant winter snowfall39. In 2022, Jordan et al. analyzed 
PLR for sites deployed in the continental USA and separated 
results by temperature zone, finding slower PLR for the coolest 
USA temperature zone that had significant PV system data35. 
The coolest temperature zone PV arrays degraded with a 
median rate of −0.48%/year, compared to two other hotter 
climate zones (−0.78%/year and −0.88%/year). The coolest 
temperature zone roughly corresponded to the northern third 
of the continental USA, excluding continental Alaska, 
mountainous regions, and many regions close to the Northern 
border with Canada40.  

Bogdanski et al. analyzed degradation rates of PV modules 
in 4 sites with different climates: a warm, moderate climate, 
arid climate, tropical climate, and a cold, high-mountain 
climate, finding the fastest maximum power degradation rate 
for the cold mountain climate of −2.0%/year41. Dhimish et al. 

FIGURE 1.  Locations of PV sites discussed in this work. Newly analyzed PV systems are pictured and denoted by stars. Silicon PV systems 
located in cold climates (Köppen Geiger climate codes of Dfb, Dfc, and ET) which have published degradation rates for ≥3 years of field exposure 
are given by the circles on the map. Previous studies primarily analyze PV in the Nordic countries and in the European Alps.  
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calculated the degradation rates of seven PV sites in the United 
Kingdom, finding degradation rates between −0.4%/year to 
−1.0%/year and reporting issues related to hoarfrost, 
hotspots, microcracks, and glass damage42. Ascencio-Vasquez 
et al. calculated degradation rates worldwide according to 
Köppen-Geiger climate classification zones43 considering three 
degradation mechanisms: hydrolysis degradation, photo-
degradation, and thermo-mechanical degradation44. All three 
degradation mechanisms were found to be reduced in cold 
climates, resulting in the lowest predicted degradation rates 
occurring in cold and polar climates with average predicted 
degradation rates of −0.2%/year. However, the authors 
warned that these calculations do not include external effects 
like snow and wind, which may cause increased degradation 
rates and PLRs in practice44. Finally, Jordan et al. reported a 
median degradation rate of −0.35%/year (−0.62%/year 
average) for 39 PV systems and sub-strings in snowy climates 
with x-Si technology (a-Si, c-Si, etc.)36.  

In this work, we analyze the degradation rates of four 
diverse PV systems located at three sites above 60°N in Alaska 
and Northern Canada, each with ≥5 years of hourly or sub-
hourly data. We analyze the degradation rates of the PV 
systems using a robust year-on-year degradation 
methodology, which can handle the strong seasonal variation 
present at high latitudes20,45. Finally, we include these 
degradation rates in a compendium of published PV 
degradation rates in cold climates with either Dfb, Dfc, or ET 
Köppen-Geiger climate codes. We limit our study to only multi-
crystalline silicon (mc-Si) and c-Si technologies with ≥3 years of 
outdoor field exposure. 
 

 

Figure 1 shows a map of the three PV sites studied in this work 

alongside locations of existing degradation rate studies in cold 

climates detailed in the compendium (Section 5). Each PV 

system is described in detail in the following sections. 

Together, these PV systems represent the three highest 

latitude PV sites analyzed for degradation to-date and the first 

two instances of PV degradation analysis in Alaska. In addition, 

we present the first long-term performance analysis of a 

double-axis tracking PV system located in a subarctic Dfc 

climate. Environmental conditions at these three sites are 

summarized in Table S1 of the Supplemental Information. 

 

2.1  |   Fort Simpson, Canada 

 

The analyzed array in Fort Simpson, Canada (61.9°N, 121°W) 
consists of a 100 kW ground-mounted fixed-tilt array at a tilt 
of 35° and an azimuth of 190°. The array, maintained by the 
Northwest Territories Power Corportation46, was installed in 
two phases starting in 2012 and completed in February of 2013 
and consists of 258 Conergy ON 235P-235 modules and 178 
Conergy ON 245P-245 modules. AC Power data is retrieved at 

the inverter level for the whole array (inverter model Enphase 
M215 208 V). 

Meteorological data collection of module temperature, 
plane-of-array (PoA) irradiance, and global horizontal 
irradiance (GHI) began in 2017. Wind speed and ambient 
temperature are collected at a nearby airport weather station 
(Fort Simpson A, Climate ID 2202103). Measured power, 
energy, and meteorological data is at a resolution of 15 
minutes and covers six years, from 2017−2023. Thermopile, 
PoA, and GHI pyranometers are calibrated yearly at the site. 
Snow is removed periodically in March from the array.  
 

2.2  |   Fairbanks, USA – Fixed-tilt 

 

The ground-mounted south-facing and east-west vertical 
fixed-tilt site in Fairbanks, Alaska (64.8°N, 147.7°W) consists of 
6 modules, each connected to an Enphase IQ6 microinverter. 
PV production is measured on the AC side. The east-west 
vertical modules and two of four south-facing 60° tilted 
modules are silicon heterojunction (SHJ) modules, Sunpreme 
Maxima GxB-310 with 94% bifaciality. The remaining two 
south-facing tilted modules are monofacial passivated emitter 
rear-contact (PERC) modules, Suniva OPT270-60-4-1B0. All 
modules were flash-tested before outdoor exposure, with the 
average maximum power under standard test conditions of 
the bifacial and monofacial modules being 288 W and 251 W, 
respectively. The Alaska Center for Energy and Power of the 
University of Alaska, Fairbanks, maintains the array. Further 
details on the site, including a performance comparison of 
east-west vertical to south-tilted modules, can be found in Ref. 
47. 

 PHOTOVOLTAIC SITES 

FIGURE 2. An example year of meteorological station data for the 
fixed-tilt Alaskan array of 6 modules. (A) Measured GHI, (B) ambient 
temperature, (C) wind speed, and (D) albedo. Data has been shifted to 
accommodate a full year without data gaps; August-December months 
come from 2019 and January-July from 2020. To better show the wind 
speed and albedo values, daily averages are plotted. 
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Meteorological and PV production data has been collected 
at 1-minute resolution for five years from 2019−2024. Ambient 
temperature, wind speed, albedo, GHI, and PoA irradiance are 
measured on-site. An example year of meteorological data for 
this site is provided in Figure 2, demonstrating strong seasonal 
effects for GHI (Fig. 2A), ambient temperature (Fig. 2B), and 
albedo (Fig. 2D). The site and meteorological station are 
serviced on a roughly weekly schedule.  
 

2.3  |   Fairbanks, USA – Double-axis tracking 

 

A second ground-mounted site in Fairbanks, Alaska, is 
analyzed in this work. This site consists of four double-axis 
trackers commissioned in 2007 by the Cold Climate Housing 
Research Center (CCHRC), now known as the National 
Renewable Energy Laboratory (NREL) Alaska Campus. The 
arrays have been continuously monitored at an hourly 
resolution since their commissioning, resulting in 16 years of 
data from 2008−2024. Data for this site is publicly available 
and can be found at Ref. 48. For this analysis, we only analyze 
3 of the 4 arrays, neglecting the array which has an 
experimental design combining mc-Si cells with concentrating 
optics. 

Each of the three studied trackers consist of 16 modules 
and are referred to as Array 1 through 3 in this work. Array 1 
and Array 2 consist of SolarWorld 165 mc-Si modules with a 
rated power of 2640 W each. Array 3 uses Sharp 170 mc-Si 
modules with a rated power of 2720 W. These arrays were 
originally constructed to demonstrate the difference in energy 
payback periods for double-axis trackers compared to south-
facing fixed-tilt trackers. A direct comparison between Array 1 

and Array 2 was done for this purpose49, with Array 1 
performing double-axis tracking and Array 2 purposefully fixed 
to a south-facing tilt for the first two years of operation. After 
this experiment, all arrays were set to perform double-axis 
tracking, except for winter months, where the arrays are 
south-facing at a fixed-tilt (roughly October through March 
each year). 

PV production data is collected from 3 SMA Sunny Boy 
inverters. Module temperature and PoA irradiance are 
collected on site, while wind speed and ambient temperature 
are measured at a nearby rooftop meteorological station. Due 
to long-term data quality issues with the available AC power 
data, the following degradation analysis is completed using 
measured AC current. This should introduce only modest 
uncertainty, to the extent that grid voltage remains stable over 
the measurement period. 
 

 

To analyze the degradation rates of the three PV sites, the 
open-source python-based package RdTools is used50. This tool 
uses a year-on-year methodology to calculate PV array 
degradation and statistics. This method calculates a system 
degradation rate that excludes certain performance factors, 
but includes others. To achieve a relatively stable performance 
estimate, system production is corrected for solar resource 
and module temperature. Exogenous factors such as grid and 
maintenance outages are removed. Module degradation 
driven by changes in chemical composition, cell cracking, and 
permanent soiling are retained. System degradation losses 
such as other DC health degradation (string or module failures) 

 YEAR-ON-YEAR METHODOLOGY 

FIGURE 3. Schematic outlining the main four steps in the year-on-year degradation methodology: (A) normalization, (B) data filtering, (C) data 
aggregation, and (D) the calculation of degradation rate distribution. YOY=year-on-year. 
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and tracker errors are also typically retained. RdTools attemps 
to remove snow loss effects described further in this section. 
Thus, as RdTools output includes some performance loss 
factors and excludes others such as outages, clipping, and 
seasonal shade or soiling losses, it has been suggested that it 
doesn’t match other definitions of system PLR51. We therefore 
provide some specifics of the analysis process here. 

The RdTools year-on-year methodology relies on four 
main steps: data normalization, data filtering, data 
aggregation, and, finally, calculation of year-on-year 
degradation. Figure 3 shows a schematic representation of 
each of these steps using data for a bifacial SHJ south-facing 
tilted module in Fairbanks, Alaska.  

First, data is normalized against a PV energy yield model, 
PVWatts52, to account for changes in temperature and solar 
insolation from year to year using inputs of measured PoA 
irradiance, module temperature, the module temperature 
coefficient, the nameplate DC power, the array longitude and 
latitude, location time zone, and PV array orientation and tilt. 
Year-to-year variation from changes in solar spectral content 
and albedo is not captured by this model. An example of the 
measured versus PVWatts modelled module power is 
displayed in Figure 3A for a few days in September of 2019. 

Data is then filtered to only include clear-sky timestamps 
using a built-in function detect_clearsky in pvlib53,54. 
Effectively, measured PoA is compared to a clear-sky model 
with moving windows where a point is judged clear-sky if 
agreement is reached within specific tolerances55. Next, any 
clipping events are filtered from the data by removing data 
points where output power is within 99% of the maximum 
measured power. Low irradiance timestamps <50 W/m2 are 
then removed. A range of low irradiance cut-offs have been 
recommended in the literature20,45,56. Karttunen et al. 
observed that an irradiance cut-off of 200 W/m2 would 
exclude >50% of their measured datapoints in Turku, Finland, 
limiting seasonal analysis and potentially decreasing PLR 
accuracy. Thus, for this work where PV arrays are located 
above 60°N, we select an irradiance cut-off of 50 W/m2. Finally, 
data where PV system energy yield is <60% of the model-
predicted energy yield is removed from the analysis. This filters 
out significant snow accumulation events, shading from 
nearby objects, and PV system outages. 

Data is then aggregated to daily irradiance and 
temperature-weighted averages to reduce high error data 
from morning and evening timestamps. This step is visualized 

in Figure 3C. Data aggregation has been shown to reduce 
degradation rate calculation uncertainty45.  

Finally, the year-on-year degradation rate is calculated by 
comparing daily aggregated values from year-to-year, 
resulting in the distribution of degradation rates as shown in 
Figure 3D. We report the average of this distribution as the 
long-term degradation of the system. 

As it has been shown that diffuse fraction increases with 
latitude in the United States and Canada57. Thus, clear-sky 
filtering in RdTools in high latitude regions results in fewer 
daily aggregated points and higher degradation rate 
uncertainties. Calculating the system’s year-on-year 
degradation rate after more years of field exposure will 
compensate for this data loss. Overall, the year-on-year 
method is robust to seasonal changes and data outliers and 
has the benefit that it does not rely on the need to flash test 
modules in potentially remote areas where access to 
specialized testing equipment may be limited. Thus, this 
algorithm is an appropriate choice for assessing PV system 
degradation rates in cold climates when sufficient field data is 
present. 
 

 

Here, we report on site data availability, tracking availability, 

specific yield, and year-on-year degradation for each new high 

latitude PV site introduced in Section 2 and visualized in Figure 

1. We have additionally calculated average monthly 

performance ratios for these PV systems, which is presented 

in the Supplemental Information. 

4.1  |   Site Availability and Tracking Availability 

 

Table 1 outlines the availability of site power data and site 

meteorological station data for the duration of the data 

acquisition periods. Availability is calculated as the number of 

timestamps with data divided by the number of timestamps 

within the data acquisition period. Meteorological station 

availability is determined by the lowest value between 

essential temperature and irradiance variable availability.  

Since power and weather data from Fort Simpson for the 

south-tilted array were provided together, the availability of 

data is the same for both site data and meteorological data at 

91%. For the east-west vertical and south-facing fixed-tilt site 

in Fairbanks, site data availability is 95%, while meteorological 

 RESULTS 

TABLE 1. Summary of site power and meteorological data availability. 
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station availability is 84%. Since 2008, the double-axis tracking 

site in Fairbanks has had a data availability of 95%, and a 

meteorological station availability of 65%. Data gaps primarily 

occur from 2014−2018 for the PoA sensors. There was an 

additional loss in data around 2015−2017 in wind speed and 

ambient temperature. This data loss may be due to issues with 

long-term maintenance of the site database. 

We additionally report on the availability of the tracking 

system for the double-axis tracking site in Fairbanks over the 

past 16 years in Table 2. The azimuth and elevation of each 

tracker were monitored throughout the study with the same 

data availability as the meteorological station. When the 

arrays are not tracking, each tracker is fixed to an azimuth of 

between ~150−180° and a tilt of ~60−74°. Array tracking is 

disabled each year from roughly October through March to 

reduce reliability concerns with moving parts during the winter 

months. Given this constraint, the best annual tracking 

availability possible is 61% of the year. When tracking is 

enabled, the double-axis tracking arrays successfully tracked 

the sun between 48-86% of the time, depending on the array. 

Array 3 experienced a tracking failure in 2019 and has not been 

tracking since, resulting in an annual tracking availability of 

48%. 

 

4.2  |   Specific Yield 

 

Figure 4 shows the calculated annual specific yield from each 

site in each configuration. Specific yield is calculated as the 

yearly average energy produced by the PV array divided by the 

rated power. For the east-west vertical and south-tilted site in 

Fairbanks (Figure 4A), bifacial east-west vertical panels and 

bifacial south-tilted panels have comparable performance 

with a specific yield of ~1200 kWh/kWp. These two bifacial 

configurations have a gain in energy yield of between 27−34% 

annually compared to the monofacial modules.  

The annual specific yield for the dual-axis tracking site in 

Fairbanks is given in Figure 4B for fixed-tilt and dual-axis 

tracking configurations. These values are calculated using the 

annual energy yield for the first two years between Array 1 and 

Array 2, as reported in Ref. 49. Double-axis tracking leads to a 

41% increase in annual energy yield, which is interestingly the 

same value reported by Burnham et al. for a double-axis 

tracking site located at 44°N in Vermont58.  

The specific yield of the monofacial south-tilted site in Fort 

Simpson is 1067 kWh/kWp, visualized in Figure 4C. 

 

 

4.3  |   Year-on-Year Degradation Rates 

 

Finally, degradation rates are calculated for each site using the 

methodology outlined in Section 3. A degradation rate is 

calculated per module in the east-west vertical and south-

tilted Fairbanks PV site, per tracker in the double-axis tracking 

Fairbanks PV site, and for the overall fixed-tilt PV array in Fort 

Simpson.  

Figure 5 shows the degradation rate calculated for (A) the 
fixed-tilt site in Fairbanks, (B) the double-axis tracking site in 
Fairbanks, and (C) the fixed-tilt site in Fort Simpson. A dashed 
line is provided at a rate of zero. Each data point is provided 
with error bars given by a 68.2% confidence interval. 
Degradation rates are averaged and provided at the bottom of 
Figure 5.  

For the fixed-tilt site in Fairbanks (Figure 5A), we average 
degradation rates for the bifacial SHJ modules and the 
monofacial PERC modules separately. With this small sample 
size (4), there is no clear difference between modules of the 
same type oriented either vertically (P1, P2) or south-tilted 
(P3, P4). As a contrast, the bifacial SHJ modules do appear to 
be degrading faster than the monofacial PERC modules in 

FIGURE 4. Specific yield for the various configurations at each site. (A) 
Average specific yield for pairs of modules in bifacial east-west vertical, 
bifacial south-tilted, and monofacial south-tilted configurations in 
Fairbanks, Alaska. (B) Specific yield of Alaskan double-axis trackers 
Array 1 and Array 2 from 2007-2009 when in south-facing fixed-tilt and 
dual-axis tracking modes. (C) Specific yield of the monofacial south-
tilted site in Fort Simpson, Canada. 

TABLE 2. Summary of annual Alaskan double-axis tracking site 
tracker availability. Tracking is disabled in the winter, leading to a 
maximum annual availability of 61%. 
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Fairbanks. The PERC modules are degrading on average by 
−0.58%/ year compared to −1.25%/year for the SHJ modules. 
Monofacial PERC degradation rates are reported to typically 
fall between −0.5 to −0.9%/year39,61. Thus, the degradation 
observed in Fairbanks is in the lower range of typical 
observations. For SHJ cell technologies, a literature survey on 
SHJ module reliability reported a median degradation rate of 
−0.8%/year, with most data falling between −0.5 to 
−1.0%/year60. While the Fairbanks SHJ modules (Sunpreme 
GxB 310) are degrading faster than this range at -1.25%/year, 
the degradation rates of similar modules (Sunpreme HxB 400) 
in a warmer climate have been degrading quicker at a rate of 
−1.9%/year62. Further studies on new bifacial SHJ modules are 
recommended in other climate zones to determine the impact 
of climate on observed degradation.  

The double-axis tracking arrays in Fairbanks are degrading 
on average at a rate of −0.4%/year in AC current (Figure 5B). 
There have been some noted observations of glass damage to 
the modules caused by the impact of gravel from the nearby 
gravel road. In remote locations where gravel roads are 
common, it is recommended to provide greater distance 
between PV arrays and roads. 

In Fort Simpson (Figure 5C), the array degradation is found 
to be −1.5%/year. Since data is collected and analyzed on the 
AC side of the inverter, this degradation rate may include 
degradation from inverter electronics.  

The degradation rates determined in this section 
demonstrate a diversity in PV system configuration in cold 
climate locations, system age, technology, and ultimately a 
diversity in degradation, with PV systems degrading between 
−0.4 to −1.5%/year. 

 

 

 

 

 
Here, we review existing literature on the degradation of mc-Si 
and c-Si PV systems located in Köppen-Geiger Dfb, Dfc, and ET 
climate codes with ≥3 years of field exposure43. A literature 
survey has been conducted for this purpose to the best of the 
authors’ ability, finding 19 publications covering 23 PV systems 
in cold climates1,2,20,41,63-77. Any arrays with sub-string 
degradation rates are reported here as a median value for the 
PV system to highlight differences between systems and 
reduce data bias towards PV arrays with multiple strings of 
data. Including the four unique PV systems studied in this 
work, the total number of analyzed PV systems is 27.  

The reported studies in this compendium include both 
degradation rates, for example for studies conducted using 
measured I-V parameters before and after field exposure, 
PLRs, and analysis methodologies which fall in-between these 
two, such as RdTools described in Section 3. Studies primarily 
aim to analyze degradation rate methodologies via module I-V 
flash-testing or sophisticated year-on-year approaches, 
however, a mix of other approaches for filtering data and 
removing seasonal effects are present in the literature. This is 
further discussed in Section 5.1.2 below. For simplicity, in this 
article, we refer to all these results together as degradation 
rates. 

Details on each PV system included in this compendium is 
summarized in Table 3 in order of latitude. Table 3 includes 
information on array location, Köppen-Geiger climate code, 
years of analysis, degradation analysis method, installed 
system capacity, system orientation and mounting, and 
observed issues mentioned in the publication relating to 

 COMPENDIUM OF COLD CLIMATE 
DEGRADATION RATES  

FIGURE 5. Year-on-year degradation rates for (A) east-west vertical (P1, P2) and south-tilted (P3-P6) modules in Fairbanks, Alaska; (B) double-
axis tracking arrays in Fairbanks, Alaska; and (C) the fixed-tilt array in Fort Simpson, Northwest Territories. Error bars are given by a confidence 
interval of 68.2% for each data point. 
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system performance. In Table 3, the column labelled “data” 
describes which variable the degradation analysis was 
conducted on, for example, AC or DC power. 
 

5.1  |   Characteristics of Cold Climate Studies 
 

5.1.1  |   Site Locations and Climates 

 
Studied PV systems span latitudes from 44°N to 65°N (this 
work) and include systems in the USA63, Canada64,77, Poland68, 
Norway69,70,74,73, Sweden2,71,72,75, Finland20,76, and the Alps 
mountain range in Switzerland1,66,65, Germany41,67, and Italy63. 
Figure 6A summarizes the distribution of Köppen-Geiger 
climate codes for the PV system locations, and Figure 6B shows 
a boxplot of degradation rates per climate code. Over fifty 
percent of the studied systems are of Dfb climate (mild 
summer humid continental). Other cold climates present in 
the literature are Dfc (cool summer subarctic) and ET (tundra). 
Due to a small number of systems per climate code category, 
it is difficult to ascertain if there are distinct degradation trends 
between climate codes. However, in all cases, the median 
degradation rates relatively slow, at −0.32%/year (Dfb), 
−0.50%/year (Dfc), and −0.19%/year (ET). 

A separate climate classification for PV systems has been 
proposed by Karin et al. to replace Köppen-Geiger climate 
codes called the Photovoltaic Climate Zones (PVCZ)40. The 
PVCZ open-rack temperature zones are provided for 
comparison in Figure 6C/D using the PVCZ python package. 
Temperature zones were calculated by Karin et al. by 
modelling the Arrhenius-weighted module temperature for a 
module in a horizontal open-rack configuration with a polymer 
backsheet using grided land data for ambient temperature, 
irradiance, and wind speed. Temperature zones for the 
locations in this work are limited by the resolution of the grid 
(0.25°), particularly in alpine locations where a small spatial 
distance can result in a significantly different climate due to 
altitude. Temperature zones correspond to average modelled 
module temperatures of <14°C (T1), 14−19°C (T2), 19−24°C 
(T3) and 24−29°C (T4). Half of the locations identified as T4 are 
in alpine regions which the limited spatial resolution of the 
dataset may have misidentified. 
 

5.1.2  |   Analysis Methodology 

 

Figure 6E/F summarizes the analysis methodology used for 

calculating the degradation rate of each cold climate PV 

system. In seven studies, a degradation rate was not 

specifically reported; however, it was possible to digitize the 

published data to calculate the performance loss. In these 

cases, the analysis method is described as “calculated from 

paper,” abbreviated as “Calc.” in Figure 6C. Often, these 

calculations were done by analyzing several years of published 

monthly performance ratio data, thus these values represent 

a PLR rather than an irreversible degradation rate as this 

analysis does not filter out effects such as soiling, snow 

FIGURE 6. The distribution of cold climate PV systems and boxplots 
by various categories: (A,B) Köppen-Geiger climate classification, 
(C,D) PVCZ temperature zone classification, (E,F) degradation 
analysis methods, (G,H) system configurations, (I,J) PV system 
capacity, (K,L) field exposure, and (M,N) deployment decade. 
Horizontal red lines in the boxplots denote the median value for 
each category. In subplots (E,F) degradation analysis methods are 
abbreviated, with ‘Calc.’ referring to the number of PV systems 
where degradation rates were calculated by the authors of this 
work from data provided in publications. ‘I-V’ refers to the 
measurement of current-voltage parameters before and after field 
exposure. 
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accumulation, or shading. The true degradation rate of these 

reported systems likely is lower than what has been calculated, 

due to inclusion of these performance-decreasing effects. 

The most common method for degradation analysis in the 
literature for cold climates is using a year-on-year approach, 
closely followed by comparing I-V measurements before and 
after field exposure. These two methodologies aim to report 
the underlying degradation rate of the PV system, with year-
on-year methodologies requiring a sophisticated approach to 
filter out common reversible PV system effects (see Section 3). 

 Several other analysis methods were found in the studies, 
offering a mix of PLR calculations and more sophisticated 
approaches for data filtering. Mutungi used an autoregressive 
integrated moving average (ARIMA) method to calculate the 
degradation rates for two sites in Finland76. This methodology 
removes outages and includes some seasonality. Rinio et al. 
analyzed 6 clear sky days per year for a 10 year-old site in 
Sweden to calculate site performance loss72. France et al. 
reported the degradation rate for two cold climate sites by 
taking an average of several analysis methods and data filters, 
including using a year-on-year approach and seasonal and 
trend decomposition with Loess63. The diverse methodologies 
highlight the variability in degradation analysis approaches, 
underscoring the need for standardized methods to improve 
comparability and accuracy across studies. 
 
5.1.3  |   PV System Configuration & Capacity 

 

Cold climate degradation studies have primarily been 

conducted to-date on small rooftop deployments. Figure 6G 

categorizes the number of studies conducted on rooftop, 

ground-mounted, and façade PV systems, while Figure 6H 

summarizes the degradation rates reported for each 

configuration. The mounting environment of a PV system will 

impact the thermal environment of the modules, and thus can 

influence module degradation rates36,78,79. As rooftop PV 

systems tend to operate at higher temperatures, degradation 

rates for roof-mounted PV can be higher36,78,79. In this dataset 

of Dfb, Dfc, and ET climate code PV systems, we find that 

rooftop PV systems have a median degradation rate of 

−0.35%/year compared to ground-mounted PV systems at 

−0.50%/year. More data is required to draw stronger 

conclusions on the effect of mounting configuration in cold 

climates. 

The distribution of PV capacities studied is given in Figure 

6I/J. In several cases, no data was provided on the system size. 

This is denoted as “no info”. Around 20% of all studies were 

conducted for small and experimental systems <1 kWp and 

40% of the studies were conducted on PV arrays with 

capacities between 1−10 kWp. The largest studied PV system 

in a Dfb, Dfc, or ET climate zone is a 120 kWp rooftop array in 

Vestby, Norway73. 

 

5.1.4  |   Field Exposure & Deployment Decade 

 

Figure 6K shows the number of years of field exposure of the 

PV systems studied, and Figure 6L shows the degradation rates 

for each exposure bin. Since we have excluded any studies with 

less than three years of data, field exposure time is categorized 

unevenly from 3−5, 5−10, 10−15, and 20+ years. Only five 

systems have been studied in Dfb, Dfc, or ET climates after ≥15 

years of field exposure: a rooftop array in Varennes, Canada64, 

a rooftop and façade array in Stockholm, Sweden2, a façade 

array in Huvudsta, Sweden71, a rooftop array in Borlänge, 

Sweden75, and the double-axis tracking site presented in this 

work in Fairbanks, Alaska. Most studies in the compendium are 

for PV systems with field exposure between 5−10 years in 

length. 

FIGURE 7. (A) The location of reported degradation rates for all 27 mc-Si and c-Si PV systems with ≥3 years of field exposure in Dfb, Dfc, or 
ET climates. (B) The distribution of reported degradation rates in cold climates in this work covering Dfb, Dfc, and ET Köppen-Geiger climates. 
The sample size, average, and median are inset. 
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The decade of PV system deployment is provided in Figure 

6M/N, with PV systems deployment dates ranging from 1981 

to 2019 in this compendium. Figure 6N demonstrates a rise in 

PV degradation rates in time, with median (average) 

degradation rates increasing from −0.17%/year (−0.25%/year) 

in the 1980s to −0.32%/year (−0.54%/year) in the 2010s. The 

number of PV systems studied is also increasing in recent 

decades (Figure 6M), which is an indication of the rise in 

interest in PV system deployments in cold climates in time. 

The observed increase in PV system degradation in time 

may be due to historic trends in module architecture towards 

larger formats, thinner silicon wafers, and thinner glass sheets. 

Together, these effects can reduce the mechanical durability 

of modules and result in more cell-cracking, glass-cracking, and 

module contortion in time30,80. Continued reliability testing 

and development of appropriate standards for cold climate 

conditions is required to ensure module durability for 

emerging designs. 

 

5.1.5  |   Degradation Rates 

 

Finally, the location and distribution of all reported 
degradation rates for mc-Si and c-Si PV arrays in cold climate 
zones of Dfb, Dfc, and ET with ≥3 years of field exposure is 
provided in Figure 7. The locations of cold climate degradation 
studies are shown in Figure 7A, and a histogram of reported 
rates is provided in Figure 7B. 

Most studies report a degradation rate of between −0.1 to 
−0.2%/year; however, there is a long tail in the distribution 
with faster observed degradation rates. The median 
degradation rate of cold climate sites is found to be 
−0.33%/year, while the mean is −0.45%/year, reflecting the 
influence of this long tail. 

 
5.1.6  |   Observed Degradation Mechanisms 

 
Issues related to moisture ingress were identified in several of 
the cold-climate PV sites1,2,64,65 . Bogdanski et al. reported on a 
module frame that was destroyed by snow and ice freeze-thaw 
in Zugspitze, Germany41. Cell and glass damage has also been 
reported in a couple of instances41, including damage noted by 
the authors of this work for the double-axis tracking PV site 
located in Fairbanks, Alaska, near a gravel road.  
 

5.2  |   Global Context 
 
The number of PV system degradation studies in cold climates 
is relatively limited compared to other, warmer climates. 
Figure 8 summarizes the reported median degradation rates 
for three other published reviews which include cold climate 
data in Köppen-Geiger continental or polar climate codes.  

Lindig et al. reported the average PLR of Dfb Köppen-
Geiger climate code PV systems in Europe from the PV PEARL 
database (purple circle in Figure 8)81. The median PLR was 

found to be −0.17%/year for 19 mc-Si, c-Si, and thin film 
systems with an average field exposure of 2.8 years. The 
authors also examined warmer temperate climate zones of 
Cfa, Cfb, and Csa, reporting PLRs between −0.63%/year to 
−1.55%/year for these climate zones using a year-on-year 
analysis78,81. 

In 2022, Jordan et al. analyzed 1700 utility-scale PV 
systems in the continental USA35. A subset of the sites was 
analyzed for PLRs by PVCZ temperature zone, finding lower 
PLRs for the northern third of the USA (44 sites, blue circle in 
Figure 8)35. PV arrays located in this region degraded with a 
median PLR of −0.48%/year, compared to the middle 
(−0.78%/year) and southern (−0.88%/year) third of the 
continental USA. The northern third of the USA primarily 
consists of Dfa, Dfb, and BSk Köppen-Geiger climate zones, as 
noted in Figure 8, though other climates may also be included 
in this analysis. 

In 2016, Jordan et al. published a summary of reported 
degradation rates around the globe, finding around 200 
studies and 11,000 degradation rates, but with only 39 data 
points attributed to snowy regions (Dfa, Dfb, Dfc, and ET 
climates)36. The 39 snowy data points reported by Jordan et al. 
consisted of thin-film, mc-Si, and c-Si studies with multiple 
strings of data with a median degradation rate of −0.35%/year 
(−0.62%/year average)36. These 39 data points represent 26 
unique PV systems, as plotted in Figure 8. Moderate, hot and 
humid, and desert climate types were also reported with 
degradation rates of −0.42%/year, −0.60%/year, and 
−0.71%/year, respectively. 

A secondary point is plotted for this study in Figure 8 to 
represent the same selection criteria used in this work. 
Removing thin-film technologies, systems with field exposure 

FIGURE 8. Reported median degradation rates for cold climate 
locations in the literature. The Köppen-Geiger climate zones 
associated with each study are listed next to each reference point. Dfa 
and BSk represent warmer climate zones in the continental USA. 
Circles denote analysis which includes thin film technologies and PV 
systems with field exposure <3 years, while stars denote analysis of 
only silicon PV systems with ≥3 years of field exposure. 
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<3 years, and systems in Dfa climate zones, instead results in 
13 PV systems with a median degradation rate of −0.19%/year.  

In this work, we examined PV system degradation across 
continental and polar climate zones of Dfb, Dfc, and ET. We 
limited our literature review of cold climate degradation rates 
to only sites with ≥3 years of data and mc-Si or c-Si 
technologies to improve data quality and comparability. The 
median degradation rate was found to be −0.33%/year 
(−0.45%/year on average). This represents the most thorough 
report of cold climate degradation analysis to date which 
includes tundra and subarctic climates. 
 

5.3  |   Data Limitations 
 
A thorough understanding of long-term PV performance in 
cold climates is limited by the slower uptake of the PV industry 
at high latitudes and altitudes, compounded by a lack of 
collocated instrumentation near existing PV sites, sparse 
ground irradiance stations, and lower satellite data quality at 
high latitudes82,83,84. In the presented compendium, the 
degradation rates of 27 unique silicon PV systems in Dfb, Dfc, 
and ET climate zones are analyzed. 

There are notable data gaps in the compendium relating 
to PV system configuration and location. PV systems with 
reported degradation rates in cold climates are typically small 
rooftop deployments with <10 years of field exposure. 
Furthermore, no reports on PV site degradation were found 
for Dfb, Dfc, or ET climates in Russia, Greenland, and several 
other countries, which may be due to limited PV deployments 
in these regions to-date85,86. 

Additionally, we observed a trend towards higher 
degradation rates for PV systems deployed in recent decades 
compared to systems deployed in the 1980s and 1990s. More 
data is required to corroborate this finding. 

A few studies were found for PV systems in Eastern Europe 
and the USA that did not specify latitude and longitude 
coordinates, resulting in their exclusion from this analysis. 
However, these systems may be located in Dfb, Dfc, or ET 
Köppen-Geiger climate zones. J. Larrivee reported the 
degradation rates of several PV systems in Germany87. Belik et 
al. reported degradation rates between −0.7% to −1.3%/year 
for unnamed c-Si PV plants in the Czech Republic and 
Ukraine88. Murgescu et al. reported the PLR of several PV 
plants in Romania without geographical coordinates89. Finally, 
Raupp et al. reported an average degradation rate of 
−0.7%/year for two rooftop systems in New York State, which 
may belong to either continental or temperate climate 
zones90.  

Nonetheless, the results presented in this review 
represent the most thorough compilation of degradation 
studies in Dfb, Dfc, and ET climates to-date. Lessons learned 
from PV systems deployed in arctic and tundra climates can 
inform the performance of PV systems in warmer climates, 
which are experiencing more frequent extreme weather 
events including heavy snowfall, ice storms, and high wind 
events34.  

 

 

In this work, we collected a compendium of PV system 
degradation rates in cold continental and polar Köppen-Geiger 
climate zones (Dfb, Dfc and ET) with c-Si or mc-Si technology 
and ≥3 years of field exposure. The 27 PV sites presented have 
a median degradation rate of −0.33%/year and an average 
degradation rate of −0.45%/year. Snow load, high winds, and 
freeze-thaw cycles with temperatures as low as -40°C can 
cause cell and frame strain and embrittlement in these 
climates. However, the benefits of lower PV system operating 
temperatures and reduced UV-light exposure are suspected to 
outweigh these mechanical stresses, leading to the overall 
lower observed degradation rates. Compared to previous 
reviews of PV system degradation in warmer climates, PV 
systems in Dfb, Dfc, and ET climate zones tend to degrade 
slower, providing lasting power to high latitude and alpine 
communities. 

Included in this review is the examination of three new 
ground-mounted PV sites located >60°N in Alaska and Canada, 
representing the three highest-latitude PV sites in the 
compendium and the first PV systems analyzed in Alaska for 
degradation. 

We show that the specific yield of these high-latitude, 
North American sites varied between 911 kWh/kWp and 
1329 kWh/kWp, depending largely on the system 
configuration and cell technology. Site PV power data 
availability was >90% in all cases, while meteorological data 
experienced more outages, with availabilities of 65%, 84%, and 
95% over the systems’ lifetimes.  

One of the newly analyzed sites is a 16-year old double-
axis tracking system located in Fairbanks, Alaska (65°N), where 
tracking is enabled each year outside of the winter months 
(October through March). While tracking was enabled, the 
double-axis arrays demonstrated tracking availabilities of 48-
86%. The tracking of one of three arrays failed after 12 years 
of operation. 

Overall, the newly analyzed North American PV sites 
showcase a wide range of degradation rates from −0.4%/year 
to −1.5%/year due to their widely varying system 
configurations, module technologies, and deployment age. 
These results are included in the compendium and were 
calculated using a robust year-on-year method with RdTools, 
which captures seasonal effects and attempts to remove 
effects commonly included in PLR calculations such as outages, 
clipping, and effects of snow accumulation. 

A diverse range of methodologies for calculating 
degradation rates are present in the compendium, highlighting 
the variability of degradation analyses, and underscoring the 
need for standardized calculation methods to improve 
comparability and accuracy across future studies. Year-on-year 
approaches are recommended in particular for high latitude 
locations which experience strong seasonality and remote 
locations which may be more prone to data outages.   

 CONCLUSION 
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New PV systems and test-sites deployed in cold climates 
should seek to collect and store information over the long term 
to facilitate reliability studies and regular degradation 
monitoring. This is particularly important in remote locations, 
where access to I-V flash testing equipment may be limited. 
However, long-term data collection in cold climates for year-
on-year degradation analyses can be challenging in cold 
climates due to small regional PV workforces, outdoor 
operation and maintenance challenges in winter months, and 
higher data-outage potential. In the case where I-V tracing 
equipment is available, flash-testing modules before and after 
field exposure are recommended as a supplement to year-on-
year methodologies, or when continuous data collection is not 
possible. 

Further studies on new bifacial technologies, such as SHJ 
and TOPCon modules, are required across different climate 
zones to determine their degradation rates and mechanisms 
under varied outdoor stressors, including freeze-thaw cycles 
and snow loading. A trend towards higher degradation rates 
for PV systems deployed in recent decades is observed in the 
compendium, which may be due to larger and thinner module 
architectures in recent years. Continued development of 
reliability standards and testing are critical to maintaining 
module durability under cold climate stressors of snow load, 
wind load, and freeze-thaw cycles. 

Overall, we have presented a compendium of degradation 
rates for PV systems located in Dfb (mild summer humid 
continental), Dfc (cool summer subarctic), and ET (tundra) 
Köppen-Geiger climate zones, representing the most thorough 
compilation of PV systems in these climate zones to-date and 
supporting existing trends that PV systems degrade slower in 
colder climates. 
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Chapter 7

Summary & outlook

The path forward in the next few years
Will bring to light more technological advances.

Solar energy will reach new frontiers
To mitigate CO2 damages.

❄ ❄ ❄

Due to their scalability and affordability, PV technologies are poised to help decarbonize high
latitude and alpine regions. The results presented as a part of this thesis support on-going efforts
to characterize, predict, and optimize PV cell and system level performance under high latitude
operating conditions found throughout northern regions, such as in the presence of snow, cool
temperatures, low solar elevation angles, high air mass, and strong seasonal fluctuations in solar
resource.

This thesis consists of six research articles, published or submitted for publication in sci-
entific peer-reviewed journals. In Section 5.1, the impact of high air mass illumination was
characterized for high efficiency and high bifaciality SHJ solar cells. Research efforts, such as
this, demonstrate that location-specific device optimization is possible as a contrast to opti-
mizations that are typically performed under the standard solar spectrum of AM1.5G. In the
case of SHJ devices, passivating layers could be made thicker at higher latitudes due to less
UV light content. This would add the benefit of further passivation to front and rear surfaces
with a smaller trade-off to parasitic absorption in these layers. Further studies in the field on
SHJ modules would need to be conducted to confirm cell optimization routines. These results
suggest that design changes could be made on the solar cell level to better tailor for perfor-
mance in high latitudes. However, given the importance of energy security and reliability in
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high latitude locations, in practice the design parameters which may be best to optimize are on
the system-level.

In Section 5.2, an extension to current drafted IEC bifacial measurement standards was
speculated. To incorporate the method I proposed in this article, adaptations would need to be
made to align with standard-creation protocols. For instance, rather than calibrating the method
using a year of hourly data, the calibration would need to be instead done with a single normal-
incidence illumination of AM1.5G on the front surface of a “standard” module. An appropriate
selection would need to be made regarding standard module parameters (module size, frame,
ground clearance, and tilt) and reviewed by the international community. The resulting rear
plane-of-array irradiance could be calculated for different ground albedos and incorporated into
an official standard. Nonetheless, indoor measurement standards are designed for technology
inter-comparisons and predicting accurately the performance of the technologies in the field
requires detailed PV energy yield models.

In Section 6.1, an analysis of the effect of row spacing, tilt, and inter-row shading losses
was examined as a function of latitude, up to 75°N. This research has helped develop an
understanding of system sensitivity to row spacing in mid-to-high latitudes. With emerging
E-W vertical PV systems, this work has also provided further guidelines on how these systems
must be spaced in comparison with conventional equator-facing fixed-tilt systems and SAT
systems. This research could be developed further such that the empirical equations provided
are a function of target shading loss and latitude. This would allow users additional flexibility
in determining appropriate row spacing for their needs in mid-and-high latitudes.

In Section 6.2, the irradiance modelling uncertainty associated with broadband and spectral
albedo assumptions was characterized as a function of latitude. Particularly for bifacial PV sys-
tems with high bifaciality >80%, an understanding of the sensitivity of performance predictions
to rear-side environmental inputs is critical. In this work, I demonstrated that ground reflections
compose a significant portion of total irradiance received on bifacial and monofacial modules in
high latitude locations. This emphasizes the importance of high quality albedo inputs in cold
and snowy locations. Operational characteristics like inhomogeneous ground cover, uneven
ground, and specular reflections will cause further uncertainty in practice. Understanding the
spectral nature of rear-side irradiance is anticipated to be even more important for emerging
bifacial tandem structures.

In Section 6.3, a model validation was performed using vertical PV field data collected in
two locations for five PV system-level models - bifacial radiance, bifacialVF, SAM, PVSyst,
and DUET. Models, such as these, are being used to simulate emerging vertical PV systems
for design, planning, and monitoring purposes. However, these models have been developed
and validated for equator-facing fixed-tilt systems and/or SAT systems at low-to-mid latitudes.
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In this work, I demonstrated model validation at 65°N and showed that the PV models all
experience higher RMSE during cloudy conditions, in the presence of snow, and at low irradiance
light levels - conditions more common at high latitudes and especially during winter months.
Vertical PV systems tend to result in higher modelling uncertainty due to a higher dependence
on ground-reflected and diffuse light, as well as high angles-of-incidence during high irradiance
hours of the day. To improve test-site and weather station data quality, continuous snow
monitoring and regular maintenance and cleaning was suggested. This work supports research
into location-specific optimization of sky models for high latitude locations.

In Section 6.4, an analysis and review of PV degration rates in cold, snowy climates was
presented. This manuscript highlights the gap in northern PV field data to-date in high latitude,
cold climate regions. High quality weather station and PV site monitoring is challenging in these
environments and long-term data is scarce due to the relatively young age of most deployed
PV systems. When longer-term data exists, it may be hard to know if it is relevant for modern
modules, which now have significantly larger areas, half-cut and bifacial cells, thinner glass,
and higher efficiencies. Continuous research efforts are required in this field to monitor recent
and up-coming deployments over the next few decades. This review supports the finding that
PV systems tend to degrade slower in colder environments, benefiting primarily from cooler
operating temperatures. Effects such as snow load, freeze-thaw stress, and moisture ingress are
failure modes to be cautious of in cold climates.

❄ ❄ ❄
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LE POEM DU SOLEIL

Artization, M.K.1; writing – original draft, E.M.T.

i – TWO-FACED

Plants have cells
and solar panels have cells
Coincidence?
The cells on the grass
give their leftover light to
the solar cells
Is it kindness?
Or simple rear irradiance?

ii – BIFACIAL

The two-faced sun, which illuminates the same hand that it burns you with,
which regularly gives too much,
then too little,
as seen by dry grass and
snow hours. . .
The sun’s spectral faces are really
A DUET

1Poem by Monika Kitor
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[124] M. Alonso Garćıa and J. Balenzategui, “Estimation of photovoltaic module
yearly temperature and performance based on Nominal Operation Cell Temper-
ature calculations,” Renewable Energy, vol. 29, no. 12, pp. 1997–2010, Oct.
2004. doi: 10.1016/j.renene.2004.03.010. https://linkinghub.elsevier.com/retrieve/pii/
S0960148104001260

[125] D. Faiman, “Assessing the outdoor operating temperature of photovoltaic modules,”
Progress in Photovoltaics: Research and Applications, vol. 16, no. 4, pp. 307–315, Jun.
2008. doi: 10.1002/pip.813. https://onlinelibrary.wiley.com/doi/10.1002/pip.813

[126] D. King, W. E. Boyson, and J. Kratochvil, “Photovoltaic array performance model.” Tech.
Rep. SAND2004-3535, 919131, Aug. 2004. https://www.osti.gov/servlets/purl/919131/

[127] A. Dobos, “PVWatts Version 5 Manual,” Tech. Rep. NREL/TP-6A20-62641, 1158421,
Sep. 2014. http://www.osti.gov/servlets/purl/1158421/

[128] B. Meyers and M. Mikofski, “Accurate Modeling of Partially Shaded PV Arrays,” in
2017 IEEE 44th Photovoltaic Specialist Conference (PVSC). Washington, DC: IEEE,
Jun. 2017. doi: 10.1109/PVSC.2017.8521559. ISBN 978-1-5090-5605-7 pp. 3354–3359.
https://ieeexplore.ieee.org/document/8521559/

[129] M. A. Mikofski, B. Meyers, and C. Chaudhari, “PVMismatch Project:
https://github.com/SunPower/PVMismatch,” GitHub, 2018. https://github.com/
SunPower/PVMismatch

[130] W. De Soto, S. Klein, and W. Beckman, “Improvement and validation of a model
for photovoltaic array performance,” Solar Energy, vol. 80, no. 1, pp. 78–88, Jan.
2006. doi: 10.1016/j.solener.2005.06.010. https://linkinghub.elsevier.com/retrieve/pii/
S0038092X05002410

[131] B. Marion, S. Rummel, and A. Anderberg, “Current–voltage curve translation by bilinear
interpolation,” Progress in Photovoltaics: Research and Applications, vol. 12, no. 8,
pp. 593–607, Dec. 2004. doi: 10.1002/pip.551. https://onlinelibrary.wiley.com/doi/10.
1002/pip.551

[132] M. Sengupta, Y. Xie, A. Lopez, A. Habte, G. Maclaurin, and J. Shelby,
“The National Solar Radiation Data Base (NSRDB),” Renewable and Sustainable

186

https://sunsolve.info/yield/features/advancedalgorithms/
https://sunsolve.info/yield/features/advancedalgorithms/
https://linkinghub.elsevier.com/retrieve/pii/S0960148104001260
https://linkinghub.elsevier.com/retrieve/pii/S0960148104001260
https://onlinelibrary.wiley.com/doi/10.1002/pip.813
https://www.osti.gov/servlets/purl/919131/
http://www.osti.gov/servlets/purl/1158421/
https://ieeexplore.ieee.org/document/8521559/
https://github.com/SunPower/PVMismatch
https://github.com/SunPower/PVMismatch
https://linkinghub.elsevier.com/retrieve/pii/S0038092X05002410
https://linkinghub.elsevier.com/retrieve/pii/S0038092X05002410
https://onlinelibrary.wiley.com/doi/10.1002/pip.551
https://onlinelibrary.wiley.com/doi/10.1002/pip.551


Energy Reviews, vol. 89, pp. 51–60, Jun. 2018. doi: 10.1016/j.rser.2018.03.003.
https://linkinghub.elsevier.com/retrieve/pii/S136403211830087X

[133] “NASA Earth Observations (NEO).” https://neo.gsfc.nasa.gov/

[134] K. S. Anderson, C. W. Hansen, W. F. Holmgren, A. R. Jensen, M. A.
Mikofski, and A. Driesse, “pvlib python: 2023 project update,” Journal of Open
Source Software, vol. 8, no. 92, p. 5994, Dec. 2023. doi: 10.21105/joss.05994.
https://joss.theoj.org/papers/10.21105/joss.05994

[135] S. Nann and C. Riordan, “Solar Spectral Irradiance under Clear and Cloudy Skies: Mea-
surements and a Semiempirical Model,” Journal of Applied Meteorology, vol. 30, no. 4,
pp. 447–462, Apr. 1991. doi: 10.1175/1520-0450(1991)030¡0447:SSIUCA¿2.0.CO;2.
http://journals.ametsoc.org/doi/10.1175/1520-0450(1991)030⟨0447:SSIUCA⟩2.0.CO;2

[136] “World of Change: Global Temperatures,” Jan. 2020. https://earthobservatory.
nasa.gov/world-of-change/global-temperatures#:∼:text=According%20to%20an%
20ongoing%20temperature,1.9%C2%B0%20Fahrenheit)%20since%201880.

[137] B. Marion, “Albedo Data Sets for Bifacial PV Systems,” in 2020 47th IEEE
Photovoltaic Specialists Conference (PVSC). Calgary, AB, Canada: IEEE, Jun. 2020.
doi: 10.1109/PVSC45281.2020.9300470. ISBN 978-1-72816-115-0 pp. 0485–0489.
https://ieeexplore.ieee.org/document/9300470/

[138] L. Dumitrascu and I. Beausoleil-Morrison, “A model for predicting the solar reflectivity
of the ground that considers the effects of accumulating and melting snow,” Journal
of Building Performance Simulation, vol. 13, no. 3, pp. 334–346, May 2020.
doi: 10.1080/19401493.2020.1728383. https://www.tandfonline.com/doi/full/10.1080/
19401493.2020.1728383

[139] M. Brennan, A. Abramase, R. Andrews, and J. Pearce, “Effects of spectral
albedo on solar photovoltaic devices,” Solar Energy Materials and Solar Cells,
vol. 124, pp. 111–116, May 2014. doi: 10.1016/j.solmat.2014.01.046. https:
//linkinghub.elsevier.com/retrieve/pii/S0927024814000658

[140] S. Solar, “The benefits of solar even in the dead of winter,” Jan. 2023.
https://silfabsolar.com/the-benefits-of-solar-even-in-the-dead-of-winter/

[141] A. Council, “Powered by nature: the Old Crow solar project,” Dec. 2020.
https://arctic-council.org/news/the-old-crow-solar-project/

187

https://linkinghub.elsevier.com/retrieve/pii/S136403211830087X
https://neo.gsfc.nasa.gov/
https://joss.theoj.org/papers/10.21105/joss.05994
http://journals.ametsoc.org/doi/10.1175/1520-0450(1991)030<0447:SSIUCA>2.0.CO;2
https://earthobservatory.nasa.gov/world-of-change/global-temperatures#:~:text=According%20to%20an%20ongoing%20temperature,1.9%C2%B0%20Fahrenheit)%20since%201880.
https://earthobservatory.nasa.gov/world-of-change/global-temperatures#:~:text=According%20to%20an%20ongoing%20temperature,1.9%C2%B0%20Fahrenheit)%20since%201880.
https://earthobservatory.nasa.gov/world-of-change/global-temperatures#:~:text=According%20to%20an%20ongoing%20temperature,1.9%C2%B0%20Fahrenheit)%20since%201880.
https://ieeexplore.ieee.org/document/9300470/
https://www.tandfonline.com/doi/full/10.1080/19401493.2020.1728383
https://www.tandfonline.com/doi/full/10.1080/19401493.2020.1728383
https://linkinghub.elsevier.com/retrieve/pii/S0927024814000658
https://linkinghub.elsevier.com/retrieve/pii/S0927024814000658
https://silfabsolar.com/the-benefits-of-solar-even-in-the-dead-of-winter/
https://arctic-council.org/news/the-old-crow-solar-project/
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Glossary

acceptor A dopant atom that when substituted into a semiconductor lattice forms a p-type
region, such as boron and aluminium in a silicon lattice. 16, 17

albedo The broadband bi-hemispherical reflectance of a surface, with a value between 0 (com-
pletely absorptive) and 1 (completely reflective). 37, 67

AM0 Standard extraterrestrial solar spectrum. 36

AM1.5G Standard global terrestrial solar spectrum. 36

bandgap Forbidden energy gap between valence and conduction bands in a semiconductor or
insulating material. 11

bifacial gain Gain in energy, power, or insolation of a bifacial compared to a monofacial
photovoltaic device. 44

bifacial photovoltaics Photovoltaic devices which absorb light from both sides of the semi-
conductor p-n junction. 5, 43

bifaciality The ratio of rear efficiency to front efficiency under the same standard illumination
conditions. This variable can also be reported for other I-V curve parameters. 44

blackbody radiator Absorbs all incident electromagnetic radiation, regardless of frequency or
angle of incidence, and emits radiation according to Plank’s Law. 35

Boltzmann approximation When the Fermi level is sufficiently far from the band edges, this
approximation simplifies the Fermi-Dirac distribution function. 16

bypass diode A diode connected in parallel to a series of solar cells which provides an alternate
path for current flow during shading scenarios where reverse biasing cells could cause
reverse bias breakdown. 47
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conduction band The electronic band which represents the lowest available vacant states at
absolute zero. 11

conductivity A material property quantifying the ability of the material to conduct electric
current. 18

conductor Materials with free electrons in the conduction band without external excitation.
11

continuity equations The equations that ensure electron and hole numbers are conserved.
24

covalent bond An atomic bond arising from the sharing of electrons, resulting in a lower
energy state than the atoms separated. 12

Czochralski process A method for growing bulk semiconducting crystals using a seed crystal
in a crucible. 12

dangling bonds An unsatisfied valence band state in an immobile atom, often occurring at
the surface of semiconducting materials and causing higher local recombination rates. 23

depletion approximation The interface of a p-n junction is assumed to be fully depleted of
charge carriers. 26

detailed balance limit The maximum theoretical photoconversion efficiency of a 1-junction
solar cell under AM1.5G illumination where the only loss mechanism is radiative recom-
bination. 33

diffusion current The movement of charge carriers due to diffusion from a concentration
gradient. 19

direct bandgap A bandgap where the momentum between the valence and conduction band
is the same. 13

donor A dopant atom that when substituted into a semiconductor lattice forms an n-type
region, such as phosphorus and arsenic in a silicon lattice. 16

dopants The deliberate addition of an impurity to a semiconductor. 16

drift current The movement of charge carriers due to the presence of an external electric field.
19
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effective mass A simplifying picture wherein electrons or holes move with different mass than
their vacuum state mass, as influenced by their existence within an energy band structure.
14

electron affinity The amount of energy required to remove an electron entirely from a semi-
conducting material. 14

Fermi level The energy level of an electron where at thermodynamic equilibrium electrons
have a 50% chance of occupation. 11

first Brillouin zone The primitive repeating cell of a crystalline structure in reciprocal space.
13

generation An electronic excitation event that increases the number of free charge carriers
available to move within a semiconducting lattice. 20

indirect bandgap A bandgap where a momentum difference exists between the valence and
conduction band. 13

insulator Materials with large zones of forbidden energy states (bandgap >3 eV) that result
in a negligible density of charge carriers in the conduction band. 11

intrinsic semiconductor A perfect semiconducting material crystal without any impurities or
dopants. 16

Lambertian surface A surface which reflects light equally over all hemisphere angles. 33

maximum power point The maximum power output by a solar cell as a function of voltage.
30

mobility A material property quantifying how quickly an electron can move in a material in
the presence of an electric field. Units are often cm2/(Vs). 19

momentum space The Fourier Transform of position space, describing momentum vectors in
a physical system. 12

monofacial Photovoltaic devices which absorb light from only one side of the semiconductor
p-n junction. 5, 45

n-type semiconductor A semiconductor which has been doped to have higher relative con-
centration of electrons compared to holes. 17
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open-circuit voltage The voltage where light and dark current cancel. 30

p-n junction Asymmetry provided by the interface of two differently doped semiconducting
materials. 25

p-type semiconductor A semiconductor which has been doped to have higher relative con-
centration of holes compared to electrons. 17

parabolic band approximation Near the conduction or valence band edges, valleys can be
approximated as parabolic, simplifying the mathematics involved with calculating quan-
tities such as density of states, carrier concentrations, and carrier effective mass. 14

phonon Quantized lattice vibration. 13

photogeneration The process where the absorption of a photon results in the excitation of
an electron from a lower energy state to a higher energy state. 20

photovoltaic effect The effect where a voltage or current is generated in a material under
exposure to light. 10

quasi thermal equilibrium A quasi-equilibrium state that occurs from the thermodynamic
balance of photoexcitation and relaxation. 17

recombination An event which results in the loss of electron excitation through the decay of
an excited electron to a lower energy state. 20

semiconductor A class of materials exhibiting tunable electronic properties between that of
conductors and insulators. 11

short-circuit current The current generated in a photovoltaic device at a voltage of zero. 28

snow loss Energy yield loss due to snow accumulation on PV modules. 72

spectral albedo The wavelength-dependent bidirectional hemispherical reflectance of a sur-
face. 38

surface recombination velocity Describes the surface recombination of charge carriers per
unit area per unit time, and relies on the movement of carriers from the bulk towards the
surface. 23
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thermalization The process where energy transferred from a photon to an excited electron is
lost to lattice interactions, resulting in the electron energy relaxing to the band edge. 20

valence band The electronic band which represents the highest occupied states at absolute
zero. 11
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